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Abstract

In many applications involving speech recognition technology, it is a common case that apart
from the transcription itself, an indication of reliability associated with the transcription is
needed for making downstream decisions. The confidence score provides such a measure and
it is estimated by using intermediate information available during the recognition process. In
this report, the fundamentals of speech recognition are firstly reviewed, especially the decoding
stage where lattices and confusion networks that encode a rich amount of meta information
are produced. Based on the understanding of information sources, current approaches for
confidence score estimation are briefly introduced, including the features and models that
combine these features.

Despite the effectiveness of some of these approaches, few of them are ideal. In automatic
speech recognition, the recogniser could produce results in the form of one-best sequences,
confusion networks and lattices with an increasing amount of information and complexity. The
system could also operate at the sub-word level, the word level or the utterance level. Therefore,
a model that functions like a classifier on inputs with various structures and levels of complexity,
that could incorporate an arbitrary number and type of input features, that could be applied at
different levels of granularities, and that could extract useful information from the structured
data would be perfect. Drawing from the recent advancement in deep learning methods, such
as the bidirectional long short-term memory network and the attention mechanism, a variant
of the recurrent neural network – LATTICERNN – is introduced. LATTICERNN integrates
recurrent neural network with the idea of the forward-backward algorithm that runs on lattices.
The major benefit of the LATTICERNN model is the generality and flexibility it offers as a
framework.

Building upon knowledge about speech recogniser and deep learning models, the theory of
the LATTICERNN model is formulated. Implementation details are also described on account
of the special architecture of the model, which also include the approaches to labelling all arcs
on the lattices or the confusion networks for training. It is widely acknowledged that achieving
efficient training of neural networks on non-uniform inputs such as sequences is challenging, let
alone the more complex structures such as graphs for LATTICERNN . By carefully distributing
the training task on multiple cores of a machine, the learning is greatly accelerated. Subsequent
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experiments are conducted in a bottom-up fashion where the complexity of the network
progressively increases. Experimental results show that LATTICERNN works well for one-best
sequences, but its performance on confusion networks is under expectation. The degradation of
performance is closely examined and experiments suggest that the arc tagging approach could
be the bottleneck for further improvements using LATTICERNN .

LATTICERNN shows attractive properties for confidence score estimation. This project
could be continued by detailed investigation on the arc tagging approach, and further experi-
mentations on lattices with different datasets. Integrating the LATTICERNN model into other
in-system applications relying on confidence scores would be a long-term objective. Neverthe-
less, this work demonstrates the working concepts of LATTICERNN and its potential to yield
better performance in confidence score estimation.
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Chapter 1

Introduction

1.1 Motivation

Speech processing technology, specifically automatic speech recognition (ASR), enables us to
communicate with machines more naturally comparing with traditional interfaces. Recently,
personal voice assistants powered by ASR technology, such as Google Home, Amazon Alexa
and Apple Siri, have gained significant popularity. Besides the consumer-based applications,
large-scale transcription of speech is also highly demanded by some industries including televi-
sion broadcasting and telephony. Strongly motivated by practical applications, the performance
of automatic speech recognition (ASR) systems is consistently improving owing to the advance-
ment of artificial neural networks (ANNs) [9]. Despite the state-of-the-art recognition accuracy,
ASR systems sometimes produce erroneous transcriptions, especially for low-resource lan-
guages and speech signals under more realistic settings where channel distortions, speaker
variations and ambient noise are significant. Generally, the transcriptions produced are always
the best guess made by the recogniser. However, the transcriptions may not be equally good.
In other words, the result is more likely to be correct if the mismatch between the testing and
training conditions is minimal, which normally means that the speaker is native and talks in a
quite open space. On the contrary, when the system is sub-optimal or the mismatch of acoustic
conditions is prominent, the result would be much less reliable. To this end, confidence scores,
as a measure of the reliability of the transcription, are highly demanded [32].

Confidence scores play a significant role in many downstream applications [25]. For
example, it is sensible for the voice assistant to understand how confident it is about the
transcription before executing the corresponding command asked by the user. If the confidence
scores are relatively low, the assistant could offer better user experience if it confirms the
message with the user to avoid misunderstanding.
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In short, confidence scores are a highly desirable feature associated with the speech recog-
niser and could provide crucial information for decision making at some later stages in many
systems that involve speech recognition technology. Improving the methodology for estimating
confidence measures has been an open research problem in the field of speech processing.
In this project, focus has been devoted to employing deep learning models and to creating a
general framework for confidence scores.

1.2 Approach

Broadly speaking, this project aims to use intermediate information produced during the
recognition process, to create appropriate models that could capture this information, and to
efficiently train the models to infer the confidence scores.

First, standard approaches to generating confidence scores are reviewed. Secondly, a simple
linear deep learning model is introduced for this task to verify that neural networks are capable
of modelling the transform from input features to confidence scores and yielding state-of-the-art
results. Thirdly, the more advanced yet more complex model is built upon the previous model
and is expected to further improve the performance in confidence score estimation. This
progressive approach allows the new techniques or models to be applied in an interpretable
fashion, i.e. any factor that varies in each step is tractable.

1.3 Report Outline

This report contains 7 chapters and is structured as follows:

• Chapter 2 briefly covers the fundamentals of ASR systems, particularly the decoding
process, which will be referred to throughout the report.

• Chapter 3 provides some technical concepts and details on how confidence scores are
estimated in previous research work.

• Chapter 4, building upon Chapter 3, introduces the deep learning model named LAT-
TICERNN as an attractive approach for confidence estimation.

• Chapter 5 addresses the computational challenges when implementing LATTICERNN.

• Chapter 6 presents the experiments carried out to verify the concept of LATTICERNN
with some analysis of experimental results.

• Chapter 7 draws high-level conclusions based on both theory and practice accounted in
the report. It also suggests future directions where this work could be useful.



Chapter 2

Automatic Speech Recognition

ASR is the process of converting the acoustic speech signal into its corresponding textual
representation. It is considered to be a challenging task for real-life applications due to both
inter-speaker variability (including physiological differences and pronunciation differences of
accents or dialects) and intra-speaker variability (including different styles of speech). Other
hardware and environmental factors such as channel distortion, reverberation and background
noise pose more difficulties for achieving effective speech to text conversion.

Nevertheless, statistical sequence-to-sequence models have been developed to map the
observation utterance O to word sequence W. The majority of current systems take a generative
approach to obtain the optimal classifier that maximises the posterior probability of the word
sequence P (W|O).

Ŵ = argmax
W

P (W|O) (2.1)

This form of the classifier is also referred to as a maximum a posteriori (MAP) classifier
and can be further expanded to yield the equivalent decision rule

Ŵ = argmax
W

p(O|W)P (W)

p(O)
= argmax

W
p(O|W)︸ ︷︷ ︸

AM

P (W)︸ ︷︷ ︸
LM

(2.2)

The denominator p(O) is omitted as it is constant for any given utterance, which is irrelevant
for decision making. p(O|W) is the likelihood of an observation given a word sequence, which
is computed by the acoustic model (AM). p(W) is the prior distribution of a word sequence
represented by a language model (LM). These two distributions on the right-hand side of
Equation 2.2 are generally unknown and estimated from the training data described in the
following sections.
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2.1 Acoustic Modelling

The acoustic model is trained to model the conditional likelihood p(O|W) with a large corpus
of utterances and the associated transcriptions. In ASR, hidden Markov models (HMMs) are
widely used as illustrated in Fig. 2.1.
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s3
<latexit sha1_base64="StCZ9H/uz7nlCHbkUcu7HfMZQ38=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0m0oMeCF71VtB/QhrLZTtqlm03Y3Qgl9Cd48aCIV3+RN/+N2zYHbX0w8Hhvhpl5QSK4Nq777RTW1jc2t4rbpZ3dvf2D8uFRS8epYthksYhVJ6AaBZfYNNwI7CQKaRQIbAfjm5nffkKleSwfzSRBP6JDyUPOqLHSg+5f9ssVt+rOQVaJl5MK5Gj0y1+9QczSCKVhgmrd9dzE+BlVhjOB01Iv1ZhQNqZD7FoqaYTaz+anTsmZVQYkjJUtachc/T2R0UjrSRTYzoiakV72ZuJ/Xjc14bWfcZmkBiVbLApTQUxMZn+TAVfIjJhYQpni9lbCRlRRZmw6JRuCt/zyKmldVD236t3XKvW7PI4inMApnIMHV1CHW2hAExgM4Rle4c0Rzovz7nwsWgtOPnMMf+B8/gAJNY2k</latexit><latexit sha1_base64="StCZ9H/uz7nlCHbkUcu7HfMZQ38=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0m0oMeCF71VtB/QhrLZTtqlm03Y3Qgl9Cd48aCIV3+RN/+N2zYHbX0w8Hhvhpl5QSK4Nq777RTW1jc2t4rbpZ3dvf2D8uFRS8epYthksYhVJ6AaBZfYNNwI7CQKaRQIbAfjm5nffkKleSwfzSRBP6JDyUPOqLHSg+5f9ssVt+rOQVaJl5MK5Gj0y1+9QczSCKVhgmrd9dzE+BlVhjOB01Iv1ZhQNqZD7FoqaYTaz+anTsmZVQYkjJUtachc/T2R0UjrSRTYzoiakV72ZuJ/Xjc14bWfcZmkBiVbLApTQUxMZn+TAVfIjJhYQpni9lbCRlRRZmw6JRuCt/zyKmldVD236t3XKvW7PI4inMApnIMHV1CHW2hAExgM4Rle4c0Rzovz7nwsWgtOPnMMf+B8/gAJNY2k</latexit><latexit sha1_base64="StCZ9H/uz7nlCHbkUcu7HfMZQ38=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0m0oMeCF71VtB/QhrLZTtqlm03Y3Qgl9Cd48aCIV3+RN/+N2zYHbX0w8Hhvhpl5QSK4Nq777RTW1jc2t4rbpZ3dvf2D8uFRS8epYthksYhVJ6AaBZfYNNwI7CQKaRQIbAfjm5nffkKleSwfzSRBP6JDyUPOqLHSg+5f9ssVt+rOQVaJl5MK5Gj0y1+9QczSCKVhgmrd9dzE+BlVhjOB01Iv1ZhQNqZD7FoqaYTaz+anTsmZVQYkjJUtachc/T2R0UjrSRTYzoiakV72ZuJ/Xjc14bWfcZmkBiVbLApTQUxMZn+TAVfIjJhYQpni9lbCRlRRZmw6JRuCt/zyKmldVD236t3XKvW7PI4inMApnIMHV1CHW2hAExgM4Rle4c0Rzovz7nwsWgtOPnMMf+B8/gAJNY2k</latexit><latexit sha1_base64="StCZ9H/uz7nlCHbkUcu7HfMZQ38=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0m0oMeCF71VtB/QhrLZTtqlm03Y3Qgl9Cd48aCIV3+RN/+N2zYHbX0w8Hhvhpl5QSK4Nq777RTW1jc2t4rbpZ3dvf2D8uFRS8epYthksYhVJ6AaBZfYNNwI7CQKaRQIbAfjm5nffkKleSwfzSRBP6JDyUPOqLHSg+5f9ssVt+rOQVaJl5MK5Gj0y1+9QczSCKVhgmrd9dzE+BlVhjOB01Iv1ZhQNqZD7FoqaYTaz+anTsmZVQYkjJUtachc/T2R0UjrSRTYzoiakV72ZuJ/Xjc14bWfcZmkBiVbLApTQUxMZn+TAVfIjJhYQpni9lbCRlRRZmw6JRuCt/zyKmldVD236t3XKvW7PI4inMApnIMHV1CHW2hAExgM4Rle4c0Rzovz7nwsWgtOPnMMf+B8/gAJNY2k</latexit>

s4<latexit sha1_base64="/6iIBsZOVK6bZ8o+tV57cECM87Q=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkUI8FL3qraD+gDWWznbRLN5uwuxFK6E/w4kERr/4ib/4bt20O2vpg4PHeDDPzgkRwbVz32ylsbG5t7xR3S3v7B4dH5eOTto5TxbDFYhGrbkA1Ci6xZbgR2E0U0igQ2AkmN3O/84RK81g+mmmCfkRHkoecUWOlBz2oDcoVt+ouQNaJl5MK5GgOyl/9YczSCKVhgmrd89zE+BlVhjOBs1I/1ZhQNqEj7FkqaYTazxanzsiFVYYkjJUtachC/T2R0UjraRTYzoiasV715uJ/Xi814bWfcZmkBiVbLgpTQUxM5n+TIVfIjJhaQpni9lbCxlRRZmw6JRuCt/ryOmlfVT236t3XKo27PI4inME5XIIHdWjALTShBQxG8Ayv8OYI58V5dz6WrQUnnzmFP3A+fwAKuY2l</latexit><latexit sha1_base64="/6iIBsZOVK6bZ8o+tV57cECM87Q=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkUI8FL3qraD+gDWWznbRLN5uwuxFK6E/w4kERr/4ib/4bt20O2vpg4PHeDDPzgkRwbVz32ylsbG5t7xR3S3v7B4dH5eOTto5TxbDFYhGrbkA1Ci6xZbgR2E0U0igQ2AkmN3O/84RK81g+mmmCfkRHkoecUWOlBz2oDcoVt+ouQNaJl5MK5GgOyl/9YczSCKVhgmrd89zE+BlVhjOBs1I/1ZhQNqEj7FkqaYTazxanzsiFVYYkjJUtachC/T2R0UjraRTYzoiasV715uJ/Xi814bWfcZmkBiVbLgpTQUxM5n+TIVfIjJhaQpni9lbCxlRRZmw6JRuCt/ryOmlfVT236t3XKo27PI4inME5XIIHdWjALTShBQxG8Ayv8OYI58V5dz6WrQUnnzmFP3A+fwAKuY2l</latexit><latexit sha1_base64="/6iIBsZOVK6bZ8o+tV57cECM87Q=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkUI8FL3qraD+gDWWznbRLN5uwuxFK6E/w4kERr/4ib/4bt20O2vpg4PHeDDPzgkRwbVz32ylsbG5t7xR3S3v7B4dH5eOTto5TxbDFYhGrbkA1Ci6xZbgR2E0U0igQ2AkmN3O/84RK81g+mmmCfkRHkoecUWOlBz2oDcoVt+ouQNaJl5MK5GgOyl/9YczSCKVhgmrd89zE+BlVhjOBs1I/1ZhQNqEj7FkqaYTazxanzsiFVYYkjJUtachC/T2R0UjraRTYzoiasV715uJ/Xi814bWfcZmkBiVbLgpTQUxM5n+TIVfIjJhaQpni9lbCxlRRZmw6JRuCt/ryOmlfVT236t3XKo27PI4inME5XIIHdWjALTShBQxG8Ayv8OYI58V5dz6WrQUnnzmFP3A+fwAKuY2l</latexit><latexit sha1_base64="/6iIBsZOVK6bZ8o+tV57cECM87Q=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkUI8FL3qraD+gDWWznbRLN5uwuxFK6E/w4kERr/4ib/4bt20O2vpg4PHeDDPzgkRwbVz32ylsbG5t7xR3S3v7B4dH5eOTto5TxbDFYhGrbkA1Ci6xZbgR2E0U0igQ2AkmN3O/84RK81g+mmmCfkRHkoecUWOlBz2oDcoVt+ouQNaJl5MK5GgOyl/9YczSCKVhgmrd89zE+BlVhjOBs1I/1ZhQNqEj7FkqaYTazxanzsiFVYYkjJUtachC/T2R0UjraRTYzoiasV715uJ/Xi814bWfcZmkBiVbLgpTQUxM5n+TIVfIjJhaQpni9lbCxlRRZmw6JRuCt/ryOmlfVT236t3XKo27PI4inME5XIIHdWjALTShBQxG8Ayv8OYI58V5dz6WrQUnnzmFP3A+fwAKuY2l</latexit>

s5
<latexit sha1_base64="xvFPIsqB5uUYFibkkwhDElX1qsE=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0nEoseCF71VtB/QhrLZTtqlm03Y3Qgl9Cd48aCIV3+RN/+N2zYHbX0w8Hhvhpl5QSK4Nq777RTW1jc2t4rbpZ3dvf2D8uFRS8epYthksYhVJ6AaBZfYNNwI7CQKaRQIbAfjm5nffkKleSwfzSRBP6JDyUPOqLHSg+7X+uWKW3XnIKvEy0kFcjT65a/eIGZphNIwQbXuem5i/Iwqw5nAaamXakwoG9Mhdi2VNELtZ/NTp+TMKgMSxsqWNGSu/p7IaKT1JApsZ0TNSC97M/E/r5ua8NrPuExSg5ItFoWpICYms7/JgCtkRkwsoUxxeythI6ooMzadkg3BW355lbQuqp5b9e4vK/W7PI4inMApnIMHV1CHW2hAExgM4Rle4c0Rzovz7nwsWgtOPnMMf+B8/gAMPY2m</latexit><latexit sha1_base64="xvFPIsqB5uUYFibkkwhDElX1qsE=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0nEoseCF71VtB/QhrLZTtqlm03Y3Qgl9Cd48aCIV3+RN/+N2zYHbX0w8Hhvhpl5QSK4Nq777RTW1jc2t4rbpZ3dvf2D8uFRS8epYthksYhVJ6AaBZfYNNwI7CQKaRQIbAfjm5nffkKleSwfzSRBP6JDyUPOqLHSg+7X+uWKW3XnIKvEy0kFcjT65a/eIGZphNIwQbXuem5i/Iwqw5nAaamXakwoG9Mhdi2VNELtZ/NTp+TMKgMSxsqWNGSu/p7IaKT1JApsZ0TNSC97M/E/r5ua8NrPuExSg5ItFoWpICYms7/JgCtkRkwsoUxxeythI6ooMzadkg3BW355lbQuqp5b9e4vK/W7PI4inMApnIMHV1CHW2hAExgM4Rle4c0Rzovz7nwsWgtOPnMMf+B8/gAMPY2m</latexit><latexit sha1_base64="xvFPIsqB5uUYFibkkwhDElX1qsE=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0nEoseCF71VtB/QhrLZTtqlm03Y3Qgl9Cd48aCIV3+RN/+N2zYHbX0w8Hhvhpl5QSK4Nq777RTW1jc2t4rbpZ3dvf2D8uFRS8epYthksYhVJ6AaBZfYNNwI7CQKaRQIbAfjm5nffkKleSwfzSRBP6JDyUPOqLHSg+7X+uWKW3XnIKvEy0kFcjT65a/eIGZphNIwQbXuem5i/Iwqw5nAaamXakwoG9Mhdi2VNELtZ/NTp+TMKgMSxsqWNGSu/p7IaKT1JApsZ0TNSC97M/E/r5ua8NrPuExSg5ItFoWpICYms7/JgCtkRkwsoUxxeythI6ooMzadkg3BW355lbQuqp5b9e4vK/W7PI4inMApnIMHV1CHW2hAExgM4Rle4c0Rzovz7nwsWgtOPnMMf+B8/gAMPY2m</latexit><latexit sha1_base64="xvFPIsqB5uUYFibkkwhDElX1qsE=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0nEoseCF71VtB/QhrLZTtqlm03Y3Qgl9Cd48aCIV3+RN/+N2zYHbX0w8Hhvhpl5QSK4Nq777RTW1jc2t4rbpZ3dvf2D8uFRS8epYthksYhVJ6AaBZfYNNwI7CQKaRQIbAfjm5nffkKleSwfzSRBP6JDyUPOqLHSg+7X+uWKW3XnIKvEy0kFcjT65a/eIGZphNIwQbXuem5i/Iwqw5nAaamXakwoG9Mhdi2VNELtZ/NTp+TMKgMSxsqWNGSu/p7IaKT1JApsZ0TNSC97M/E/r5ua8NrPuExSg5ItFoWpICYms7/JgCtkRkwsoUxxeythI6ooMzadkg3BW355lbQuqp5b9e4vK/W7PI4inMApnIMHV1CHW2hAExgM4Rle4c0Rzovz7nwsWgtOPnMMf+B8/gAMPY2m</latexit>

