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Abstract
We present a simplified derivation of the extended Baum-Welch
procedure, which shows that it can be used for Maximum Mu-
tual Information (MMI) of a large class of continuous emis-
sion density hidden Markov models (HMMs). We use the ex-
tended Baum-Welch procedure for discriminative estimation of
MLLR-type speaker adaptation transformations. The result-
ing adaptation procedure, termed Conditional Maximum Likeli-
hood Linear Regression (CMLLR), is used successfully for su-
pervised and unsupervised adaptation tasks on the Switchboard
corpus, yielding an improvement over MLLR. The interaction
of unsupervised CMLLR with segmental minimum Bayes risk
lattice voting procedures is also explored, showing that the two
procedures are complimentary.

1. Introduction
Discriminative training of acoustic hidden Markov models
(HMMs) with Gaussian mixture emission densities [?] under
a maximum mutual information (MMI) criterion has recently
found to be useful in conversational large vocabulary continu-
ous speech recognition (LVCSR) tasks [?]. In this paper we in-
vestigate the use of similar discriminative techniques in speaker
adaptation using a variant of the popular maximum likelihood
linear regression (MLLR) technique [?, ?]. The argument for
estimating MLLR-style speaker adaptation transformations un-
der a MMI criterion is very much the same as the argument
for MMI estimation of speaker independent (SI) HMMs. While
conventional maximum likelihood (ML) techniques would be
optimal in the large data case if the true distribution of the
acoustics was in fact an HMM, this not true in practice because
the HMM assumption is highly unrealistic, and because we have
finite training data in practice [?]. We present preliminary ex-
periments on supervised and unsupervised speaker adaptation
on the Switchboard corpus, which show that MMI estimates
may in fact outperform ML estimates.

The paper is organized as follows. After a brief introduction
to MMI estimation Section ??, we review the extended Baum-
Welch procedure for MMI estimation of continuous emission
density HMMs. We give a novel derivation of the extended
Baum-Welch procedure, which shows that it can be used to
find discriminative estimates of MLLR-type speaker adaptation
transformations. In Sections ?? and ??, we present results us-
ing this algorithm for supervised and unsupervised adaptation
on the Switchboard corpus. In Section ??, the interaction of this
algorithm with a novel segmental minimum Bayes risk voting
procedure [?] is explored.

2. MMI Estimation
In MMI estimation of acoustic HMMs [?, ?, ?], the goal is to
find acoustic model parameters θ that maximize the mutual in-
formation estimate
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1) are a particular realization of (W N

1 , OL
1 ).

Note that without loss of generality, we will represent the en-
tire training (or adaptation) data by (ŵn̂
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2.1. The Extended Baum-Welch Algorithm

Normandin [?] derives an extended Baum-Welch algorithm us-
ing a discrete approximation to the Gaussian density, and an
extension of the Baum-Eagon inequality [?] due to Gopalakr-
ishnan et al [?]. In the case where only the Gaussian means are
updated (i.e. θ = µ), this derivation shows that the conditional
likelihood is increased by reestimating the Gaussian means µs

of the HMM states s according to
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is the conditional occupancy probability of state s at time τ
given the training acoustics and transcription, and

γ
g (p)
s (τ ) = qSτ (s|ôl̂
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is the conditional occupancy probability of state s at time τ

given the training acoustic data but not its transcription. Note
that for simplicity we have assumed that the state emission den-
sities are single Gaussians. There is no loss of generality in this,
since HMMs with Gaussian mixture emission densities can be
represented as HMMs with single Gaussian emission densities
by using more states [?].

The extended Baum-Welch procedure can be derived with-
out the discrete approximation to the Gaussian density men-
tioned above, and in fact applies to a general class of continuous
HMM emission densities. We now present an outline of such a
derivation which shows that the extended Baum-Welch proce-
dure can be used for conditional maximum likelihood (CML)
estimation of general continuous emission density HMMs. We
apply it to the problem of estimating MLLR-type affine trans-
formations of the Gaussian means. A detailed derivation is
given in [?]. The derivation depends on the following two sim-
ple propositions, the first of which follows Gopalakrishnan et al.
[?] and the second of which is a direct application of Jensen’s
inequality.

Proposition 1 Let P (θ) = Q(θ)
R(θ)

be the ratio of two posi-
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θ′ ∈ Θ and a real constant D′, define the function F (θ|θ′) =
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that P (θ) ≥ P (θ′).
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Note that the integral over X is a summation if X is discrete.
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1 |ôl̂
1; θ

′) q(ôl̂
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q(ŵn̂
1 , s

l̂
1)1{ôl̂
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Choosing d′ (and therefore D′) to ensure that f is posi-
tive, we can apply Proposition ?? with F (θ) = F (θ|θ′). Thus
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1 |ôl̂
1; θ(p+1)) ≥ q(ŵn̂
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1|ôl̂

1; θ
(p))

]

· ∇θ log q(ôl̂
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Substituting the Gaussian state emission density
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,

into equation (??) and choosing d(sl̂
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update rule of equation (??).