o1<latexit sha1_base64="kRVGR7LgAiRAmaeY8MSpvx24Uec=">AAAB83icbVBNSwMxFHypX7V+VT16CRbBU9kVQY8FL3qrYGuhu5Rsmm1Ds8mSZIWy9G948aCIV/+MN/+N2XYP2joQGGbe400mSgU31vO+UWVtfWNzq7pd29nd2z+oHx51jco0ZR2qhNK9iBgmuGQdy61gvVQzkkSCPUaTm8J/fGLacCUf7DRlYUJGksecEuukIEiIHUdxrmYDf1BveE1vDrxK/JI0oER7UP8KhopmCZOWCmJM3/dSG+ZEW04Fm9WCzLCU0AkZsb6jkiTMhPk88wyfOWWIY6XdkxbP1d8bOUmMmSaRmywymmWvEP/z+pmNr8OcyzSzTNLFoTgT2CpcFICHXDNqxdQRQjV3WTEdE02odTXVXAn+8pdXSfei6XtN//6y0bor66jCCZzCOfhwBS24hTZ0gEIKz/AKbyhDL+gdfSxGK6jcOYY/QJ8/HryRvg==</latexit><latexit sha1_base64="kRVGR7LgAiRAmaeY8MSpvx24Uec=">AAAB83icbVBNSwMxFHypX7V+VT16CRbBU9kVQY8FL3qrYGuhu5Rsmm1Ds8mSZIWy9G948aCIV/+MN/+N2XYP2joQGGbe400mSgU31vO+UWVtfWNzq7pd29nd2z+oHx51jco0ZR2qhNK9iBgmuGQdy61gvVQzkkSCPUaTm8J/fGLacCUf7DRlYUJGksecEuukIEiIHUdxrmYDf1BveE1vDrxK/JI0oER7UP8KhopmCZOWCmJM3/dSG+ZEW04Fm9WCzLCU0AkZsb6jkiTMhPk88wyfOWWIY6XdkxbP1d8bOUmMmSaRmywymmWvEP/z+pmNr8OcyzSzTNLFoTgT2CpcFICHXDNqxdQRQjV3WTEdE02odTXVXAn+8pdXSfei6XtN//6y0bor66jCCZzCOfhwBS24hTZ0gEIKz/AKbyhDL+gdfSxGK6jcOYY/QJ8/HryRvg==</latexit><latexit sha1_base64="kRVGR7LgAiRAmaeY8MSpvx24Uec=">AAAB83icbVBNSwMxFHypX7V+VT16CRbBU9kVQY8FL3qrYGuhu5Rsmm1Ds8mSZIWy9G948aCIV/+MN/+N2XYP2joQGGbe400mSgU31vO+UWVtfWNzq7pd29nd2z+oHx51jco0ZR2qhNK9iBgmuGQdy61gvVQzkkSCPUaTm8J/fGLacCUf7DRlYUJGksecEuukIEiIHUdxrmYDf1BveE1vDrxK/JI0oER7UP8KhopmCZOWCmJM3/dSG+ZEW04Fm9WCzLCU0AkZsb6jkiTMhPk88wyfOWWIY6XdkxbP1d8bOUmMmSaRmywymmWvEP/z+pmNr8OcyzSzTNLFoTgT2CpcFICHXDNqxdQRQjV3WTEdE02odTXVXAn+8pdXSfei6XtN//6y0bor66jCCZzCOfhwBS24hTZ0gEIKz/AKbyhDL+gdfSxGK6jcOYY/QJ8/HryRvg==</latexit><latexit sha1_base64="kRVGR7LgAiRAmaeY8MSpvx24Uec=">AAAB83icbVBNSwMxFHypX7V+VT16CRbBU9kVQY8FL3qrYGuhu5Rsmm1Ds8mSZIWy9G948aCIV/+MN/+N2XYP2joQGGbe400mSgU31vO+UWVtfWNzq7pd29nd2z+oHx51jco0ZR2qhNK9iBgmuGQdy61gvVQzkkSCPUaTm8J/fGLacCUf7DRlYUJGksecEuukIEiIHUdxrmYDf1BveE1vDrxK/JI0oER7UP8KhopmCZOWCmJM3/dSG+ZEW04Fm9WCzLCU0AkZsb6jkiTMhPk88wyfOWWIY6XdkxbP1d8bOUmMmSaRmywymmWvEP/z+pmNr8OcyzSzTNLFoTgT2CpcFICHXDNqxdQRQjV3WTEdE02odTXVXAn+8pdXSfei6XtN//6y0bor66jCCZzCOfhwBS24hTZ0gEIKz/AKbyhDL+gdfSxGK6jcOYY/QJ8/HryRvg==</latexit>

o2<latexit sha1_base64="zwvqmEG93VuH+xzIjMMsHGCrLDY=">AAAB83icbVDLSgMxFL1TX7W+Rl26CRbBVZkpgi4LbnRXwT6gM5RMmmlDM8mQZIQy9DfcuFDErT/jzr8x085CWw8EDufcyz05UcqZNp737VQ2Nre2d6q7tb39g8Mj9/ikq2WmCO0QyaXqR1hTzgTtGGY47aeK4iTitBdNbwu/90SVZlI8mllKwwSPBYsZwcZKQZBgM4niXM6HzaFb9xreAmid+CWpQ4n20P0KRpJkCRWGcKz1wPdSE+ZYGUY4ndeCTNMUkyke04GlAidUh/ki8xxdWGWEYqnsEwYt1N8bOU60niWRnSwy6lWvEP/zBpmJb8KciTQzVJDloTjjyEhUFIBGTFFi+MwSTBSzWRGZYIWJsTXVbAn+6pfXSbfZ8L2G/3BVb92XdVThDM7hEny4hhbcQRs6QCCFZ3iFNydzXpx352M5WnHKnVP4A+fzByBAkb8=</latexit><latexit sha1_base64="zwvqmEG93VuH+xzIjMMsHGCrLDY=">AAAB83icbVDLSgMxFL1TX7W+Rl26CRbBVZkpgi4LbnRXwT6gM5RMmmlDM8mQZIQy9DfcuFDErT/jzr8x085CWw8EDufcyz05UcqZNp737VQ2Nre2d6q7tb39g8Mj9/ikq2WmCO0QyaXqR1hTzgTtGGY47aeK4iTitBdNbwu/90SVZlI8mllKwwSPBYsZwcZKQZBgM4niXM6HzaFb9xreAmid+CWpQ4n20P0KRpJkCRWGcKz1wPdSE+ZYGUY4ndeCTNMUkyke04GlAidUh/ki8xxdWGWEYqnsEwYt1N8bOU60niWRnSwy6lWvEP/zBpmJb8KciTQzVJDloTjjyEhUFIBGTFFi+MwSTBSzWRGZYIWJsTXVbAn+6pfXSbfZ8L2G/3BVb92XdVThDM7hEny4hhbcQRs6QCCFZ3iFNydzXpx352M5WnHKnVP4A+fzByBAkb8=</latexit><latexit sha1_base64="zwvqmEG93VuH+xzIjMMsHGCrLDY=">AAAB83icbVDLSgMxFL1TX7W+Rl26CRbBVZkpgi4LbnRXwT6gM5RMmmlDM8mQZIQy9DfcuFDErT/jzr8x085CWw8EDufcyz05UcqZNp737VQ2Nre2d6q7tb39g8Mj9/ikq2WmCO0QyaXqR1hTzgTtGGY47aeK4iTitBdNbwu/90SVZlI8mllKwwSPBYsZwcZKQZBgM4niXM6HzaFb9xreAmid+CWpQ4n20P0KRpJkCRWGcKz1wPdSE+ZYGUY4ndeCTNMUkyke04GlAidUh/ki8xxdWGWEYqnsEwYt1N8bOU60niWRnSwy6lWvEP/zBpmJb8KciTQzVJDloTjjyEhUFIBGTFFi+MwSTBSzWRGZYIWJsTXVbAn+6pfXSbfZ8L2G/3BVb92XdVThDM7hEny4hhbcQRs6QCCFZ3iFNydzXpx352M5WnHKnVP4A+fzByBAkb8=</latexit><latexit sha1_base64="zwvqmEG93VuH+xzIjMMsHGCrLDY=">AAAB83icbVDLSgMxFL1TX7W+Rl26CRbBVZkpgi4LbnRXwT6gM5RMmmlDM8mQZIQy9DfcuFDErT/jzr8x085CWw8EDufcyz05UcqZNp737VQ2Nre2d6q7tb39g8Mj9/ikq2WmCO0QyaXqR1hTzgTtGGY47aeK4iTitBdNbwu/90SVZlI8mllKwwSPBYsZwcZKQZBgM4niXM6HzaFb9xreAmid+CWpQ4n20P0KRpJkCRWGcKz1wPdSE+ZYGUY4ndeCTNMUkyke04GlAidUh/ki8xxdWGWEYqnsEwYt1N8bOU60niWRnSwy6lWvEP/zBpmJb8KciTQzVJDloTjjyEhUFIBGTFFi+MwSTBSzWRGZYIWJsTXVbAn+6pfXSbfZ8L2G/3BVb92XdVThDM7hEny4hhbcQRs6QCCFZ3iFNydzXpx352M5WnHKnVP4A+fzByBAkb8=</latexit>

o3
<latexit sha1_base64="NYRcPOCsz2G2o8XtDWFyWWoR/ZY=">AAAB83icbVDLSgMxFL1TX7W+qi7dBIvgqsyooMuCG91VsA/oDCWTZtrQTDIkGWEY+htuXCji1p9x59+YaWehrQcCh3Pu5Z6cMOFMG9f9dipr6xubW9Xt2s7u3v5B/fCoq2WqCO0QyaXqh1hTzgTtGGY47SeK4jjktBdObwu/90SVZlI8miyhQYzHgkWMYGMl34+xmYRRLmfDy2G94TbdOdAq8UrSgBLtYf3LH0mSxlQYwrHWA89NTJBjZRjhdFbzU00TTKZ4TAeWChxTHeTzzDN0ZpURiqSyTxg0V39v5DjWOotDO1lk1MteIf7nDVIT3QQ5E0lqqCCLQ1HKkZGoKACNmKLE8MwSTBSzWRGZYIWJsTXVbAne8pdXSfei6blN7+Gq0bov66jCCZzCOXhwDS24gzZ0gEACz/AKb07qvDjvzsditOKUO8fwB87nDyHEkcA=</latexit><latexit sha1_base64="NYRcPOCsz2G2o8XtDWFyWWoR/ZY=">AAAB83icbVDLSgMxFL1TX7W+qi7dBIvgqsyooMuCG91VsA/oDCWTZtrQTDIkGWEY+htuXCji1p9x59+YaWehrQcCh3Pu5Z6cMOFMG9f9dipr6xubW9Xt2s7u3v5B/fCoq2WqCO0QyaXqh1hTzgTtGGY47SeK4jjktBdObwu/90SVZlI8miyhQYzHgkWMYGMl34+xmYRRLmfDy2G94TbdOdAq8UrSgBLtYf3LH0mSxlQYwrHWA89NTJBjZRjhdFbzU00TTKZ4TAeWChxTHeTzzDN0ZpURiqSyTxg0V39v5DjWOotDO1lk1MteIf7nDVIT3QQ5E0lqqCCLQ1HKkZGoKACNmKLE8MwSTBSzWRGZYIWJsTXVbAne8pdXSfei6blN7+Gq0bov66jCCZzCOXhwDS24gzZ0gEACz/AKb07qvDjvzsditOKUO8fwB87nDyHEkcA=</latexit><latexit sha1_base64="NYRcPOCsz2G2o8XtDWFyWWoR/ZY=">AAAB83icbVDLSgMxFL1TX7W+qi7dBIvgqsyooMuCG91VsA/oDCWTZtrQTDIkGWEY+htuXCji1p9x59+YaWehrQcCh3Pu5Z6cMOFMG9f9dipr6xubW9Xt2s7u3v5B/fCoq2WqCO0QyaXqh1hTzgTtGGY47SeK4jjktBdObwu/90SVZlI8miyhQYzHgkWMYGMl34+xmYRRLmfDy2G94TbdOdAq8UrSgBLtYf3LH0mSxlQYwrHWA89NTJBjZRjhdFbzU00TTKZ4TAeWChxTHeTzzDN0ZpURiqSyTxg0V39v5DjWOotDO1lk1MteIf7nDVIT3QQ5E0lqqCCLQ1HKkZGoKACNmKLE8MwSTBSzWRGZYIWJsTXVbAne8pdXSfei6blN7+Gq0bov66jCCZzCOXhwDS24gzZ0gEACz/AKb07qvDjvzsditOKUO8fwB87nDyHEkcA=</latexit><latexit sha1_base64="NYRcPOCsz2G2o8XtDWFyWWoR/ZY=">AAAB83icbVDLSgMxFL1TX7W+qi7dBIvgqsyooMuCG91VsA/oDCWTZtrQTDIkGWEY+htuXCji1p9x59+YaWehrQcCh3Pu5Z6cMOFMG9f9dipr6xubW9Xt2s7u3v5B/fCoq2WqCO0QyaXqh1hTzgTtGGY47SeK4jjktBdObwu/90SVZlI8miyhQYzHgkWMYGMl34+xmYRRLmfDy2G94TbdOdAq8UrSgBLtYf3LH0mSxlQYwrHWA89NTJBjZRjhdFbzU00TTKZ4TAeWChxTHeTzzDN0ZpURiqSyTxg0V39v5DjWOotDO1lk1MteIf7nDVIT3QQ5E0lqqCCLQ1HKkZGoKACNmKLE8MwSTBSzWRGZYIWJsTXVbAne8pdXSfei6blN7+Gq0bov66jCCZzCOXhwDS24gzZ0gEACz/AKb07qvDjvzsditOKUO8fwB87nDyHEkcA=</latexit>

o4<latexit sha1_base64="Uu1cqdw+xDhm5wjw98GOXgNztDY=">AAAB83icbVDLSgMxFL1TX7W+Rl26CRbBVZmRgi4LbnRXwT6gM5RMmmlDM8mQZIQy9DfcuFDErT/jzr8x085CWw8EDufcyz05UcqZNp737VQ2Nre2d6q7tb39g8Mj9/ikq2WmCO0QyaXqR1hTzgTtGGY47aeK4iTitBdNbwu/90SVZlI8mllKwwSPBYsZwcZKQZBgM4niXM6HzaFb9xreAmid+CWpQ4n20P0KRpJkCRWGcKz1wPdSE+ZYGUY4ndeCTNMUkyke04GlAidUh/ki8xxdWGWEYqnsEwYt1N8bOU60niWRnSwy6lWvEP/zBpmJb8KciTQzVJDloTjjyEhUFIBGTFFi+MwSTBSzWRGZYIWJsTXVbAn+6pfXSfeq4XsN/6FZb92XdVThDM7hEny4hhbcQRs6QCCFZ3iFNydzXpx352M5WnHKnVP4A+fzByNIkcE=</latexit><latexit sha1_base64="Uu1cqdw+xDhm5wjw98GOXgNztDY=">AAAB83icbVDLSgMxFL1TX7W+Rl26CRbBVZmRgi4LbnRXwT6gM5RMmmlDM8mQZIQy9DfcuFDErT/jzr8x085CWw8EDufcyz05UcqZNp737VQ2Nre2d6q7tb39g8Mj9/ikq2WmCO0QyaXqR1hTzgTtGGY47aeK4iTitBdNbwu/90SVZlI8mllKwwSPBYsZwcZKQZBgM4niXM6HzaFb9xreAmid+CWpQ4n20P0KRpJkCRWGcKz1wPdSE+ZYGUY4ndeCTNMUkyke04GlAidUh/ki8xxdWGWEYqnsEwYt1N8bOU60niWRnSwy6lWvEP/zBpmJb8KciTQzVJDloTjjyEhUFIBGTFFi+MwSTBSzWRGZYIWJsTXVbAn+6pfXSfeq4XsN/6FZb92XdVThDM7hEny4hhbcQRs6QCCFZ3iFNydzXpx352M5WnHKnVP4A+fzByNIkcE=</latexit><latexit sha1_base64="Uu1cqdw+xDhm5wjw98GOXgNztDY=">AAAB83icbVDLSgMxFL1TX7W+Rl26CRbBVZmRgi4LbnRXwT6gM5RMmmlDM8mQZIQy9DfcuFDErT/jzr8x085CWw8EDufcyz05UcqZNp737VQ2Nre2d6q7tb39g8Mj9/ikq2WmCO0QyaXqR1hTzgTtGGY47aeK4iTitBdNbwu/90SVZlI8mllKwwSPBYsZwcZKQZBgM4niXM6HzaFb9xreAmid+CWpQ4n20P0KRpJkCRWGcKz1wPdSE+ZYGUY4ndeCTNMUkyke04GlAidUh/ki8xxdWGWEYqnsEwYt1N8bOU60niWRnSwy6lWvEP/zBpmJb8KciTQzVJDloTjjyEhUFIBGTFFi+MwSTBSzWRGZYIWJsTXVbAn+6pfXSfeq4XsN/6FZb92XdVThDM7hEny4hhbcQRs6QCCFZ3iFNydzXpx352M5WnHKnVP4A+fzByNIkcE=</latexit><latexit sha1_base64="Uu1cqdw+xDhm5wjw98GOXgNztDY=">AAAB83icbVDLSgMxFL1TX7W+Rl26CRbBVZmRgi4LbnRXwT6gM5RMmmlDM8mQZIQy9DfcuFDErT/jzr8x085CWw8EDufcyz05UcqZNp737VQ2Nre2d6q7tb39g8Mj9/ikq2WmCO0QyaXqR1hTzgTtGGY47aeK4iTitBdNbwu/90SVZlI8mllKwwSPBYsZwcZKQZBgM4niXM6HzaFb9xreAmid+CWpQ4n20P0KRpJkCRWGcKz1wPdSE+ZYGUY4ndeCTNMUkyke04GlAidUh/ki8xxdWGWEYqnsEwYt1N8bOU60niWRnSwy6lWvEP/zBpmJb8KciTQzVJDloTjjyEhUFIBGTFFi+MwSTBSzWRGZYIWJsTXVbAn+6pfXSfeq4XsN/6FZb92XdVThDM7hEny4hhbcQRs6QCCFZ3iFNydzXpx352M5WnHKnVP4A+fzByNIkcE=</latexit>

o5
<latexit sha1_base64="6GOqSfljtH9Ho8ZGx305LBc3cVI=">AAAB83icbVDLSgMxFL1TX7W+qi7dBIvgqsyIosuCG91VsA/oDCWTZtrQTDIkGWEY+htuXCji1p9x59+YaWehrQcCh3Pu5Z6cMOFMG9f9dipr6xubW9Xt2s7u3v5B/fCoq2WqCO0QyaXqh1hTzgTtGGY47SeK4jjktBdObwu/90SVZlI8miyhQYzHgkWMYGMl34+xmYRRLmfDq2G94TbdOdAq8UrSgBLtYf3LH0mSxlQYwrHWA89NTJBjZRjhdFbzU00TTKZ4TAeWChxTHeTzzDN0ZpURiqSyTxg0V39v5DjWOotDO1lk1MteIf7nDVIT3QQ5E0lqqCCLQ1HKkZGoKACNmKLE8MwSTBSzWRGZYIWJsTXVbAne8pdXSfei6blN7+Gy0bov66jCCZzCOXhwDS24gzZ0gEACz/AKb07qvDjvzsditOKUO8fwB87nDyTMkcI=</latexit><latexit sha1_base64="6GOqSfljtH9Ho8ZGx305LBc3cVI=">AAAB83icbVDLSgMxFL1TX7W+qi7dBIvgqsyIosuCG91VsA/oDCWTZtrQTDIkGWEY+htuXCji1p9x59+YaWehrQcCh3Pu5Z6cMOFMG9f9dipr6xubW9Xt2s7u3v5B/fCoq2WqCO0QyaXqh1hTzgTtGGY47SeK4jjktBdObwu/90SVZlI8miyhQYzHgkWMYGMl34+xmYRRLmfDq2G94TbdOdAq8UrSgBLtYf3LH0mSxlQYwrHWA89NTJBjZRjhdFbzU00TTKZ4TAeWChxTHeTzzDN0ZpURiqSyTxg0V39v5DjWOotDO1lk1MteIf7nDVIT3QQ5E0lqqCCLQ1HKkZGoKACNmKLE8MwSTBSzWRGZYIWJsTXVbAne8pdXSfei6blN7+Gy0bov66jCCZzCOXhwDS24gzZ0gEACz/AKb07qvDjvzsditOKUO8fwB87nDyTMkcI=</latexit><latexit sha1_base64="6GOqSfljtH9Ho8ZGx305LBc3cVI=">AAAB83icbVDLSgMxFL1TX7W+qi7dBIvgqsyIosuCG91VsA/oDCWTZtrQTDIkGWEY+htuXCji1p9x59+YaWehrQcCh3Pu5Z6cMOFMG9f9dipr6xubW9Xt2s7u3v5B/fCoq2WqCO0QyaXqh1hTzgTtGGY47SeK4jjktBdObwu/90SVZlI8miyhQYzHgkWMYGMl34+xmYRRLmfDq2G94TbdOdAq8UrSgBLtYf3LH0mSxlQYwrHWA89NTJBjZRjhdFbzU00TTKZ4TAeWChxTHeTzzDN0ZpURiqSyTxg0V39v5DjWOotDO1lk1MteIf7nDVIT3QQ5E0lqqCCLQ1HKkZGoKACNmKLE8MwSTBSzWRGZYIWJsTXVbAne8pdXSfei6blN7+Gy0bov66jCCZzCOXhwDS24gzZ0gEACz/AKb07qvDjvzsditOKUO8fwB87nDyTMkcI=</latexit><latexit sha1_base64="6GOqSfljtH9Ho8ZGx305LBc3cVI=">AAAB83icbVDLSgMxFL1TX7W+qi7dBIvgqsyIosuCG91VsA/oDCWTZtrQTDIkGWEY+htuXCji1p9x59+YaWehrQcCh3Pu5Z6cMOFMG9f9dipr6xubW9Xt2s7u3v5B/fCoq2WqCO0QyaXqh1hTzgTtGGY47SeK4jjktBdObwu/90SVZlI8miyhQYzHgkWMYGMl34+xmYRRLmfDq2G94TbdOdAq8UrSgBLtYf3LH0mSxlQYwrHWA89NTJBjZRjhdFbzU00TTKZ4TAeWChxTHeTzzDN0ZpURiqSyTxg0V39v5DjWOotDO1lk1MteIf7nDVIT3QQ5E0lqqCCLQ1HKkZGoKACNmKLE8MwSTBSzWRGZYIWJsTXVbAne8pdXSfei6blN7+Gy0bov66jCCZzCOXhwDS24gzZ0gEACz/AKb07qvDjvzsditOKUO8fwB87nDyTMkcI=</latexit>

(a) Finite state machine representation. The
initial and final states are non-emitting states.

ot
<latexit sha1_base64="dAC4gkODMCi8fC3KtIo+al7d8FM=">AAAB83icbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCF71VsLXQhLLZbtqlm2zYfRFK6N/w4kERr/4Zb/4bN20O2jqwMMy8x5udMJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUNSrTjHeYkkr3Qmq4FAnvoEDJe6nmNA4lfwwnN4X/+MS1ESp5wGnKg5iOEhEJRtFKvh9THIdRrmYDHNQbbtOdg6wSryQNKNEe1L/8oWJZzBNkkhrT99wUg5xqFEzyWc3PDE8pm9AR71ua0JibIJ9nnpEzqwxJpLR9CZK5+nsjp7Ex0zi0k0VGs+wV4n9eP8PoOshFkmbIE7Y4FGWSoCJFAWQoNGcop5ZQpoXNStiYasrQ1lSzJXjLX14l3Yum5za9+8tG666sowoncArn4MEVtOAW2tABBik8wyu8OZnz4rw7H4vRilPuHMMfOJ8/hEiSAQ==</latexit><latexit sha1_base64="dAC4gkODMCi8fC3KtIo+al7d8FM=">AAAB83icbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCF71VsLXQhLLZbtqlm2zYfRFK6N/w4kERr/4Zb/4bN20O2jqwMMy8x5udMJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUNSrTjHeYkkr3Qmq4FAnvoEDJe6nmNA4lfwwnN4X/+MS1ESp5wGnKg5iOEhEJRtFKvh9THIdRrmYDHNQbbtOdg6wSryQNKNEe1L/8oWJZzBNkkhrT99wUg5xqFEzyWc3PDE8pm9AR71ua0JibIJ9nnpEzqwxJpLR9CZK5+nsjp7Ex0zi0k0VGs+wV4n9eP8PoOshFkmbIE7Y4FGWSoCJFAWQoNGcop5ZQpoXNStiYasrQ1lSzJXjLX14l3Yum5za9+8tG666sowoncArn4MEVtOAW2tABBik8wyu8OZnz4rw7H4vRilPuHMMfOJ8/hEiSAQ==</latexit><latexit sha1_base64="dAC4gkODMCi8fC3KtIo+al7d8FM=">AAAB83icbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCF71VsLXQhLLZbtqlm2zYfRFK6N/w4kERr/4Zb/4bN20O2jqwMMy8x5udMJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUNSrTjHeYkkr3Qmq4FAnvoEDJe6nmNA4lfwwnN4X/+MS1ESp5wGnKg5iOEhEJRtFKvh9THIdRrmYDHNQbbtOdg6wSryQNKNEe1L/8oWJZzBNkkhrT99wUg5xqFEzyWc3PDE8pm9AR71ua0JibIJ9nnpEzqwxJpLR9CZK5+nsjp7Ex0zi0k0VGs+wV4n9eP8PoOshFkmbIE7Y4FGWSoCJFAWQoNGcop5ZQpoXNStiYasrQ1lSzJXjLX14l3Yum5za9+8tG666sowoncArn4MEVtOAW2tABBik8wyu8OZnz4rw7H4vRilPuHMMfOJ8/hEiSAQ==</latexit><latexit sha1_base64="dAC4gkODMCi8fC3KtIo+al7d8FM=">AAAB83icbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCF71VsLXQhLLZbtqlm2zYfRFK6N/w4kERr/4Zb/4bN20O2jqwMMy8x5udMJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUNSrTjHeYkkr3Qmq4FAnvoEDJe6nmNA4lfwwnN4X/+MS1ESp5wGnKg5iOEhEJRtFKvh9THIdRrmYDHNQbbtOdg6wSryQNKNEe1L/8oWJZzBNkkhrT99wUg5xqFEzyWc3PDE8pm9AR71ua0JibIJ9nnpEzqwxJpLR9CZK5+nsjp7Ex0zi0k0VGs+wV4n9eP8PoOshFkmbIE7Y4FGWSoCJFAWQoNGcop5ZQpoXNStiYasrQ1lSzJXjLX14l3Yum5za9+8tG666sowoncArn4MEVtOAW2tABBik8wyu8OZnz4rw7H4vRilPuHMMfOJ8/hEiSAQ==</latexit>

ot+1
<latexit sha1_base64="PZl1JM4UvbtwEzWNgL2yjxpyVGs=">AAAB+XicbVDLSgMxFM34rPU16tJNsAiCUGZE0GXBje4q2Ae0w5BJM21oJhmSO4Uy9E/cuFDErX/izr8x085CWw8EDufcyz05USq4Ac/7dtbWNza3tis71d29/YND9+i4bVSmKWtRJZTuRsQwwSVrAQfBuqlmJIkE60Tju8LvTJg2XMknmKYsSMhQ8phTAlYKXbefEBhFca5mYQ6X/ix0a17dmwOvEr8kNVSiGbpf/YGiWcIkUEGM6fleCkFONHAq2KzazwxLCR2TIetZKknCTJDPk8/wuVUGOFbaPgl4rv7eyElizDSJ7GSR0yx7hfif18sgvg1yLtMMmKSLQ3EmMChc1IAHXDMKYmoJoZrbrJiOiCYUbFlVW4K//OVV0r6q+17df7yuNR7KOiroFJ2hC+SjG9RA96iJWoiiCXpGr+jNyZ0X5935WIyuOeXOCfoD5/MHqayTrg==</latexit><latexit sha1_base64="PZl1JM4UvbtwEzWNgL2yjxpyVGs=">AAAB+XicbVDLSgMxFM34rPU16tJNsAiCUGZE0GXBje4q2Ae0w5BJM21oJhmSO4Uy9E/cuFDErX/izr8x085CWw8EDufcyz05USq4Ac/7dtbWNza3tis71d29/YND9+i4bVSmKWtRJZTuRsQwwSVrAQfBuqlmJIkE60Tju8LvTJg2XMknmKYsSMhQ8phTAlYKXbefEBhFca5mYQ6X/ix0a17dmwOvEr8kNVSiGbpf/YGiWcIkUEGM6fleCkFONHAq2KzazwxLCR2TIetZKknCTJDPk8/wuVUGOFbaPgl4rv7eyElizDSJ7GSR0yx7hfif18sgvg1yLtMMmKSLQ3EmMChc1IAHXDMKYmoJoZrbrJiOiCYUbFlVW4K//OVV0r6q+17df7yuNR7KOiroFJ2hC+SjG9RA96iJWoiiCXpGr+jNyZ0X5935WIyuOeXOCfoD5/MHqayTrg==</latexit><latexit sha1_base64="PZl1JM4UvbtwEzWNgL2yjxpyVGs=">AAAB+XicbVDLSgMxFM34rPU16tJNsAiCUGZE0GXBje4q2Ae0w5BJM21oJhmSO4Uy9E/cuFDErX/izr8x085CWw8EDufcyz05USq4Ac/7dtbWNza3tis71d29/YND9+i4bVSmKWtRJZTuRsQwwSVrAQfBuqlmJIkE60Tju8LvTJg2XMknmKYsSMhQ8phTAlYKXbefEBhFca5mYQ6X/ix0a17dmwOvEr8kNVSiGbpf/YGiWcIkUEGM6fleCkFONHAq2KzazwxLCR2TIetZKknCTJDPk8/wuVUGOFbaPgl4rv7eyElizDSJ7GSR0yx7hfif18sgvg1yLtMMmKSLQ3EmMChc1IAHXDMKYmoJoZrbrJiOiCYUbFlVW4K//OVV0r6q+17df7yuNR7KOiroFJ2hC+SjG9RA96iJWoiiCXpGr+jNyZ0X5935WIyuOeXOCfoD5/MHqayTrg==</latexit><latexit sha1_base64="PZl1JM4UvbtwEzWNgL2yjxpyVGs=">AAAB+XicbVDLSgMxFM34rPU16tJNsAiCUGZE0GXBje4q2Ae0w5BJM21oJhmSO4Uy9E/cuFDErX/izr8x085CWw8EDufcyz05USq4Ac/7dtbWNza3tis71d29/YND9+i4bVSmKWtRJZTuRsQwwSVrAQfBuqlmJIkE60Tju8LvTJg2XMknmKYsSMhQ8phTAlYKXbefEBhFca5mYQ6X/ix0a17dmwOvEr8kNVSiGbpf/YGiWcIkUEGM6fleCkFONHAq2KzazwxLCR2TIetZKknCTJDPk8/wuVUGOFbaPgl4rv7eyElizDSJ7GSR0yx7hfif18sgvg1yLtMMmKSLQ3EmMChc1IAHXDMKYmoJoZrbrJiOiCYUbFlVW4K//OVV0r6q+17df7yuNR7KOiroFJ2hC+SjG9RA96iJWoiiCXpGr+jNyZ0X5935WIyuOeXOCfoD5/MHqayTrg==</latexit>

ot�1
<latexit sha1_base64="T2w2iokxFDSEp2DASUc5KlHXudg=">AAAB+XicbVDLSgMxFM34rPU16tJNsAhuLDMi6LLgRncV7APaYcikmTY0kwzJnUIZ+iduXCji1j9x59+YaWehrQcCh3Pu5Z6cKBXcgOd9O2vrG5tb25Wd6u7e/sGhe3TcNirTlLWoEkp3I2KY4JK1gINg3VQzkkSCdaLxXeF3JkwbruQTTFMWJGQoecwpASuFrttPCIyiOFezMIdLfxa6Na/uzYFXiV+SGirRDN2v/kDRLGESqCDG9HwvhSAnGjgVbFbtZ4alhI7JkPUslSRhJsjnyWf43CoDHCttnwQ8V39v5CQxZppEdrLIaZa9QvzP62UQ3wY5l2kGTNLFoTgTGBQuasADrhkFMbWEUM1tVkxHRBMKtqyqLcFf/vIqaV/Vfa/uP17XGg9lHRV0is7QBfLRDWqge9RELUTRBD2jV/Tm5M6L8+58LEbXnHLnBP2B8/kDrLiTsA==</latexit><latexit sha1_base64="T2w2iokxFDSEp2DASUc5KlHXudg=">AAAB+XicbVDLSgMxFM34rPU16tJNsAhuLDMi6LLgRncV7APaYcikmTY0kwzJnUIZ+iduXCji1j9x59+YaWehrQcCh3Pu5Z6cKBXcgOd9O2vrG5tb25Wd6u7e/sGhe3TcNirTlLWoEkp3I2KY4JK1gINg3VQzkkSCdaLxXeF3JkwbruQTTFMWJGQoecwpASuFrttPCIyiOFezMIdLfxa6Na/uzYFXiV+SGirRDN2v/kDRLGESqCDG9HwvhSAnGjgVbFbtZ4alhI7JkPUslSRhJsjnyWf43CoDHCttnwQ8V39v5CQxZppEdrLIaZa9QvzP62UQ3wY5l2kGTNLFoTgTGBQuasADrhkFMbWEUM1tVkxHRBMKtqyqLcFf/vIqaV/Vfa/uP17XGg9lHRV0is7QBfLRDWqge9RELUTRBD2jV/Tm5M6L8+58LEbXnHLnBP2B8/kDrLiTsA==</latexit><latexit sha1_base64="T2w2iokxFDSEp2DASUc5KlHXudg=">AAAB+XicbVDLSgMxFM34rPU16tJNsAhuLDMi6LLgRncV7APaYcikmTY0kwzJnUIZ+iduXCji1j9x59+YaWehrQcCh3Pu5Z6cKBXcgOd9O2vrG5tb25Wd6u7e/sGhe3TcNirTlLWoEkp3I2KY4JK1gINg3VQzkkSCdaLxXeF3JkwbruQTTFMWJGQoecwpASuFrttPCIyiOFezMIdLfxa6Na/uzYFXiV+SGirRDN2v/kDRLGESqCDG9HwvhSAnGjgVbFbtZ4alhI7JkPUslSRhJsjnyWf43CoDHCttnwQ8V39v5CQxZppEdrLIaZa9QvzP62UQ3wY5l2kGTNLFoTgTGBQuasADrhkFMbWEUM1tVkxHRBMKtqyqLcFf/vIqaV/Vfa/uP17XGg9lHRV0is7QBfLRDWqge9RELUTRBD2jV/Tm5M6L8+58LEbXnHLnBP2B8/kDrLiTsA==</latexit><latexit sha1_base64="T2w2iokxFDSEp2DASUc5KlHXudg=">AAAB+XicbVDLSgMxFM34rPU16tJNsAhuLDMi6LLgRncV7APaYcikmTY0kwzJnUIZ+iduXCji1j9x59+YaWehrQcCh3Pu5Z6cKBXcgOd9O2vrG5tb25Wd6u7e/sGhe3TcNirTlLWoEkp3I2KY4JK1gINg3VQzkkSCdaLxXeF3JkwbruQTTFMWJGQoecwpASuFrttPCIyiOFezMIdLfxa6Na/uzYFXiV+SGirRDN2v/kDRLGESqCDG9HwvhSAnGjgVbFbtZ4alhI7JkPUslSRhJsjnyWf43CoDHCttnwQ8V39v5CQxZppEdrLIaZa9QvzP62UQ3wY5l2kGTNLFoTgTGBQuasADrhkFMbWEUM1tVkxHRBMKtqyqLcFf/vIqaV/Vfa/uP17XGg9lHRV0is7QBfLRDWqge9RELUTRBD2jV/Tm5M6L8+58LEbXnHLnBP2B8/kDrLiTsA==</latexit>
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(b) Graphical model representation. Shaded
nodes are observed.