2.2. Conditional Maximum Likelihood Linear Regression

In MLLR [?, ?], the emission density of state s is
reparametrized as
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with θ consisting of affine transformations Tr for regression
classes r = 1, · · · , R. Substituting this into equation (??) can
be shown to yield the following reestimation equation:
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Since estimating speaker adaptation transformations using
this reestimation equation increases the conditional likelihood
q(ŵn̂

1 |ôl̂
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imum Likelihood Linear Regression (CMLLR). Note that it dif-
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weighted by language model probabilities. This corresponds
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The constants Ds, which control the ‘learning rate’ of the algo-

rithm [?] are fixed to be C
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τ=1 γ
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C, as suggested in [?]. In the following experiments, a unigram
language model is used in computing q(sl̂
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3. Supervised CMLLR Adaptation
Supervised adaptation experiments were performed on a subset
of the the 2000 Hub-5 Switchboard-2 [?] evaluation set. A su-
pervised adaptation task was simulated by splitting each conver-
sation side in half and using one half as enrollment data (along
with the true transcription) and the other half as test data, and
vice versa. The test set was chosen so that the pronunciations of
all enrollment words were known. This test set was composed
of 866 utterances consisting of 10,260 words from 22 conversa-
tion sides, of 1 hour total duration.

The SI acoustic models were built using HTK [?] from 150
hours of Switchboard-1 and 14 hours of Callhome English data.
The acoustic features used were 39-dimensional PLP cepstral
coefficients with delta and acceleration components [?]. Cep-
stral mean and variance normalization, as well as speaker nor-
malization through a bilinear transform [?] were performed over
each conversation side. The acoustic models used cross-word
triphones with decision tree clustered states [?], where ques-
tions about phonetic context as well as word boundaries were
used in clustering. There were 8340 unique triphone states with
16 Gaussian components per speech state. Lattice rescoring ex-
periments were performed using the AT&T Large Vocabulary
Decoder [?], using a 33k-word trigram language model pro-
vided by SRI [?]. The SI word error rate (WER) is 38.7%.

WER results using MLLR and CMLLR on both the test
and enrollment sets are shown in Figure ??. Both MLLR and
CMLLR were performed with two regression classes, corre-
sponding to speech and non-speech states, while the relaxation
constant C was set to unity for CMLLR. It can be seen that
the extended Baum-Welch algorithm is successful at improving
the enrollment WER, as would be expected from a discrimina-
tive training algorithm. CMLLR alone gives an improvement
(to 36.7% WER) over SI (38.7% WER), but fails to improve
upon MLLR (36.3% WER). When CMLLR is used in addition
to MLLR, a small improvement (to 35.8% WER) results.

4. Unsupervised CMLLR Adaptation
Unsupervised CMLLR adaptation experiments were performed
in the course of system development for the 2001 Hub-5
LVCSR evaluation. Adaptation experiments were performed
on the 1998 Hub-5 Switchboard-1 evaluation set (Swbd-1) [?]
and the 2000 Hub-5 Switchboard-2 evaluation set (Swbd-2) [?].
The baseline system was as described above with the addition
of speaker adaptive training (SAT) [?] and a refinement of the
acoustic model state clustering.

The recognizer output from an intermediate stage of pro-
cessing which did not use the refined state clustering was used
as the reference transcription ŵn̂

1 for adaptation; this transcrip-
tion had a WER of 25.9% on Swbd-1 and 40.7% on Swbd-2. As
shown in Table ??, CMLLR gives a small improvement over
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Figure 1: Comparison of WER on both the test and enroll-
ment (cheating) sets for supervised adaptation using MLLR and
CMLLR. Although CMLLR alone does not give as big an im-
provement over the SI WER as MLLR, it does provide a small
improvement when used in addition to MLLR. Results of the
cheating experiments show that CMLLR is more successful
than MLLR in reducing the enrollment set WER.

Swbd-1 Swbd-2
MLLR 25.7% 40.5%
MLLR + CMLLR 25.5% 40.2%
MLLR + LCER 25.0% 39.5%
MLLR + CMLLR + LCER 25.0% 39.5%

Table 1: Comparison of WER results for a first pass of un-
supervised adaptation with MLLR and CMLLR on Swbd-1
and Swbd-2. MLLR indicates performing only MLLR and
MLLR+CMLLR indicates performing CMLLR after MLLR.
MLLR+LCER and MLLR+MCLLR+LCER indicate using lat-
tices rescored with the corresponding adapted models for
LCER.