Fig. 2.1 The hidden Markov model.

In HMMs, θ is a collection of state transition probabilities asi,sj and emission probabilities
bsi(ot). HMMs follow first-order Markov assumption (Equation 2.3) and state conditional
independence assumption (Equation 2.4).

P (qt+1|q0, q1, . . . , qt) = P (qt+1|qt) = aqt,qt+1 (2.3)

p(ot|q0, q1, . . . , qt) = p(ot|qt) = bqt(ot) (2.4)

Therefore, the observation likelihood can be obtained by marginalising the likelihood over
all possible hidden sequences

p(O|θ) =
∑
q∈Q

p(O,q|θ) =
∑
q∈Q

T−1∏
t=0

aqt,qt+1bqt(ot) (2.5)

In practice, HMMs are typically trained on sub-word units, e.g. phones and context-
dependent phones, due to the large size of vocabulary and insufficiency of data to build the
acoustic model at word-level. A composite HMM for the entire word sequence can be formed
by concatenating the phone-level HMMs. More advanced discriminative training criteria have
been developed over the past decade to yield the state-of-the-art performance.
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2.2 Language Modelling

The language model describes the prior probability of a particular word sequence W of length
T .

P (W) = P (w1, w2, . . . , wT ) = P (w1)P (w2|w1) . . . P (wT |wT−1, . . . , w1) (2.6)

As shown in Equation 2.6, the size of the distribution table grows exponentially w.r.t. the
length of the sequence and become nearly impossible to have a good estimate even for short
sequences due to the size of the vocabulary. With a limited amount of training data, conditional
independence must be imposed for p(W) to be computationally feasible.

The simplest form of a language model is the uni-gram model, where the probability of a
word in a sequence is independent of its context and is estimated by its frequency count in the
training set. However, the order of words in a sequence becomes irrelevant due to the strong
independence assumption. By incorporating history information of a word, n-gram LM could
be obtained by considering the conditional distribution of a word given previous n words, i.e.

P (wi|wi−1, . . . , w1) ≈ P (wi|wi−1, . . . , wi−n) (2.7)

There is a trade-off between the computational complexity and the quality of estimation
w.r.t. the order of the n-gram model. However, as the length of context becomes the longer, the
statistics become less accurate for a limited amount of data since the number of examples for a
particular sequence is exponentially less frequent. Advanced techniques including statistical
smoothing, interpolation and back-off are used to improve the generalisation of the LM.

Recently, neural language models have gained significant popularity as it circumvents
the curse of dimensionality by encoding each word as a feature vector and expressing the
joint probability of the sequence in terms of these feature vectors via a neural network. The
neural network is trained as a probabilistic classifier to predict the probability distribution
P (wi|context), where the context can be the history and/or future words. The word feature
vectors are also known as word embeddings that map from a sparse space with one dimension
per word to a continuous vector space in much lower dimensions.
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2.3 Decoding

By having the acoustic and language models, the remaining task of ASR is to maximise the
word sequence posterior probability w.r.t. all possible word sequences according to the MAP
rule, as indicated in Equation 2.2. Because of the large vocabulary size and potentially lengthy
sequences, the naive approach of enumerating all possible word sequences is computationally
infeasible. Viterbi approximation is used to retrieve the one-best sequence in the search space.

In the acoustic model, the probability densities of the likelihood are assumed to be indepen-
dent across different HMMs, resulting in the acoustic model likelihoods being underestimated.
To compensate for this effect on MAP decision rule in Equation 2.2, the decoding function
includes an exponentially scaled language model probability and an insertion penalty.

f(W) = p(O, q̂|W)P (W)γρ||W|| (2.8)

where q̂ is the best state sequence in the HMM search network, γ is the grammar scale factor
(GSF) and ρ is the insertion penalty, the values of which are task-specific and could be fine-tuned
to yield optimal decoding results.

2.3.1 Lattices

Lattices are compact representations of all the hypotheses made by the speech recogniser. One
lattice is most likely to contain all the competing hypotheses of an observed utterance at the
word level [20]. Topologically, a lattice is a directed acyclic graph (DAG) G with nodes/vertices
N and edges/arcs E . Each arc e corresponds to a word hypothesis proposed by the ASR system
and contains information including the acoustic model score p(O|w), the language model score
p(w|context), the pronunciation variant, and the identity of the source (or parent) node and
the destination (or child) node. Each node N encodes the timestamp information and it may
be connected to an arbitrary number of incoming arcs and outgoing arcs, which imposes the
structure of the lattice. A path in the lattice represents a hypothesised word sequence and all
paths are uni-directional with no loops. Visualisation of a word lattice from a short utterance is
shown in Fig. 2.2.

Lattice Pruning

A lattice could be potentially very large, with thousands of nodes and edges. In order to reduce
the size of the lattice and restrict the search space, lattice pruning procedures are normally used.
Two major techniques for lattice pruning are briefly discussed as follows.
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t=0.00
W=!NULL

t=0.62
W=<s>a=-11133.28

l=0.000

t=0.65
W=<s>

a=-11640.99
l=0.000

t=0.68
W=HE

a=-1198.98
l=-3.769

t=0.68
W=HOW

a=-1191.97
l=-3.566

t=0.68
W=HEY

a=-1178.12
l=-1.722

t=0.68
W=<hes>

a=-595.92
l=-3.805

t=0.68
W=HI

a=-589.98
l=-4.306

t=0.70
W=</s>

a=-354.68
l=-1.232

a=-354.68
l=-0.620

a=-354.68
l=-1.273
a=-354.68
l=-2.538

a=-354.68
l=-0.376

Fig. 2.2 An example of a word lattices. The path shown in red is the one-best path produced by
Viterbi search.

• Beam pruning. At each time instant, the decoder discards all arcs whose likelihoods fall
below a certain threshold or limit the number of arcs to a certain number, i.e. beam width,
according to their likelihoods.

• Unique arcs per second (UAPS) pruning. At each time instant, there might be a large
number of arcs with identical words but slightly different start and/or end timestamps with
similar likelihood. This pruning technique merges similar arcs with similar timestamp
information and tries to maintain a limited number of unique arcs within a certain time
interval.

At each particular time instant, arcs in the beam-pruned lattices may have similar likelihoods
whereas arcs in the USPS-pruned lattices may have more distinct likelihoods over a wide range
of values. In other words, if a cross section is cut through the lattice and the likelihoods across
arcs are viewed as a distribution, the UAPS-pruned lattices generally have a sharper distribution
than its counterpart.

2.3.2 Confusion Networks

Confusion networks are an alternative dense representation of the most likely hypotheses in
lattices. The confusion network is also known as “sausage” because of its constraint that all
paths in a confusion network pass through all nodes. Topologically, confusion networks are a
DAG-like structure where all the outgoing edges of a node are the incoming edges for the next
node. The nodes segment the network at different timestamps and the set of arcs in between
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any pair of adjacent nodes forms a confusion set. The arcs in a confusion network correspond
to words, some of which are null words inserted to comply with the special constraint.

t=0.00t=0.62

W=</s>
p=0.00000t=0.68

W=HEY
p=-2.63503

W=HOW
p=-4.51853

W=<hes>
p=-1.75130

W=HI
p=-0.30052

W=!NULL
p=-5.68403

t=0.70

W=<s>
p=-0.00000
W=!NULL

p=-18.69590

Fig. 2.3 An example of a confusion network. The path shown in red is the one-best path.

In terms of the information stored in confusion networks, they discard a large number
of arcs with low likelihoods in lattices. However, confusion networks also create some new
sequences which are not presented in lattices by imposing the constraint.



Chapter 3

Confidence Scores in ASR

Confidence scores provide an indication of the reliability of the transcription given by the
recognition system. This piece of information is of paramount importance for many ASR-
related systems. Out-of-vocabulary detection and keyword spotting applications rely heavily on
the measure of confidence [34, 37]. Confidence scores can also provide substantial information
and insights for both in-system applications such as ASR system combination [5], unsupervised
adaptation of acoustic models [1], and active learning [16], and downstream applications such
as speaking assessment [36], dialogue systems [8] and machine translation [2].

The task of obtaining a good estimate of the recogniser’s confidence is challenging and
decades of research work has been devoted to improving this measure [11]. The core of
all existing approaches is to explore methods to effectively extract, represent and process
useful features from the recogniser to produce confidence scores. The most related feature
to confidence scores in the ASR system is the word posterior probability [4], which is firstly
described in this chapter. The posterior probabilities are used as a baseline, and other useful
features are also considered. Appropriate models are then built to use these features to yield a
better estimation of confidence.

3.1 Posterior Probabilities

By taking the advantage of the statistical nature of ASR systems, the posterior probabilities of
the hypotheses could be considered to be a reasonable reflection of the true accuracy of the
output transcription. As discussed in Chapter 2, the MAP decision rule chooses the sequence
with the highest posterior probability. Intuitively, multiple competing hypotheses with similar
posterior probabilities are a strong indication that the recogniser is confused and uncertain
about the result. Conversely, if one hypothesis has much higher posterior probability than all
others, it is reasonable to conclude that the system is confident about this particular hypothesis.
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As described in Section 2.3, the intermediate output of the speech recogniser could be
represented efficiently using compact structures such as lattices and confusion networks. Both
of these structures contain rich information related to the decoding process. Since each arc in
these graphs corresponds to a word hypothesis, arc posterior probability could be derived and
could be directly used as the confidence score. Approaches to calculating such arc posteriors
are described as follows.

3.1.1 Lattice Arc Posteriors

For each arc in the lattice, it is associated with an acoustic model score and a language model
score defined in § 2.3.1. For any path in the lattice q, the joint lattice path probability can be
expressed as

p(q,O) = p(O|q)
1
γ︸ ︷︷ ︸

AM

P (W)︸ ︷︷ ︸
LM

(3.1)

where the language scale factor is used to scale down the acoustic model score rather than
scaling up the language model score. It is important because the acoustic model severely
underestimates the emission probabilities due to the independence assumption. The lattice arc
posterior probability of an arc e can then be defined as

p(e|O) =

∑
q∈Qe

p(q,O)

p(O)
(3.2)

whereQe is a set of lattice paths that passes through the arc e and p(O) is estimated by summing
over all paths in the lattice. For the summation to be computed efficiently, the forward-backward
algorithm is used. Forward probability α and backward probability β (in the log domain) are
stored for each node and edge in the lattice. Generally, to compute the arc posterior probability
for an arc e in an arbitrary lattice (Fig. 3.1):

...<latexit sha1_base64="+saPGG0Xtq/98BCK8HigCXBSiGM=">AAAB7XicbVBNS8NAEJ34WetX1aOXYBE8lUQEPRa86K2C/YA2lM1m067d7IbdSaGE/gcvHhTx6v/x5r9x2+agrQ8GHu/NMDMvTAU36Hnfztr6xubWdmmnvLu3f3BYOTpuGZVpyppUCaU7ITFMcMmayFGwTqoZSULB2uHodua3x0wbruQjTlIWJGQgecwpQSu1euNIoelXql7Nm8NdJX5BqlCg0a989SJFs4RJpIIY0/W9FIOcaORUsGm5lxmWEjoiA9a1VJKEmSCfXzt1z60SubHStiS6c/X3RE4SYyZJaDsTgkOz7M3E/7xuhvFNkHOZZsgkXSyKM+GicmevuxHXjKKYWEKo5vZWlw6JJhRtQGUbgr/88ippXdZ8r+Y/XFXr90UcJTiFM7gAH66hDnfQgCZQeIJneIU3RzkvzrvzsWhdc4qZE/gD5/MHzYqPSQ==</latexit><latexit sha1_base64="+saPGG0Xtq/98BCK8HigCXBSiGM=">AAAB7XicbVBNS8NAEJ34WetX1aOXYBE8lUQEPRa86K2C/YA2lM1m067d7IbdSaGE/gcvHhTx6v/x5r9x2+agrQ8GHu/NMDMvTAU36Hnfztr6xubWdmmnvLu3f3BYOTpuGZVpyppUCaU7ITFMcMmayFGwTqoZSULB2uHodua3x0wbruQjTlIWJGQgecwpQSu1euNIoelXql7Nm8NdJX5BqlCg0a989SJFs4RJpIIY0/W9FIOcaORUsGm5lxmWEjoiA9a1VJKEmSCfXzt1z60SubHStiS6c/X3RE4SYyZJaDsTgkOz7M3E/7xuhvFNkHOZZsgkXSyKM+GicmevuxHXjKKYWEKo5vZWlw6JJhRtQGUbgr/88ippXdZ8r+Y/XFXr90UcJTiFM7gAH66hDnfQgCZQeIJneIU3RzkvzrvzsWhdc4qZE/gD5/MHzYqPSQ==</latexit><latexit sha1_base64="+saPGG0Xtq/98BCK8HigCXBSiGM=">AAAB7XicbVBNS8NAEJ34WetX1aOXYBE8lUQEPRa86K2C/YA2lM1m067d7IbdSaGE/gcvHhTx6v/x5r9x2+agrQ8GHu/NMDMvTAU36Hnfztr6xubWdmmnvLu3f3BYOTpuGZVpyppUCaU7ITFMcMmayFGwTqoZSULB2uHodua3x0wbruQjTlIWJGQgecwpQSu1euNIoelXql7Nm8NdJX5BqlCg0a989SJFs4RJpIIY0/W9FIOcaORUsGm5lxmWEjoiA9a1VJKEmSCfXzt1z60SubHStiS6c/X3RE4SYyZJaDsTgkOz7M3E/7xuhvFNkHOZZsgkXSyKM+GicmevuxHXjKKYWEKo5vZWlw6JJhRtQGUbgr/88ippXdZ8r+Y/XFXr90UcJTiFM7gAH66hDnfQgCZQeIJneIU3RzkvzrvzsWhdc4qZE/gD5/MHzYqPSQ==</latexit><latexit sha1_base64="+saPGG0Xtq/98BCK8HigCXBSiGM=">AAAB7XicbVBNS8NAEJ34WetX1aOXYBE8lUQEPRa86K2C/YA2lM1m067d7IbdSaGE/gcvHhTx6v/x5r9x2+agrQ8GHu/NMDMvTAU36Hnfztr6xubWdmmnvLu3f3BYOTpuGZVpyppUCaU7ITFMcMmayFGwTqoZSULB2uHodua3x0wbruQjTlIWJGQgecwpQSu1euNIoelXql7Nm8NdJX5BqlCg0a989SJFs4RJpIIY0/W9FIOcaORUsGm5lxmWEjoiA9a1VJKEmSCfXzt1z60SubHStiS6c/X3RE4SYyZJaDsTgkOz7M3E/7xuhvFNkHOZZsgkXSyKM+GicmevuxHXjKKYWEKo5vZWlw6JJhRtQGUbgr/88ippXdZ8r+Y/XFXr90UcJTiFM7gAH66hDnfQgCZQeIJneIU3RzkvzrvzsWhdc4qZE/gD5/MHzYqPSQ==</latexit>

eo
1<latexit sha1_base64="y3LCcA6Wn9qfzqsyo0cjNnWas7Q=">AAAB7nicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMeAF08SwTwgWcPspJMMmZ1ZZmaFsOQjvHhQxKvf482/cZLsQRMLGoqqbrq7okRwY33/2yusrW9sbhW3Szu7e/sH5cOjplGpZthgSijdjqhBwSU2LLcC24lGGkcCW9H4Zua3nlAbruSDnSQYxnQo+YAzap3UwkfVy4Jpr1zxq/4cZJUEOalAjnqv/NXtK5bGKC0T1JhO4Cc2zKi2nAmclrqpwYSyMR1ix1FJYzRhNj93Ss6c0icDpV1JS+bq74mMxsZM4sh1xtSOzLI3E//zOqkdXIcZl0lqUbLFokEqiFVk9jvpc43MiokjlGnubiVsRDVl1iVUciEEyy+vkuZFNfCrwf1lpXaXx1GEEziFcwjgCmpwC3VoAIMxPMMrvHmJ9+K9ex+L1oKXzxzDH3ifPzvSj4Y=</latexit><latexit sha1_base64="y3LCcA6Wn9qfzqsyo0cjNnWas7Q=">AAAB7nicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMeAF08SwTwgWcPspJMMmZ1ZZmaFsOQjvHhQxKvf482/cZLsQRMLGoqqbrq7okRwY33/2yusrW9sbhW3Szu7e/sH5cOjplGpZthgSijdjqhBwSU2LLcC24lGGkcCW9H4Zua3nlAbruSDnSQYxnQo+YAzap3UwkfVy4Jpr1zxq/4cZJUEOalAjnqv/NXtK5bGKC0T1JhO4Cc2zKi2nAmclrqpwYSyMR1ix1FJYzRhNj93Ss6c0icDpV1JS+bq74mMxsZM4sh1xtSOzLI3E//zOqkdXIcZl0lqUbLFokEqiFVk9jvpc43MiokjlGnubiVsRDVl1iVUciEEyy+vkuZFNfCrwf1lpXaXx1GEEziFcwjgCmpwC3VoAIMxPMMrvHmJ9+K9ex+L1oKXzxzDH3ifPzvSj4Y=</latexit><latexit sha1_base64="y3LCcA6Wn9qfzqsyo0cjNnWas7Q=">AAAB7nicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMeAF08SwTwgWcPspJMMmZ1ZZmaFsOQjvHhQxKvf482/cZLsQRMLGoqqbrq7okRwY33/2yusrW9sbhW3Szu7e/sH5cOjplGpZthgSijdjqhBwSU2LLcC24lGGkcCW9H4Zua3nlAbruSDnSQYxnQo+YAzap3UwkfVy4Jpr1zxq/4cZJUEOalAjnqv/NXtK5bGKC0T1JhO4Cc2zKi2nAmclrqpwYSyMR1ix1FJYzRhNj93Ss6c0icDpV1JS+bq74mMxsZM4sh1xtSOzLI3E//zOqkdXIcZl0lqUbLFokEqiFVk9jvpc43MiokjlGnubiVsRDVl1iVUciEEyy+vkuZFNfCrwf1lpXaXx1GEEziFcwjgCmpwC3VoAIMxPMMrvHmJ9+K9ex+L1oKXzxzDH3ifPzvSj4Y=</latexit><latexit sha1_base64="y3LCcA6Wn9qfzqsyo0cjNnWas7Q=">AAAB7nicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMeAF08SwTwgWcPspJMMmZ1ZZmaFsOQjvHhQxKvf482/cZLsQRMLGoqqbrq7okRwY33/2yusrW9sbhW3Szu7e/sH5cOjplGpZthgSijdjqhBwSU2LLcC24lGGkcCW9H4Zua3nlAbruSDnSQYxnQo+YAzap3UwkfVy4Jpr1zxq/4cZJUEOalAjnqv/NXtK5bGKC0T1JhO4Cc2zKi2nAmclrqpwYSyMR1ix1FJYzRhNj93Ss6c0icDpV1JS+bq74mMxsZM4sh1xtSOzLI3E//zOqkdXIcZl0lqUbLFokEqiFVk9jvpc43MiokjlGnubiVsRDVl1iVUciEEyy+vkuZFNfCrwf1lpXaXx1GEEziFcwjgCmpwC3VoAIMxPMMrvHmJ9+K9ex+L1oKXzxzDH3ifPzvSj4Y=</latexit>

eo
m

<latexit sha1_base64="mGhzLqm7WE2DsoLb2qsBIy4BDjk=">AAAB7nicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMeAF08SwTwgWcPspJMMmZldZmaFsOQjvHhQxKvf482/cZLsQRMLGoqqbrq7okRwY33/2yusrW9sbhW3Szu7e/sH5cOjpolTzbDBYhHrdkQNCq6wYbkV2E40UhkJbEXjm5nfekJteKwe7CTBUNKh4gPOqHVSCx/jXianvXLFr/pzkFUS5KQCOeq98le3H7NUorJMUGM6gZ/YMKPaciZwWuqmBhPKxnSIHUcVlWjCbH7ulJw5pU8GsXalLJmrvycyKo2ZyMh1SmpHZtmbif95ndQOrsOMqyS1qNhi0SAVxMZk9jvpc43MiokjlGnubiVsRDVl1iVUciEEyy+vkuZFNfCrwf1lpXaXx1GEEziFcwjgCmpwC3VoAIMxPMMrvHmJ9+K9ex+L1oKXzxzDH3ifP5b+j8I=</latexit><latexit sha1_base64="mGhzLqm7WE2DsoLb2qsBIy4BDjk=">AAAB7nicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMeAF08SwTwgWcPspJMMmZldZmaFsOQjvHhQxKvf482/cZLsQRMLGoqqbrq7okRwY33/2yusrW9sbhW3Szu7e/sH5cOjpolTzbDBYhHrdkQNCq6wYbkV2E40UhkJbEXjm5nfekJteKwe7CTBUNKh4gPOqHVSCx/jXianvXLFr/pzkFUS5KQCOeq98le3H7NUorJMUGM6gZ/YMKPaciZwWuqmBhPKxnSIHUcVlWjCbH7ulJw5pU8GsXalLJmrvycyKo2ZyMh1SmpHZtmbif95ndQOrsOMqyS1qNhi0SAVxMZk9jvpc43MiokjlGnubiVsRDVl1iVUciEEyy+vkuZFNfCrwf1lpXaXx1GEEziFcwjgCmpwC3VoAIMxPMMrvHmJ9+K9ex+L1oKXzxzDH3ifP5b+j8I=</latexit><latexit sha1_base64="mGhzLqm7WE2DsoLb2qsBIy4BDjk=">AAAB7nicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMeAF08SwTwgWcPspJMMmZldZmaFsOQjvHhQxKvf482/cZLsQRMLGoqqbrq7okRwY33/2yusrW9sbhW3Szu7e/sH5cOjpolTzbDBYhHrdkQNCq6wYbkV2E40UhkJbEXjm5nfekJteKwe7CTBUNKh4gPOqHVSCx/jXianvXLFr/pzkFUS5KQCOeq98le3H7NUorJMUGM6gZ/YMKPaciZwWuqmBhPKxnSIHUcVlWjCbH7ulJw5pU8GsXalLJmrvycyKo2ZyMh1SmpHZtmbif95ndQOrsOMqyS1qNhi0SAVxMZk9jvpc43MiokjlGnubiVsRDVl1iVUciEEyy+vkuZFNfCrwf1lpXaXx1GEEziFcwjgCmpwC3VoAIMxPMMrvHmJ9+K9ex+L1oKXzxzDH3ifP5b+j8I=</latexit><latexit sha1_base64="mGhzLqm7WE2DsoLb2qsBIy4BDjk=">AAAB7nicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMeAF08SwTwgWcPspJMMmZldZmaFsOQjvHhQxKvf482/cZLsQRMLGoqqbrq7okRwY33/2yusrW9sbhW3Szu7e/sH5cOjpolTzbDBYhHrdkQNCq6wYbkV2E40UhkJbEXjm5nfekJteKwe7CTBUNKh4gPOqHVSCx/jXianvXLFr/pzkFUS5KQCOeq98le3H7NUorJMUGM6gZ/YMKPaciZwWuqmBhPKxnSIHUcVlWjCbH7ulJw5pU8GsXalLJmrvycyKo2ZyMh1SmpHZtmbif95ndQOrsOMqyS1qNhi0SAVxMZk9jvpc43MiokjlGnubiVsRDVl1iVUciEEyy+vkuZFNfCrwf1lpXaXx1GEEziFcwjgCmpwC3VoAIMxPMMrvHmJ9+K9ex+L1oKXzxzDH3ifP5b+j8I=</latexit>

ei
1<latexit sha1_base64="S7SqQ1xkig0eO5Hvg18U1dTNYis=">AAAB7nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPBiyepYD+gjWWznbRLN5uwuxFK6I/w4kERr/4eb/4bN20O2vpg4PHeDDPzgkRwbVz32ymtrW9sbpW3Kzu7e/sH1cOjto5TxbDFYhGrbkA1Ci6xZbgR2E0U0igQ2AkmN7nfeUKleSwfzDRBP6IjyUPOqLFSBx/5IPNmg2rNrbtzkFXiFaQGBZqD6ld/GLM0QmmYoFr3PDcxfkaV4UzgrNJPNSaUTegIe5ZKGqH2s/m5M3JmlSEJY2VLGjJXf09kNNJ6GgW2M6JmrJe9XPzP66UmvPYzLpPUoGSLRWEqiIlJ/jsZcoXMiKkllClubyVsTBVlxiZUsSF4yy+vkvZF3XPr3v1lrXFXxFGGEziFc/DgChpwC01oAYMJPMMrvDmJ8+K8Ox+L1pJTzBzDHzifPzKij4A=</latexit><latexit sha1_base64="S7SqQ1xkig0eO5Hvg18U1dTNYis=">AAAB7nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPBiyepYD+gjWWznbRLN5uwuxFK6I/w4kERr/4eb/4bN20O2vpg4PHeDDPzgkRwbVz32ymtrW9sbpW3Kzu7e/sH1cOjto5TxbDFYhGrbkA1Ci6xZbgR2E0U0igQ2AkmN7nfeUKleSwfzDRBP6IjyUPOqLFSBx/5IPNmg2rNrbtzkFXiFaQGBZqD6ld/GLM0QmmYoFr3PDcxfkaV4UzgrNJPNSaUTegIe5ZKGqH2s/m5M3JmlSEJY2VLGjJXf09kNNJ6GgW2M6JmrJe9XPzP66UmvPYzLpPUoGSLRWEqiIlJ/jsZcoXMiKkllClubyVsTBVlxiZUsSF4yy+vkvZF3XPr3v1lrXFXxFGGEziFc/DgChpwC01oAYMJPMMrvDmJ8+K8Ox+L1pJTzBzDHzifPzKij4A=</latexit><latexit sha1_base64="S7SqQ1xkig0eO5Hvg18U1dTNYis=">AAAB7nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPBiyepYD+gjWWznbRLN5uwuxFK6I/w4kERr/4eb/4bN20O2vpg4PHeDDPzgkRwbVz32ymtrW9sbpW3Kzu7e/sH1cOjto5TxbDFYhGrbkA1Ci6xZbgR2E0U0igQ2AkmN7nfeUKleSwfzDRBP6IjyUPOqLFSBx/5IPNmg2rNrbtzkFXiFaQGBZqD6ld/GLM0QmmYoFr3PDcxfkaV4UzgrNJPNSaUTegIe5ZKGqH2s/m5M3JmlSEJY2VLGjJXf09kNNJ6GgW2M6JmrJe9XPzP66UmvPYzLpPUoGSLRWEqiIlJ/jsZcoXMiKkllClubyVsTBVlxiZUsSF4yy+vkvZF3XPr3v1lrXFXxFGGEziFc/DgChpwC01oAYMJPMMrvDmJ8+K8Ox+L1pJTzBzDHzifPzKij4A=</latexit><latexit sha1_base64="S7SqQ1xkig0eO5Hvg18U1dTNYis=">AAAB7nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPBiyepYD+gjWWznbRLN5uwuxFK6I/w4kERr/4eb/4bN20O2vpg4PHeDDPzgkRwbVz32ymtrW9sbpW3Kzu7e/sH1cOjto5TxbDFYhGrbkA1Ci6xZbgR2E0U0igQ2AkmN7nfeUKleSwfzDRBP6IjyUPOqLFSBx/5IPNmg2rNrbtzkFXiFaQGBZqD6ld/GLM0QmmYoFr3PDcxfkaV4UzgrNJPNSaUTegIe5ZKGqH2s/m5M3JmlSEJY2VLGjJXf09kNNJ6GgW2M6JmrJe9XPzP66UmvPYzLpPUoGSLRWEqiIlJ/jsZcoXMiKkllClubyVsTBVlxiZUsSF4yy+vkvZF3XPr3v1lrXFXxFGGEziFc/DgChpwC01oAYMJPMMrvDmJ8+K8Ox+L1pJTzBzDHzifPzKij4A=</latexit>

ei
n

<latexit sha1_base64="SyB0kwtt9XsGHIpXWQcFkISUJis=">AAAB7nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPBiyepYD+gjWWznbRLN5uwuxFK6I/w4kERr/4eb/4bN20O2vpg4PHeDDPzgkRwbVz32ymtrW9sbpW3Kzu7e/sH1cOjto5TxbDFYhGrbkA1Ci6xZbgR2E0U0igQ2AkmN7nfeUKleSwfzDRBP6IjyUPOqLFSBx/5IJOzQbXm1t05yCrxClKDAs1B9as/jFkaoTRMUK17npsYP6PKcCZwVumnGhPKJnSEPUsljVD72fzcGTmzypCEsbIlDZmrvycyGmk9jQLbGVEz1steLv7n9VITXvsZl0lqULLFojAVxMQk/50MuUJmxNQSyhS3txI2pooyYxOq2BC85ZdXSfui7rl17/6y1rgr4ijDCZzCOXhwBQ24hSa0gMEEnuEV3pzEeXHenY9Fa8kpZo7hD5zPH49Tj70=</latexit><latexit sha1_base64="SyB0kwtt9XsGHIpXWQcFkISUJis=">AAAB7nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPBiyepYD+gjWWznbRLN5uwuxFK6I/w4kERr/4eb/4bN20O2vpg4PHeDDPzgkRwbVz32ymtrW9sbpW3Kzu7e/sH1cOjto5TxbDFYhGrbkA1Ci6xZbgR2E0U0igQ2AkmN7nfeUKleSwfzDRBP6IjyUPOqLFSBx/5IJOzQbXm1t05yCrxClKDAs1B9as/jFkaoTRMUK17npsYP6PKcCZwVumnGhPKJnSEPUsljVD72fzcGTmzypCEsbIlDZmrvycyGmk9jQLbGVEz1steLv7n9VITXvsZl0lqULLFojAVxMQk/50MuUJmxNQSyhS3txI2pooyYxOq2BC85ZdXSfui7rl17/6y1rgr4ijDCZzCOXhwBQ24hSa0gMEEnuEV3pzEeXHenY9Fa8kpZo7hD5zPH49Tj70=</latexit><latexit sha1_base64="SyB0kwtt9XsGHIpXWQcFkISUJis=">AAAB7nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPBiyepYD+gjWWznbRLN5uwuxFK6I/w4kERr/4eb/4bN20O2vpg4PHeDDPzgkRwbVz32ymtrW9sbpW3Kzu7e/sH1cOjto5TxbDFYhGrbkA1Ci6xZbgR2E0U0igQ2AkmN7nfeUKleSwfzDRBP6IjyUPOqLFSBx/5IJOzQbXm1t05yCrxClKDAs1B9as/jFkaoTRMUK17npsYP6PKcCZwVumnGhPKJnSEPUsljVD72fzcGTmzypCEsbIlDZmrvycyGmk9jQLbGVEz1steLv7n9VITXvsZl0lqULLFojAVxMQk/50MuUJmxNQSyhS3txI2pooyYxOq2BC85ZdXSfui7rl17/6y1rgr4ijDCZzCOXhwBQ24hSa0gMEEnuEV3pzEeXHenY9Fa8kpZo7hD5zPH49Tj70=</latexit><latexit sha1_base64="SyB0kwtt9XsGHIpXWQcFkISUJis=">AAAB7nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPBiyepYD+gjWWznbRLN5uwuxFK6I/w4kERr/4eb/4bN20O2vpg4PHeDDPzgkRwbVz32ymtrW9sbpW3Kzu7e/sH1cOjto5TxbDFYhGrbkA1Ci6xZbgR2E0U0igQ2AkmN7nfeUKleSwfzDRBP6IjyUPOqLFSBx/5IJOzQbXm1t05yCrxClKDAs1B9as/jFkaoTRMUK17npsYP6PKcCZwVumnGhPKJnSEPUsljVD72fzcGTmzypCEsbIlDZmrvycyGmk9jQLbGVEz1steLv7n9VITXvsZl0lqULLFojAVxMQk/50MuUJmxNQSyhS3txI2pooyYxOq2BC85ZdXSfui7rl17/6y1rgr4ijDCZzCOXhwBQ24hSa0gMEEnuEV3pzEeXHenY9Fa8kpZo7hD5zPH49Tj70=</latexit>
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Fig. 3.1 An arc in a lattice. The source node Se has n incoming arcs and the destination node
De has m outgoing arcs.
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• Initialisation

αroot node = LOGZERO (3.3)

βend node = LOGZERO (3.4)

• Forward (joint) probability

αSe = log

( n∑
j=1

exp(αeij
)

)
(3.5)

αe = αSe +
1

γ
log(AMe) + log(LMe) (3.6)

where Se denotes the source node of arc e and {ei1, . . . , ein} is the set of incoming arcs of
the source node of arc e.

• Backward (conditional) probability

βDe = log

( m∑
k=1

exp
(
αeok

+
1

γ
log(AMeok

) + log(AMeok
)
))

(3.7)

βe = βDe (3.8)

where De denotes the destination node of arc e and {eo1, . . . , eom} is the set of outgoing
arcs of the destination node of arc e.

• Arc posterior probability

log p(e|O) = αe + βe − logZ (3.9)

where Z =
∑

e′∈E exp(αe′ + βe′) is the normalisation constant which ensures the sum-
to-one constraint for a valid probability distribution. The normalisation term p(O) is
obtained at the end of forward passing αend node or equivalently, the end of backward
passing βroot node.

Note that for numerical stability when adding in the log domain, the following identity is
used:

log(x+ y) = max(x, y) + log
(
1 + exp

(
min(x, y)−max(x, y)

))
(3.10)

3.1.2 Confusion Network Arc Posteriors

An algorithm for generating confusion networks from lattices is briefly described below [17].
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1. The lattice arc posterior probabilities are computed as in Equation 3.2.

2. Time alignment. The posterior probabilities for each word in the lattice with the given
start time ts and the end time te are calculated using P (W |ts, te,O). Each word hypoth-
esis wi in the word sequence represents a cluster.

3. Intra-word clustering. Clusters corresponding to the same word which overlap in time
are merged. The word posterior probabilities become available.

4. Inter-word clustering. Clusters corresponding to different words that are considered as
belonging to the same confusion set are merged. The merge is based on the time overlap
between words and a phonetic similarity score weighted by the posterior probability. The
required structure is obtained and the competing word hypotheses can be identified.

5. Pruning. Null words are added to the structure and their associated posterior probabilities
are the remaining of the probability mass in each confusion set, i.e. all posteriors in a
confusion set sum to 1.

3.2 Standard Approaches

Apart from using arc posteriors directly from either lattices or confusion networks, the estima-
tion could be improved by considering other related information generated during the decoding
process. With appropriate models, effective features can be captured to make more accurate
predictions on confidence scores. In this section, features considered by previous work are
summarised and effective models are described.

3.2.1 Features

A number of direct and derived features from the recognition pass have been proposed in the
literature. Ideally, all features used to estimate the confidence scores are complementary with
each one providing some evidence about the difference between the correctly hypothesised
words and their counterparts. If these features are extracted and combined effectively, the
confidence scores are expected to be highly reliable. Some features available during the
decoding process which could be used as a part of the estimator are categorised as follows.