MLLR on both test sets. However, when the lattice cutting
e-ROVER (LCER) [?] segmental minimum Bayes risk voting
procedure is used to combine hypotheses from the lattice, this
gain is lost.

Since applying LCER to MLLR-rescored lattices makes a
better transcription ŵn̂

1 available, we perform a second pass of
adaptation using this improved transcript. As shown in Ta-
ble ??, the CMLLR results show a small improvement due to
the better transcript, whereas the MLLR results do not. Fur-
thermore, this gain is not lost when LCER is performed on the
second pass.

5. Discussion
We have presented a simplified derivation of the extended
Baum-Welch procedure, which shows that it can be used
for CML estimation of arbitrary continuous emission density
HMMs. We use this result to derive an algorithm to estimate
MLLR-type speaker adaptation transformations of the HMM
Gaussian means. Initial experiments on the Switchboard cor-
pus show that the resulting CMLLR procedure is useful in both
supervised and unsupervised adaptation tasks. However, these



Swbd-1 Swbd-2
MLLR 25.5% 40.4%
MLLR + CMLLR 25.2% 39.9%
MLLR + LCER 24.9% 39.5%
MLLR + CMLLR + LCER 24.7% 39.2%

Table 2: Comparison of WER results for a second pass of un-
supervised adaptation with MLLR and CMLLR on Swbd-1 and
Swbd-2. The rows correspond to those of Table ??.

results are highly preliminary, and much remains to be done in
determining the optimal manner in which to use this discrimi-
native adaptation technique.

The question of how powerful a language model to use dur-
ing estimation, and how it should be balanced relative to the
acoustic model still need to be explored. Although the results
above were obtained by performing the forward backward pro-
cedure over recognition lattices, the use of segmental proce-
dures may actually perform better [?]. Using such procedure
would allow the use of bigram and trigram language models
during estimation. The unsupervised adaptation experiments
show that CMLLR is more sensitive to the quality of the adap-
tation transcription than MLLR. Since CMLLR is a discrimi-
native procedure, we would reasonably expect it to be more ef-
fective as the accuracy of the adaptation transcription improves.
Here, we use LCER to obtain a better adaptation transcription
for CMLLR, and believe that there may be deeper connections
between the two procedures. Despite these open questions, the
results presented here show that CMLLR behaves differently
from MLLR, and that it can be used to improve recognition per-
formance. How best to employ it is a focus of ongoing research.
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hamoo, “An inequality for rational functions with appli-
cations to some statistical estimation problems,” IEEE
Trans. Inf. Thry., vol. 37, pp. 107–113, Jan. 1991.

[8] Y. Ephraim and L. R. Rabiner, “On the relations be-
tween modeling approaches for speech recognition,” IEEE
Trans. Inf. Thry., vol. 36, pp. 372–380, Mar. 1990.

[9] Y. Normandin, Hiddan Markov Models, Maximum Mutual
Information, and the Speech Recognition Problem. PhD
thesis, McGill University, Montreal, 1991.

[10] L. E. Baum and J. A. Eagon, “An inequality with applica-
tions to statistical estimation for probabilistic functions of
Markov processes and to a model for ecology,” Bull. Am.
Math. Soc., vol. 73, pp. 360–363, 1967.

[11] S. Young, D. Kershaw, J. Odell, D. Ollason, V. Valtchev,
and P. Woodland, The HTK Book, Version 3.0, July 2000.

[12] A. Gunawardana, “Maximum mutual information esti-
mation of acoustic hmm emission densities,” Tech. Rep.
CLSP Reasearch Note No. 40, CLSP, THe Johns Hopkins
Univerisity, 3400 N. Charles St., Baltimore, MD 21218,
USA, 2001.

[13] A. Martin, M. Przybocki, J. Fiscus, and D. Pallett, “The
2000 NIST evaluation for recognition of conversational
speech over the tlephone,” in Proc. Spch. Trans. Wkshp.,
NIST, 2000.

[14] H. Hermansky, “Perceptual linear predictive (PLP) anal-
ysis of speech,” J. Acoust. Soc. Am., vol. 87, pp. 1738–
1752, Apr. 1990.

[15] J. McDonough, W. Byrne, and X. Luo, “Speaker normal-
ization with all-pass transforms,” in ICSLP, 1998.

[16] M. Mohri and M. Riley, “Integrated context-dependent
networks in very large vocabulary speech recognition,” in
Eurospeech, 1999.

[17] A. Stolcke, H. Bratt, J. Butzberger, H. Franco, V. R. Rao
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