• Lattice-based features:

– hypothesis density [14] – a measure based on the number of alternative arcs that span
the given time interval. The higher the hypothesis density, the lower the confidence
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score is likely to be. However, as mentioned in § 2.3.1, pruning is normally
conducted on lattices. The pruning method directly influences the effectiveness of
this feature.

– word trellis stability [23] – a measure based on the observation that a word is more
likely to be correct if it appears in the majority of the most probable hypotheses
within a particular time interval, as incorrect words are more sensitive to variations
of the grammar scale factor.

• Acoustic model-based features:

– normalised acoustic likelihood [21] – the acoustic model score divided by the
number of frames or the number of phones, which allows the acoustic model scores
to be comparable across different word hypotheses.

– acoustic stability [39] – a measure based on the number of times a given word
occurs in the same aligned position by varying the GSF.

– sub-word level acoustic scores [33]

• Language model-based features:

– language model score – as stated in Section 2.1.

– language model back-off behaviour [29] – a measure that assumes the language
model becomes less confident when it has to back-off to a lower order of n-gram to
have a more reliable estimation.

• Duration-based features [29]: HMM state duration, phone duration, or word duration
based on the premise that shorter duration typically corresponds to regions of poor
performance of the acoustic model.

• Utterance-based features [8]: measures including word position, length of utterance,
and lexical identity of hypothesised word sequences, with similar rationale as language
model-based features.

3.2.2 Models

Despite a large number of available features, most of them are more or less correlated to
each other [13]. Therefore, powerful models are expected to project these features into an
informative space for confidence score estimation. In the past, a wide selection of models has
been applied to combine multiple features and to boost their discriminative power. Some of the
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statistical classifiers used for feature combination include decision trees, linear functions or
models, Gaussian classifiers, neural networks, boosting, naive Bayes, support vector machines,
and maximum entropy models. As one of the most recent works, conditional random fields
(CRFs) are briefly described below.

Conditional Random Field

CRFs are a probabilistic discriminative model that could combine multiple features to predict
confidence scores of a sequence. A simple linear chain CRF is shown as an undirected graphical
model in Fig. 3.2. The distribution modelled by CRFs is

P (y1, . . . , yT |x1, . . . ,xT ) ∝ exp

( T∑
t=1

(∑
d=1

λdfd(yt, yt−1) +
∑
d=1

µdgd(yt,xt)

))
(3.11)

where f(·, ·) and g(·, ·) are the feature functions. The parameters are estimated by maximum
likelihood learning.

xt�1
<latexit sha1_base64="+9pxyX1Jitymw2YnLHacVGV0HtE=">AAAB+XicbVDLSsNAFL2pr1pfUZduBovgxpKIoMuCG1dSwT6gDWEynbRDJ5MwMymWkD9x40IRt/6JO//GSZuFth4YOJxzL/fMCRLOlHacb6uytr6xuVXdru3s7u0f2IdHHRWnktA2iXksewFWlDNB25ppTnuJpDgKOO0Gk9vC706pVCwWj3qWUC/CI8FCRrA2km/bgwjrcRBmT7mf6Qs39+2603DmQKvELUkdSrR8+2swjEkaUaEJx0r1XSfRXoalZoTTvDZIFU0wmeAR7RsqcESVl82T5+jMKEMUxtI8odFc/b2R4UipWRSYySKnWvYK8T+vn+rwxsuYSFJNBVkcClOOdIyKGtCQSUo0nxmCiWQmKyJjLDHRpqyaKcFd/vIq6Vw2XKfhPlzVm/dlHVU4gVM4BxeuoQl30II2EJjCM7zCm5VZL9a79bEYrVjlzjH8gfX5A7wck74=</latexit><latexit sha1_base64="+9pxyX1Jitymw2YnLHacVGV0HtE=">AAAB+XicbVDLSsNAFL2pr1pfUZduBovgxpKIoMuCG1dSwT6gDWEynbRDJ5MwMymWkD9x40IRt/6JO//GSZuFth4YOJxzL/fMCRLOlHacb6uytr6xuVXdru3s7u0f2IdHHRWnktA2iXksewFWlDNB25ppTnuJpDgKOO0Gk9vC706pVCwWj3qWUC/CI8FCRrA2km/bgwjrcRBmT7mf6Qs39+2603DmQKvELUkdSrR8+2swjEkaUaEJx0r1XSfRXoalZoTTvDZIFU0wmeAR7RsqcESVl82T5+jMKEMUxtI8odFc/b2R4UipWRSYySKnWvYK8T+vn+rwxsuYSFJNBVkcClOOdIyKGtCQSUo0nxmCiWQmKyJjLDHRpqyaKcFd/vIq6Vw2XKfhPlzVm/dlHVU4gVM4BxeuoQl30II2EJjCM7zCm5VZL9a79bEYrVjlzjH8gfX5A7wck74=</latexit><latexit sha1_base64="+9pxyX1Jitymw2YnLHacVGV0HtE=">AAAB+XicbVDLSsNAFL2pr1pfUZduBovgxpKIoMuCG1dSwT6gDWEynbRDJ5MwMymWkD9x40IRt/6JO//GSZuFth4YOJxzL/fMCRLOlHacb6uytr6xuVXdru3s7u0f2IdHHRWnktA2iXksewFWlDNB25ppTnuJpDgKOO0Gk9vC706pVCwWj3qWUC/CI8FCRrA2km/bgwjrcRBmT7mf6Qs39+2603DmQKvELUkdSrR8+2swjEkaUaEJx0r1XSfRXoalZoTTvDZIFU0wmeAR7RsqcESVl82T5+jMKEMUxtI8odFc/b2R4UipWRSYySKnWvYK8T+vn+rwxsuYSFJNBVkcClOOdIyKGtCQSUo0nxmCiWQmKyJjLDHRpqyaKcFd/vIq6Vw2XKfhPlzVm/dlHVU4gVM4BxeuoQl30II2EJjCM7zCm5VZL9a79bEYrVjlzjH8gfX5A7wck74=</latexit><latexit sha1_base64="+9pxyX1Jitymw2YnLHacVGV0HtE=">AAAB+XicbVDLSsNAFL2pr1pfUZduBovgxpKIoMuCG1dSwT6gDWEynbRDJ5MwMymWkD9x40IRt/6JO//GSZuFth4YOJxzL/fMCRLOlHacb6uytr6xuVXdru3s7u0f2IdHHRWnktA2iXksewFWlDNB25ppTnuJpDgKOO0Gk9vC706pVCwWj3qWUC/CI8FCRrA2km/bgwjrcRBmT7mf6Qs39+2603DmQKvELUkdSrR8+2swjEkaUaEJx0r1XSfRXoalZoTTvDZIFU0wmeAR7RsqcESVl82T5+jMKEMUxtI8odFc/b2R4UipWRSYySKnWvYK8T+vn+rwxsuYSFJNBVkcClOOdIyKGtCQSUo0nxmCiWQmKyJjLDHRpqyaKcFd/vIq6Vw2XKfhPlzVm/dlHVU4gVM4BxeuoQl30II2EJjCM7zCm5VZL9a79bEYrVjlzjH8gfX5A7wck74=</latexit>

xt+1
<latexit sha1_base64="JPRrAE6JlXBaLFxWehFzpyQ+Ylk=">AAAB+XicbVDLSsNAFL2pr1pfUZduBosgCCURQZcFN66kgn1AG8JkOmmHTiZhZlIsIX/ixoUibv0Td/6NkzYLbT0wcDjnXu6ZEyScKe0431ZlbX1jc6u6XdvZ3ds/sA+POipOJaFtEvNY9gKsKGeCtjXTnPYSSXEUcNoNJreF351SqVgsHvUsoV6ER4KFjGBtJN+2BxHW4yDMnnI/0xdu7tt1p+HMgVaJW5I6lGj59tdgGJM0okITjpXqu06ivQxLzQineW2QKppgMsEj2jdU4IgqL5snz9GZUYYojKV5QqO5+nsjw5FSsygwk0VOtewV4n9eP9XhjZcxkaSaCrI4FKYc6RgVNaAhk5RoPjMEE8lMVkTGWGKiTVk1U4K7/OVV0rlsuE7DfbiqN+/LOqpwAqdwDi5cQxPuoAVtIDCFZ3iFNyuzXqx362MxWrHKnWP4A+vzB7kQk7w=</latexit><latexit sha1_base64="JPRrAE6JlXBaLFxWehFzpyQ+Ylk=">AAAB+XicbVDLSsNAFL2pr1pfUZduBosgCCURQZcFN66kgn1AG8JkOmmHTiZhZlIsIX/ixoUibv0Td/6NkzYLbT0wcDjnXu6ZEyScKe0431ZlbX1jc6u6XdvZ3ds/sA+POipOJaFtEvNY9gKsKGeCtjXTnPYSSXEUcNoNJreF351SqVgsHvUsoV6ER4KFjGBtJN+2BxHW4yDMnnI/0xdu7tt1p+HMgVaJW5I6lGj59tdgGJM0okITjpXqu06ivQxLzQineW2QKppgMsEj2jdU4IgqL5snz9GZUYYojKV5QqO5+nsjw5FSsygwk0VOtewV4n9eP9XhjZcxkaSaCrI4FKYc6RgVNaAhk5RoPjMEE8lMVkTGWGKiTVk1U4K7/OVV0rlsuE7DfbiqN+/LOqpwAqdwDi5cQxPuoAVtIDCFZ3iFNyuzXqx362MxWrHKnWP4A+vzB7kQk7w=</latexit><latexit sha1_base64="JPRrAE6JlXBaLFxWehFzpyQ+Ylk=">AAAB+XicbVDLSsNAFL2pr1pfUZduBosgCCURQZcFN66kgn1AG8JkOmmHTiZhZlIsIX/ixoUibv0Td/6NkzYLbT0wcDjnXu6ZEyScKe0431ZlbX1jc6u6XdvZ3ds/sA+POipOJaFtEvNY9gKsKGeCtjXTnPYSSXEUcNoNJreF351SqVgsHvUsoV6ER4KFjGBtJN+2BxHW4yDMnnI/0xdu7tt1p+HMgVaJW5I6lGj59tdgGJM0okITjpXqu06ivQxLzQineW2QKppgMsEj2jdU4IgqL5snz9GZUYYojKV5QqO5+nsjw5FSsygwk0VOtewV4n9eP9XhjZcxkaSaCrI4FKYc6RgVNaAhk5RoPjMEE8lMVkTGWGKiTVk1U4K7/OVV0rlsuE7DfbiqN+/LOqpwAqdwDi5cQxPuoAVtIDCFZ3iFNyuzXqx362MxWrHKnWP4A+vzB7kQk7w=</latexit><latexit sha1_base64="JPRrAE6JlXBaLFxWehFzpyQ+Ylk=">AAAB+XicbVDLSsNAFL2pr1pfUZduBosgCCURQZcFN66kgn1AG8JkOmmHTiZhZlIsIX/ixoUibv0Td/6NkzYLbT0wcDjnXu6ZEyScKe0431ZlbX1jc6u6XdvZ3ds/sA+POipOJaFtEvNY9gKsKGeCtjXTnPYSSXEUcNoNJreF351SqVgsHvUsoV6ER4KFjGBtJN+2BxHW4yDMnnI/0xdu7tt1p+HMgVaJW5I6lGj59tdgGJM0okITjpXqu06ivQxLzQineW2QKppgMsEj2jdU4IgqL5snz9GZUYYojKV5QqO5+nsjw5FSsygwk0VOtewV4n9eP9XhjZcxkaSaCrI4FKYc6RgVNaAhk5RoPjMEE8lMVkTGWGKiTVk1U4K7/OVV0rlsuE7DfbiqN+/LOqpwAqdwDi5cQxPuoAVtIDCFZ3iFNyuzXqx362MxWrHKnWP4A+vzB7kQk7w=</latexit>

xt
<latexit sha1_base64="FJNL40STnkGHkjiIIJI4cKA1lJI=">AAAB9XicbVDLSsNAFL2pr1pfVZdugkVwVRIRdFlw40oq2Ae0sUymk3boZBJmbtQS8h9uXCji1n9x5984abPQ1gMDh3Pu5Z45fiy4Rsf5tkorq2vrG+XNytb2zu5edf+graNEUdaikYhU1yeaCS5ZCzkK1o0VI6EvWMefXOV+54EpzSN5h9OYeSEZSR5wStBI9/2Q4NgP0qdskGI2qNacujODvUzcgtSgQHNQ/eoPI5qETCIVROue68TopUQhp4JllX6iWUzohIxYz1BJQqa9dJY6s0+MMrSDSJkn0Z6pvzdSEmo9DX0zmafUi14u/uf1EgwuvZTLOEEm6fxQkAgbIzuvwB5yxSiKqSGEKm6y2nRMFKFoiqqYEtzFLy+T9lndderu7XmtcVPUUYYjOIZTcOECGnANTWgBBQXP8Apv1qP1Yr1bH/PRklXsHMIfWJ8/YCCTGw==</latexit><latexit sha1_base64="FJNL40STnkGHkjiIIJI4cKA1lJI=">AAAB9XicbVDLSsNAFL2pr1pfVZdugkVwVRIRdFlw40oq2Ae0sUymk3boZBJmbtQS8h9uXCji1n9x5984abPQ1gMDh3Pu5Z45fiy4Rsf5tkorq2vrG+XNytb2zu5edf+graNEUdaikYhU1yeaCS5ZCzkK1o0VI6EvWMefXOV+54EpzSN5h9OYeSEZSR5wStBI9/2Q4NgP0qdskGI2qNacujODvUzcgtSgQHNQ/eoPI5qETCIVROue68TopUQhp4JllX6iWUzohIxYz1BJQqa9dJY6s0+MMrSDSJkn0Z6pvzdSEmo9DX0zmafUi14u/uf1EgwuvZTLOEEm6fxQkAgbIzuvwB5yxSiKqSGEKm6y2nRMFKFoiqqYEtzFLy+T9lndderu7XmtcVPUUYYjOIZTcOECGnANTWgBBQXP8Apv1qP1Yr1bH/PRklXsHMIfWJ8/YCCTGw==</latexit><latexit sha1_base64="FJNL40STnkGHkjiIIJI4cKA1lJI=">AAAB9XicbVDLSsNAFL2pr1pfVZdugkVwVRIRdFlw40oq2Ae0sUymk3boZBJmbtQS8h9uXCji1n9x5984abPQ1gMDh3Pu5Z45fiy4Rsf5tkorq2vrG+XNytb2zu5edf+graNEUdaikYhU1yeaCS5ZCzkK1o0VI6EvWMefXOV+54EpzSN5h9OYeSEZSR5wStBI9/2Q4NgP0qdskGI2qNacujODvUzcgtSgQHNQ/eoPI5qETCIVROue68TopUQhp4JllX6iWUzohIxYz1BJQqa9dJY6s0+MMrSDSJkn0Z6pvzdSEmo9DX0zmafUi14u/uf1EgwuvZTLOEEm6fxQkAgbIzuvwB5yxSiKqSGEKm6y2nRMFKFoiqqYEtzFLy+T9lndderu7XmtcVPUUYYjOIZTcOECGnANTWgBBQXP8Apv1qP1Yr1bH/PRklXsHMIfWJ8/YCCTGw==</latexit><latexit sha1_base64="FJNL40STnkGHkjiIIJI4cKA1lJI=">AAAB9XicbVDLSsNAFL2pr1pfVZdugkVwVRIRdFlw40oq2Ae0sUymk3boZBJmbtQS8h9uXCji1n9x5984abPQ1gMDh3Pu5Z45fiy4Rsf5tkorq2vrG+XNytb2zu5edf+graNEUdaikYhU1yeaCS5ZCzkK1o0VI6EvWMefXOV+54EpzSN5h9OYeSEZSR5wStBI9/2Q4NgP0qdskGI2qNacujODvUzcgtSgQHNQ/eoPI5qETCIVROue68TopUQhp4JllX6iWUzohIxYz1BJQqa9dJY6s0+MMrSDSJkn0Z6pvzdSEmo9DX0zmafUi14u/uf1EgwuvZTLOEEm6fxQkAgbIzuvwB5yxSiKqSGEKm6y2nRMFKFoiqqYEtzFLy+T9lndderu7XmtcVPUUYYjOIZTcOECGnANTWgBBQXP8Apv1qP1Yr1bH/PRklXsHMIfWJ8/YCCTGw==</latexit>

yt�1
<latexit sha1_base64="NKAIrMtotswCduAVJkCcyMla6C0=">AAAB7nicbVBNS8NAEJ3Ur1q/qh69LBbBiyURQY8FL56kgv2ANpTNdtMu3WzC7kQIoT/CiwdFvPp7vPlv3LY5aOuDgcd7M8zMCxIpDLrut1NaW9/Y3CpvV3Z29/YPqodHbROnmvEWi2WsuwE1XArFWyhQ8m6iOY0CyTvB5Hbmd564NiJWj5gl3I/oSIlQMIpW6mSDHC+86aBac+vuHGSVeAWpQYHmoPrVH8YsjbhCJqkxPc9N0M+pRsEkn1b6qeEJZRM64j1LFY248fP5uVNyZpUhCWNtSyGZq78nchoZk0WB7Ywojs2yNxP/83ophjd+LlSSIldssShMJcGYzH4nQ6E5Q5lZQpkW9lbCxlRThjahig3BW355lbQv655b9x6uao37Io4ynMApnIMH19CAO2hCCxhM4Ble4c1JnBfn3flYtJacYuYY/sD5/AEXwo9u</latexit><latexit sha1_base64="NKAIrMtotswCduAVJkCcyMla6C0=">AAAB7nicbVBNS8NAEJ3Ur1q/qh69LBbBiyURQY8FL56kgv2ANpTNdtMu3WzC7kQIoT/CiwdFvPp7vPlv3LY5aOuDgcd7M8zMCxIpDLrut1NaW9/Y3CpvV3Z29/YPqodHbROnmvEWi2WsuwE1XArFWyhQ8m6iOY0CyTvB5Hbmd564NiJWj5gl3I/oSIlQMIpW6mSDHC+86aBac+vuHGSVeAWpQYHmoPrVH8YsjbhCJqkxPc9N0M+pRsEkn1b6qeEJZRM64j1LFY248fP5uVNyZpUhCWNtSyGZq78nchoZk0WB7Ywojs2yNxP/83ophjd+LlSSIldssShMJcGYzH4nQ6E5Q5lZQpkW9lbCxlRThjahig3BW355lbQv655b9x6uao37Io4ynMApnIMH19CAO2hCCxhM4Ble4c1JnBfn3flYtJacYuYY/sD5/AEXwo9u</latexit><latexit sha1_base64="NKAIrMtotswCduAVJkCcyMla6C0=">AAAB7nicbVBNS8NAEJ3Ur1q/qh69LBbBiyURQY8FL56kgv2ANpTNdtMu3WzC7kQIoT/CiwdFvPp7vPlv3LY5aOuDgcd7M8zMCxIpDLrut1NaW9/Y3CpvV3Z29/YPqodHbROnmvEWi2WsuwE1XArFWyhQ8m6iOY0CyTvB5Hbmd564NiJWj5gl3I/oSIlQMIpW6mSDHC+86aBac+vuHGSVeAWpQYHmoPrVH8YsjbhCJqkxPc9N0M+pRsEkn1b6qeEJZRM64j1LFY248fP5uVNyZpUhCWNtSyGZq78nchoZk0WB7Ywojs2yNxP/83ophjd+LlSSIldssShMJcGYzH4nQ6E5Q5lZQpkW9lbCxlRThjahig3BW355lbQv655b9x6uao37Io4ynMApnIMH19CAO2hCCxhM4Ble4c1JnBfn3flYtJacYuYY/sD5/AEXwo9u</latexit><latexit sha1_base64="NKAIrMtotswCduAVJkCcyMla6C0=">AAAB7nicbVBNS8NAEJ3Ur1q/qh69LBbBiyURQY8FL56kgv2ANpTNdtMu3WzC7kQIoT/CiwdFvPp7vPlv3LY5aOuDgcd7M8zMCxIpDLrut1NaW9/Y3CpvV3Z29/YPqodHbROnmvEWi2WsuwE1XArFWyhQ8m6iOY0CyTvB5Hbmd564NiJWj5gl3I/oSIlQMIpW6mSDHC+86aBac+vuHGSVeAWpQYHmoPrVH8YsjbhCJqkxPc9N0M+pRsEkn1b6qeEJZRM64j1LFY248fP5uVNyZpUhCWNtSyGZq78nchoZk0WB7Ywojs2yNxP/83ophjd+LlSSIldssShMJcGYzH4nQ6E5Q5lZQpkW9lbCxlRThjahig3BW355lbQv655b9x6uao37Io4ynMApnIMH19CAO2hCCxhM4Ble4c1JnBfn3flYtJacYuYY/sD5/AEXwo9u</latexit>

yt+1
<latexit sha1_base64="5+2LsqMUbkez5Z/UF4cddOS6M3o=">AAAB7nicbVBNS8NAEJ3Ur1q/qh69LBZBEEoigh4LXjxJBfsBbSib7aZdutmE3YkQQn+EFw+KePX3ePPfuG1z0NYHA4/3ZpiZFyRSGHTdb6e0tr6xuVXeruzs7u0fVA+P2iZONeMtFstYdwNquBSKt1Cg5N1EcxoFkneCye3M7zxxbUSsHjFLuB/RkRKhYBSt1MkGOV5400G15tbdOcgq8QpSgwLNQfWrP4xZGnGFTFJjep6boJ9TjYJJPq30U8MTyiZ0xHuWKhpx4+fzc6fkzCpDEsbalkIyV39P5DQyJosC2xlRHJtlbyb+5/VSDG/8XKgkRa7YYlGYSoIxmf1OhkJzhjKzhDIt7K2EjammDG1CFRuCt/zyKmlf1j237j1c1Rr3RRxlOIFTOAcPrqEBd9CEFjCYwDO8wpuTOC/Ou/OxaC05xcwx/IHz+QMUto9s</latexit><latexit sha1_base64="5+2LsqMUbkez5Z/UF4cddOS6M3o=">AAAB7nicbVBNS8NAEJ3Ur1q/qh69LBZBEEoigh4LXjxJBfsBbSib7aZdutmE3YkQQn+EFw+KePX3ePPfuG1z0NYHA4/3ZpiZFyRSGHTdb6e0tr6xuVXeruzs7u0fVA+P2iZONeMtFstYdwNquBSKt1Cg5N1EcxoFkneCye3M7zxxbUSsHjFLuB/RkRKhYBSt1MkGOV5400G15tbdOcgq8QpSgwLNQfWrP4xZGnGFTFJjep6boJ9TjYJJPq30U8MTyiZ0xHuWKhpx4+fzc6fkzCpDEsbalkIyV39P5DQyJosC2xlRHJtlbyb+5/VSDG/8XKgkRa7YYlGYSoIxmf1OhkJzhjKzhDIt7K2EjammDG1CFRuCt/zyKmlf1j237j1c1Rr3RRxlOIFTOAcPrqEBd9CEFjCYwDO8wpuTOC/Ou/OxaC05xcwx/IHz+QMUto9s</latexit><latexit sha1_base64="5+2LsqMUbkez5Z/UF4cddOS6M3o=">AAAB7nicbVBNS8NAEJ3Ur1q/qh69LBZBEEoigh4LXjxJBfsBbSib7aZdutmE3YkQQn+EFw+KePX3ePPfuG1z0NYHA4/3ZpiZFyRSGHTdb6e0tr6xuVXeruzs7u0fVA+P2iZONeMtFstYdwNquBSKt1Cg5N1EcxoFkneCye3M7zxxbUSsHjFLuB/RkRKhYBSt1MkGOV5400G15tbdOcgq8QpSgwLNQfWrP4xZGnGFTFJjep6boJ9TjYJJPq30U8MTyiZ0xHuWKhpx4+fzc6fkzCpDEsbalkIyV39P5DQyJosC2xlRHJtlbyb+5/VSDG/8XKgkRa7YYlGYSoIxmf1OhkJzhjKzhDIt7K2EjammDG1CFRuCt/zyKmlf1j237j1c1Rr3RRxlOIFTOAcPrqEBd9CEFjCYwDO8wpuTOC/Ou/OxaC05xcwx/IHz+QMUto9s</latexit><latexit sha1_base64="5+2LsqMUbkez5Z/UF4cddOS6M3o=">AAAB7nicbVBNS8NAEJ3Ur1q/qh69LBZBEEoigh4LXjxJBfsBbSib7aZdutmE3YkQQn+EFw+KePX3ePPfuG1z0NYHA4/3ZpiZFyRSGHTdb6e0tr6xuVXeruzs7u0fVA+P2iZONeMtFstYdwNquBSKt1Cg5N1EcxoFkneCye3M7zxxbUSsHjFLuB/RkRKhYBSt1MkGOV5400G15tbdOcgq8QpSgwLNQfWrP4xZGnGFTFJjep6boJ9TjYJJPq30U8MTyiZ0xHuWKhpx4+fzc6fkzCpDEsbalkIyV39P5DQyJosC2xlRHJtlbyb+5/VSDG/8XKgkRa7YYlGYSoIxmf1OhkJzhjKzhDIt7K2EjammDG1CFRuCt/zyKmlf1j237j1c1Rr3RRxlOIFTOAcPrqEBd9CEFjCYwDO8wpuTOC/Ou/OxaC05xcwx/IHz+QMUto9s</latexit>

yt
<latexit sha1_base64="N4D1qUN7H2A0GFiyzGk98zFFS9U=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPBiyepYGqhDWWz3bRLN5uwOxFC6G/w4kERr/4gb/4bt20O2vpg4PHeDDPzwlQKg6777VTW1jc2t6rbtZ3dvf2D+uFRxySZZtxniUx0N6SGS6G4jwIl76aa0ziU/DGc3Mz8xyeujUjUA+YpD2I6UiISjKKV/HxQ4HRQb7hNdw6ySrySNKBEe1D/6g8TlsVcIZPUmJ7nphgUVKNgkk9r/czwlLIJHfGepYrG3ATF/NgpObPKkESJtqWQzNXfEwWNjcnj0HbGFMdm2ZuJ/3m9DKProBAqzZArtlgUZZJgQmafk6HQnKHMLaFMC3srYWOqKUObT82G4C2/vEo6F03PbXr3l43WXRlHFU7gFM7BgytowS20wQcGAp7hFd4c5bw4787HorXilDPH8AfO5w87SI78</latexit><latexit sha1_base64="N4D1qUN7H2A0GFiyzGk98zFFS9U=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPBiyepYGqhDWWz3bRLN5uwOxFC6G/w4kERr/4gb/4bt20O2vpg4PHeDDPzwlQKg6777VTW1jc2t6rbtZ3dvf2D+uFRxySZZtxniUx0N6SGS6G4jwIl76aa0ziU/DGc3Mz8xyeujUjUA+YpD2I6UiISjKKV/HxQ4HRQb7hNdw6ySrySNKBEe1D/6g8TlsVcIZPUmJ7nphgUVKNgkk9r/czwlLIJHfGepYrG3ATF/NgpObPKkESJtqWQzNXfEwWNjcnj0HbGFMdm2ZuJ/3m9DKProBAqzZArtlgUZZJgQmafk6HQnKHMLaFMC3srYWOqKUObT82G4C2/vEo6F03PbXr3l43WXRlHFU7gFM7BgytowS20wQcGAp7hFd4c5bw4787HorXilDPH8AfO5w87SI78</latexit><latexit sha1_base64="N4D1qUN7H2A0GFiyzGk98zFFS9U=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPBiyepYGqhDWWz3bRLN5uwOxFC6G/w4kERr/4gb/4bt20O2vpg4PHeDDPzwlQKg6777VTW1jc2t6rbtZ3dvf2D+uFRxySZZtxniUx0N6SGS6G4jwIl76aa0ziU/DGc3Mz8xyeujUjUA+YpD2I6UiISjKKV/HxQ4HRQb7hNdw6ySrySNKBEe1D/6g8TlsVcIZPUmJ7nphgUVKNgkk9r/czwlLIJHfGepYrG3ATF/NgpObPKkESJtqWQzNXfEwWNjcnj0HbGFMdm2ZuJ/3m9DKProBAqzZArtlgUZZJgQmafk6HQnKHMLaFMC3srYWOqKUObT82G4C2/vEo6F03PbXr3l43WXRlHFU7gFM7BgytowS20wQcGAp7hFd4c5bw4787HorXilDPH8AfO5w87SI78</latexit><latexit sha1_base64="N4D1qUN7H2A0GFiyzGk98zFFS9U=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPBiyepYGqhDWWz3bRLN5uwOxFC6G/w4kERr/4gb/4bt20O2vpg4PHeDDPzwlQKg6777VTW1jc2t6rbtZ3dvf2D+uFRxySZZtxniUx0N6SGS6G4jwIl76aa0ziU/DGc3Mz8xyeujUjUA+YpD2I6UiISjKKV/HxQ4HRQb7hNdw6ySrySNKBEe1D/6g8TlsVcIZPUmJ7nphgUVKNgkk9r/czwlLIJHfGepYrG3ATF/NgpObPKkESJtqWQzNXfEwWNjcnj0HbGFMdm2ZuJ/3m9DKProBAqzZArtlgUZZJgQmafk6HQnKHMLaFMC3srYWOqKUObT82G4C2/vEo6F03PbXr3l43WXRlHFU7gFM7BgytowS20wQcGAp7hFd4c5bw4787HorXilDPH8AfO5w87SI78</latexit>

Fig. 3.2 The linear chain CRF.

Some properties of CRFs are very useful for sequence modelling such as estimation of
confidence scores [26]. The input feature xt can be a combination of arbitrary features from
the input sequence. The label sequence is conditioned on the whole observation sequence.
Therefore, long-term dependencies on both sides of a word in a sequence are modelled. Other
variants of CRFs with greater complexity, including higher-order CRFs, hidden state CRFs and
hierarchical CRFs, could also be used.

3.2.3 Comparison of Approaches

In the context of confidence score estimation, the following aspects are discussed for the above
approaches [25]:

• Sources of information. By solely using the word posteriors in lattices or confusion
networks as confidence score, the information is already available in the ASR system.
Some other derived features from the decoding process require either additional heuristics
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or other systems, e.g. stability-related features. It is desirable to have an approach that
takes the raw information from the recogniser without expert knowledge for confidence
score estimation.

• Complexities. Using word posteriors directly requires minimal effort. However, linear
and non-linear models are studied to yield better confidence scores by combining multiple
input features. The complexity varies from simple models such as the decision tree, to
some simple probabilistic models such as naive Bayes, to complex models including
CRFs.

• Score granularity. Usually, the confidence scores are defined at the word level. In
some applications, sub-word level or utterance level confidence scores may be required.
Although using arc posteriors could extend to the sub-word level, it is not applicable
at the utterance level. Employing a classification-based model is a more appropriate
approach to take feature vectors and predict confidence scores at any level of granularity.

• Sequentiality. Many models mentioned above can only classify a defined input feature
vector, e.g. Gaussian classifiers and support vector machines. However, these approaches
largely ignore the information encoded in the data structure. Models that could utilise
information from the past or the future are more suitable.

• In-system applications. A model that operates directly on lattices is preferred. Because
the confidence can be readily integrated into the system, such as lattice rescoring [4] and
unsupervised acoustic model adaptation [1]. Most classifiers mentioned are difficult for
such applications.

In summary, an ideal model for confidence score estimation would be a classification-
based model that could operate on lattices directly and could incorporate any raw information
contained in lattices. LATTICERNN is introduced in the next chapter as a solution to the
problem.



Chapter 4

Deep Learning Models for Confidence
Scores

In order to have more reliable confidence scores, word posteriors and multiple predictor features
from the decoding process should be optimally combined. Since all features mentioned in
§ 3.2.1 are more or less correlated, and hand-crafted features and feature functions are subject
to strong assumptions, the design of a general statistical framework that could extract useful
information for confidence estimation from an arbitrary number of highly dependent features is
desirable. § 3.2.2 introduces CRF as a sequential classification model for confidence scores,
which has been proved to be effective in combining multiple features with different types, i.e.
discrete and continuous values without making independence assumptions between information
sources. Instead of statistical models, artificial neural networks (ANNs) have been predominant
in recent research works on classification tasks due to their capability to model non-linear
processes. Recurrent neural networks (RNNs) is a class of ANN architectures, which has been
widely used for sequential data [12].

All previous models are applied to linear sequences where features of each word are
transformed by the model to predict the corresponding word confidence. However, this process
neglects a large amount of information from the decoder of ASR systems, namely the competing
hypotheses, by only using the information from the one-best sequences. In this chapter, a
structured deep learning model, LATTICERNN [15, 27], is introduced as a flexible framework
that could incorporate an arbitrary number of features with different types, and can be applied
not only on linear chains but more generally on any DAG-like structure. LATTICERNN can
also operate on the sub-word level or the utterance level, and can be integrated for in-system
applications.
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4.1 Recurrent Neural Networks

RNNs model sequential data by using internal hidden states which can be considered as a
representation of history inputs. For a generic RNN model shown in Fig. 4.1, each unit applies
an element-wise non-linearity to the affine transformation of the previous hidden state and the
current input (Equation 4.1). The output of each time step is a function of the current hidden
state (Equation 4.2).
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Fig. 4.1 The unrolled RNN model.

ht = ϕ(Uxt +Wht−1 + b) (4.1)

yt = F(ht) (4.2)

where U,W,b are input weights, recurrent weights and bias shared across different time steps,
ϕ(·) is the activation function, and F(·) is any valid function that maps from the hidden state to
the output space.

By unrolling the RNN in time, the model can be viewed as a very deep fully connected
neural network with weights tied across all layers. Similar to other building blocks for deep
learning, multiple recurrent layers can be stacked together to form a deep architecture. Instead
of using standard error backpropagation to train feed-forward networks, backpropagation
through time (BPTT) [31] is used.

4.1.1 LSTM

In practice, when the input sequence grows longer, the simple RNN structure suffers from
vanishing gradients problem when the network is trained using gradient descent algorithms,
i.e. long-term information is lost. To address this issue, long short-term memory (LSTM)
model [10] uses multiple gating functions and an additional internal recurrence (the cell state
c), where the gradient can flow for longer durations. LSTM is a more complex model inherited
from Fig. 4.1, where each recurrent unit is replaced by the structure shown in Fig. 4.2. The
weights of the internal recurrence is controlled by a forget gate unit f . The external input gate i
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is computed in a similar fashion as the forget gate, but with its own parameters. The hidden
state h is manipulated by the output gate o on the updated cell state. All three gating functions
produce values between 0 and 1 via the sigmoid function σ(·).
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<latexit sha1_base64="lljyPCxpil5Ula/H/k7hZZgb9Cg=">AAAB7XicbVDLSgNBEOyNrxhfqx69DAbBU9gVQY8BL54kgnlAsoTZyWwyZh7LzKwQlvyDFw+KePV/vPk3TpI9aGJBQ1HVTXdXnHJmbBB8e6W19Y3NrfJ2ZWd3b//APzxqGZVpQptEcaU7MTaUM0mblllOO6mmWMSctuPxzcxvP1FtmJIPdpLSSOChZAkj2Dqp1TNsKHDfrwa1YA60SsKCVKFAo+9/9QaKZIJKSzg2phsGqY1yrC0jnE4rvczQFJMxHtKuoxILaqJ8fu0UnTllgBKlXUmL5urviRwLYyYidp0C25FZ9mbif143s8l1lDOZZpZKsliUZBxZhWavowHTlFg+cQQTzdytiIywxsS6gCouhHD55VXSuqiFQS28v6zW74o4ynACp3AOIVxBHW6hAU0g8AjP8ApvnvJevHfvY9Fa8oqZY/gD7/MHn/uPLw==</latexit><latexit sha1_base64="lljyPCxpil5Ula/H/k7hZZgb9Cg=">AAAB7XicbVDLSgNBEOyNrxhfqx69DAbBU9gVQY8BL54kgnlAsoTZyWwyZh7LzKwQlvyDFw+KePV/vPk3TpI9aGJBQ1HVTXdXnHJmbBB8e6W19Y3NrfJ2ZWd3b//APzxqGZVpQptEcaU7MTaUM0mblllOO6mmWMSctuPxzcxvP1FtmJIPdpLSSOChZAkj2Dqp1TNsKHDfrwa1YA60SsKCVKFAo+9/9QaKZIJKSzg2phsGqY1yrC0jnE4rvczQFJMxHtKuoxILaqJ8fu0UnTllgBKlXUmL5urviRwLYyYidp0C25FZ9mbif143s8l1lDOZZpZKsliUZBxZhWavowHTlFg+cQQTzdytiIywxsS6gCouhHD55VXSuqiFQS28v6zW74o4ynACp3AOIVxBHW6hAU0g8AjP8ApvnvJevHfvY9Fa8oqZY/gD7/MHn/uPLw==</latexit><latexit sha1_base64="lljyPCxpil5Ula/H/k7hZZgb9Cg=">AAAB7XicbVDLSgNBEOyNrxhfqx69DAbBU9gVQY8BL54kgnlAsoTZyWwyZh7LzKwQlvyDFw+KePV/vPk3TpI9aGJBQ1HVTXdXnHJmbBB8e6W19Y3NrfJ2ZWd3b//APzxqGZVpQptEcaU7MTaUM0mblllOO6mmWMSctuPxzcxvP1FtmJIPdpLSSOChZAkj2Dqp1TNsKHDfrwa1YA60SsKCVKFAo+9/9QaKZIJKSzg2phsGqY1yrC0jnE4rvczQFJMxHtKuoxILaqJ8fu0UnTllgBKlXUmL5urviRwLYyYidp0C25FZ9mbif143s8l1lDOZZpZKsliUZBxZhWavowHTlFg+cQQTzdytiIywxsS6gCouhHD55VXSuqiFQS28v6zW74o4ynACp3AOIVxBHW6hAU0g8AjP8ApvnvJevHfvY9Fa8oqZY/gD7/MHn/uPLw==</latexit><latexit sha1_base64="lljyPCxpil5Ula/H/k7hZZgb9Cg=">AAAB7XicbVDLSgNBEOyNrxhfqx69DAbBU9gVQY8BL54kgnlAsoTZyWwyZh7LzKwQlvyDFw+KePV/vPk3TpI9aGJBQ1HVTXdXnHJmbBB8e6W19Y3NrfJ2ZWd3b//APzxqGZVpQptEcaU7MTaUM0mblllOO6mmWMSctuPxzcxvP1FtmJIPdpLSSOChZAkj2Dqp1TNsKHDfrwa1YA60SsKCVKFAo+9/9QaKZIJKSzg2phsGqY1yrC0jnE4rvczQFJMxHtKuoxILaqJ8fu0UnTllgBKlXUmL5urviRwLYyYidp0C25FZ9mbif143s8l1lDOZZpZKsliUZBxZhWavowHTlFg+cQQTzdytiIywxsS6gCouhHD55VXSuqiFQS28v6zW74o4ynACp3AOIVxBHW6hAU0g8AjP8ApvnvJevHfvY9Fa8oqZY/gD7/MHn/uPLw==</latexit>

�
<latexit sha1_base64="lljyPCxpil5Ula/H/k7hZZgb9Cg=">AAAB7XicbVDLSgNBEOyNrxhfqx69DAbBU9gVQY8BL54kgnlAsoTZyWwyZh7LzKwQlvyDFw+KePV/vPk3TpI9aGJBQ1HVTXdXnHJmbBB8e6W19Y3NrfJ2ZWd3b//APzxqGZVpQptEcaU7MTaUM0mblllOO6mmWMSctuPxzcxvP1FtmJIPdpLSSOChZAkj2Dqp1TNsKHDfrwa1YA60SsKCVKFAo+9/9QaKZIJKSzg2phsGqY1yrC0jnE4rvczQFJMxHtKuoxILaqJ8fu0UnTllgBKlXUmL5urviRwLYyYidp0C25FZ9mbif143s8l1lDOZZpZKsliUZBxZhWavowHTlFg+cQQTzdytiIywxsS6gCouhHD55VXSuqiFQS28v6zW74o4ynACp3AOIVxBHW6hAU0g8AjP8ApvnvJevHfvY9Fa8oqZY/gD7/MHn/uPLw==</latexit><latexit sha1_base64="lljyPCxpil5Ula/H/k7hZZgb9Cg=">AAAB7XicbVDLSgNBEOyNrxhfqx69DAbBU9gVQY8BL54kgnlAsoTZyWwyZh7LzKwQlvyDFw+KePV/vPk3TpI9aGJBQ1HVTXdXnHJmbBB8e6W19Y3NrfJ2ZWd3b//APzxqGZVpQptEcaU7MTaUM0mblllOO6mmWMSctuPxzcxvP1FtmJIPdpLSSOChZAkj2Dqp1TNsKHDfrwa1YA60SsKCVKFAo+9/9QaKZIJKSzg2phsGqY1yrC0jnE4rvczQFJMxHtKuoxILaqJ8fu0UnTllgBKlXUmL5urviRwLYyYidp0C25FZ9mbif143s8l1lDOZZpZKsliUZBxZhWavowHTlFg+cQQTzdytiIywxsS6gCouhHD55VXSuqiFQS28v6zW74o4ynACp3AOIVxBHW6hAU0g8AjP8ApvnvJevHfvY9Fa8oqZY/gD7/MHn/uPLw==</latexit><latexit sha1_base64="lljyPCxpil5Ula/H/k7hZZgb9Cg=">AAAB7XicbVDLSgNBEOyNrxhfqx69DAbBU9gVQY8BL54kgnlAsoTZyWwyZh7LzKwQlvyDFw+KePV/vPk3TpI9aGJBQ1HVTXdXnHJmbBB8e6W19Y3NrfJ2ZWd3b//APzxqGZVpQptEcaU7MTaUM0mblllOO6mmWMSctuPxzcxvP1FtmJIPdpLSSOChZAkj2Dqp1TNsKHDfrwa1YA60SsKCVKFAo+9/9QaKZIJKSzg2phsGqY1yrC0jnE4rvczQFJMxHtKuoxILaqJ8fu0UnTllgBKlXUmL5urviRwLYyYidp0C25FZ9mbif143s8l1lDOZZpZKsliUZBxZhWavowHTlFg+cQQTzdytiIywxsS6gCouhHD55VXSuqiFQS28v6zW74o4ynACp3AOIVxBHW6hAU0g8AjP8ApvnvJevHfvY9Fa8oqZY/gD7/MHn/uPLw==</latexit><latexit sha1_base64="lljyPCxpil5Ula/H/k7hZZgb9Cg=">AAAB7XicbVDLSgNBEOyNrxhfqx69DAbBU9gVQY8BL54kgnlAsoTZyWwyZh7LzKwQlvyDFw+KePV/vPk3TpI9aGJBQ1HVTXdXnHJmbBB8e6W19Y3NrfJ2ZWd3b//APzxqGZVpQptEcaU7MTaUM0mblllOO6mmWMSctuPxzcxvP1FtmJIPdpLSSOChZAkj2Dqp1TNsKHDfrwa1YA60SsKCVKFAo+9/9QaKZIJKSzg2phsGqY1yrC0jnE4rvczQFJMxHtKuoxILaqJ8fu0UnTllgBKlXUmL5urviRwLYyYidp0C25FZ9mbif143s8l1lDOZZpZKsliUZBxZhWavowHTlFg+cQQTzdytiIywxsS6gCouhHD55VXSuqiFQS28v6zW74o4ynACp3AOIVxBHW6hAU0g8AjP8ApvnvJevHfvY9Fa8oqZY/gD7/MHn/uPLw==</latexit>tanh

<latexit sha1_base64="S3n6zVldo+hZmWQYhmB8hW2R4QI=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeCF09SwbSFNpTNdtMu3WzC7kQoob/BiwdFvPqDvPlv3LY5aOuDgcd7M8zMC1MpDLrut1Pa2Nza3invVvb2Dw6PqscnbZNkmnGfJTLR3ZAaLoXiPgqUvJtqTuNQ8k44uZ37nSeujUjUI05THsR0pEQkGEUr+X2kajyo1ty6uwBZJ15BalCgNah+9YcJy2KukElqTM9zUwxyqlEwyWeVfmZ4StmEjnjPUkVjboJ8ceyMXFhlSKJE21JIFurviZzGxkzj0HbGFMdm1ZuL/3m9DKObIBcqzZArtlwUZZJgQuafk6HQnKGcWkKZFvZWwsZUU4Y2n4oNwVt9eZ20r+qeW/cermvN+yKOMpzBOVyCBw1owh20wAcGAp7hFd4c5bw4787HsrXkFDOn8AfO5w/eVo6/</latexit><latexit sha1_base64="S3n6zVldo+hZmWQYhmB8hW2R4QI=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeCF09SwbSFNpTNdtMu3WzC7kQoob/BiwdFvPqDvPlv3LY5aOuDgcd7M8zMC1MpDLrut1Pa2Nza3invVvb2Dw6PqscnbZNkmnGfJTLR3ZAaLoXiPgqUvJtqTuNQ8k44uZ37nSeujUjUI05THsR0pEQkGEUr+X2kajyo1ty6uwBZJ15BalCgNah+9YcJy2KukElqTM9zUwxyqlEwyWeVfmZ4StmEjnjPUkVjboJ8ceyMXFhlSKJE21JIFurviZzGxkzj0HbGFMdm1ZuL/3m9DKObIBcqzZArtlwUZZJgQuafk6HQnKGcWkKZFvZWwsZUU4Y2n4oNwVt9eZ20r+qeW/cermvN+yKOMpzBOVyCBw1owh20wAcGAp7hFd4c5bw4787HsrXkFDOn8AfO5w/eVo6/</latexit><latexit sha1_base64="S3n6zVldo+hZmWQYhmB8hW2R4QI=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeCF09SwbSFNpTNdtMu3WzC7kQoob/BiwdFvPqDvPlv3LY5aOuDgcd7M8zMC1MpDLrut1Pa2Nza3invVvb2Dw6PqscnbZNkmnGfJTLR3ZAaLoXiPgqUvJtqTuNQ8k44uZ37nSeujUjUI05THsR0pEQkGEUr+X2kajyo1ty6uwBZJ15BalCgNah+9YcJy2KukElqTM9zUwxyqlEwyWeVfmZ4StmEjnjPUkVjboJ8ceyMXFhlSKJE21JIFurviZzGxkzj0HbGFMdm1ZuL/3m9DKObIBcqzZArtlwUZZJgQuafk6HQnKGcWkKZFvZWwsZUU4Y2n4oNwVt9eZ20r+qeW/cermvN+yKOMpzBOVyCBw1owh20wAcGAp7hFd4c5bw4787HsrXkFDOn8AfO5w/eVo6/</latexit><latexit sha1_base64="S3n6zVldo+hZmWQYhmB8hW2R4QI=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeCF09SwbSFNpTNdtMu3WzC7kQoob/BiwdFvPqDvPlv3LY5aOuDgcd7M8zMC1MpDLrut1Pa2Nza3invVvb2Dw6PqscnbZNkmnGfJTLR3ZAaLoXiPgqUvJtqTuNQ8k44uZ37nSeujUjUI05THsR0pEQkGEUr+X2kajyo1ty6uwBZJ15BalCgNah+9YcJy2KukElqTM9zUwxyqlEwyWeVfmZ4StmEjnjPUkVjboJ8ceyMXFhlSKJE21JIFurviZzGxkzj0HbGFMdm1ZuL/3m9DKObIBcqzZArtlwUZZJgQuafk6HQnKGcWkKZFvZWwsZUU4Y2n4oNwVt9eZ20r+qeW/cermvN+yKOMpzBOVyCBw1owh20wAcGAp7hFd4c5bw4787HsrXkFDOn8AfO5w/eVo6/</latexit>

⇥<latexit sha1_base64="GTKfdL2qQ+5BocbrXyEm5o6m7Kk=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMeAF08SwTwgWcLsZDYZMzuzzPQKIeQfvHhQxKv/482/cZLsQRMLGoqqbrq7olQKi77/7RXW1jc2t4rbpZ3dvf2D8uFR0+rMMN5gWmrTjqjlUijeQIGSt1PDaRJJ3opGNzO/9cSNFVo94DjlYUIHSsSCUXRSs4si4bZXrvhVfw6ySoKcVCBHvVf+6vY1yxKukElqbSfwUwwn1KBgkk9L3czylLIRHfCOo4q6JeFkfu2UnDmlT2JtXCkkc/X3xIQm1o6TyHUmFId22ZuJ/3mdDOPrcCJUmiFXbLEoziRBTWavk74wnKEcO0KZEe5WwobUUIYuoJILIVh+eZU0L6qBXw3uLyu1uzyOIpzAKZxDAFdQg1uoQwMYPMIzvMKbp70X7937WLQWvHzmGP7A+/wBucePQA==</latexit><latexit sha1_base64="GTKfdL2qQ+5BocbrXyEm5o6m7Kk=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMeAF08SwTwgWcLsZDYZMzuzzPQKIeQfvHhQxKv/482/cZLsQRMLGoqqbrq7olQKi77/7RXW1jc2t4rbpZ3dvf2D8uFR0+rMMN5gWmrTjqjlUijeQIGSt1PDaRJJ3opGNzO/9cSNFVo94DjlYUIHSsSCUXRSs4si4bZXrvhVfw6ySoKcVCBHvVf+6vY1yxKukElqbSfwUwwn1KBgkk9L3czylLIRHfCOo4q6JeFkfu2UnDmlT2JtXCkkc/X3xIQm1o6TyHUmFId22ZuJ/3mdDOPrcCJUmiFXbLEoziRBTWavk74wnKEcO0KZEe5WwobUUIYuoJILIVh+eZU0L6qBXw3uLyu1uzyOIpzAKZxDAFdQg1uoQwMYPMIzvMKbp70X7937WLQWvHzmGP7A+/wBucePQA==</latexit><latexit sha1_base64="GTKfdL2qQ+5BocbrXyEm5o6m7Kk=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMeAF08SwTwgWcLsZDYZMzuzzPQKIeQfvHhQxKv/482/cZLsQRMLGoqqbrq7olQKi77/7RXW1jc2t4rbpZ3dvf2D8uFR0+rMMN5gWmrTjqjlUijeQIGSt1PDaRJJ3opGNzO/9cSNFVo94DjlYUIHSsSCUXRSs4si4bZXrvhVfw6ySoKcVCBHvVf+6vY1yxKukElqbSfwUwwn1KBgkk9L3czylLIRHfCOo4q6JeFkfu2UnDmlT2JtXCkkc/X3xIQm1o6TyHUmFId22ZuJ/3mdDOPrcCJUmiFXbLEoziRBTWavk74wnKEcO0KZEe5WwobUUIYuoJILIVh+eZU0L6qBXw3uLyu1uzyOIpzAKZxDAFdQg1uoQwMYPMIzvMKbp70X7937WLQWvHzmGP7A+/wBucePQA==</latexit><latexit sha1_base64="GTKfdL2qQ+5BocbrXyEm5o6m7Kk=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMeAF08SwTwgWcLsZDYZMzuzzPQKIeQfvHhQxKv/482/cZLsQRMLGoqqbrq7olQKi77/7RXW1jc2t4rbpZ3dvf2D8uFR0+rMMN5gWmrTjqjlUijeQIGSt1PDaRJJ3opGNzO/9cSNFVo94DjlYUIHSsSCUXRSs4si4bZXrvhVfw6ySoKcVCBHvVf+6vY1yxKukElqbSfwUwwn1KBgkk9L3czylLIRHfCOo4q6JeFkfu2UnDmlT2JtXCkkc/X3xIQm1o6TyHUmFId22ZuJ/3mdDOPrcCJUmiFXbLEoziRBTWavk74wnKEcO0KZEe5WwobUUIYuoJILIVh+eZU0L6qBXw3uLyu1uzyOIpzAKZxDAFdQg1uoQwMYPMIzvMKbp70X7937WLQWvHzmGP7A+/wBucePQA==</latexit> ⇥<latexit sha1_base64="GTKfdL2qQ+5BocbrXyEm5o6m7Kk=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMeAF08SwTwgWcLsZDYZMzuzzPQKIeQfvHhQxKv/482/cZLsQRMLGoqqbrq7olQKi77/7RXW1jc2t4rbpZ3dvf2D8uFR0+rMMN5gWmrTjqjlUijeQIGSt1PDaRJJ3opGNzO/9cSNFVo94DjlYUIHSsSCUXRSs4si4bZXrvhVfw6ySoKcVCBHvVf+6vY1yxKukElqbSfwUwwn1KBgkk9L3czylLIRHfCOo4q6JeFkfu2UnDmlT2JtXCkkc/X3xIQm1o6TyHUmFId22ZuJ/3mdDOPrcCJUmiFXbLEoziRBTWavk74wnKEcO0KZEe5WwobUUIYuoJILIVh+eZU0L6qBXw3uLyu1uzyOIpzAKZxDAFdQg1uoQwMYPMIzvMKbp70X7937WLQWvHzmGP7A+/wBucePQA==</latexit><latexit sha1_base64="GTKfdL2qQ+5BocbrXyEm5o6m7Kk=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMeAF08SwTwgWcLsZDYZMzuzzPQKIeQfvHhQxKv/482/cZLsQRMLGoqqbrq7olQKi77/7RXW1jc2t4rbpZ3dvf2D8uFR0+rMMN5gWmrTjqjlUijeQIGSt1PDaRJJ3opGNzO/9cSNFVo94DjlYUIHSsSCUXRSs4si4bZXrvhVfw6ySoKcVCBHvVf+6vY1yxKukElqbSfwUwwn1KBgkk9L3czylLIRHfCOo4q6JeFkfu2UnDmlT2JtXCkkc/X3xIQm1o6TyHUmFId22ZuJ/3mdDOPrcCJUmiFXbLEoziRBTWavk74wnKEcO0KZEe5WwobUUIYuoJILIVh+eZU0L6qBXw3uLyu1uzyOIpzAKZxDAFdQg1uoQwMYPMIzvMKbp70X7937WLQWvHzmGP7A+/wBucePQA==</latexit><latexit sha1_base64="GTKfdL2qQ+5BocbrXyEm5o6m7Kk=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMeAF08SwTwgWcLsZDYZMzuzzPQKIeQfvHhQxKv/482/cZLsQRMLGoqqbrq7olQKi77/7RXW1jc2t4rbpZ3dvf2D8uFR0+rMMN5gWmrTjqjlUijeQIGSt1PDaRJJ3opGNzO/9cSNFVo94DjlYUIHSsSCUXRSs4si4bZXrvhVfw6ySoKcVCBHvVf+6vY1yxKukElqbSfwUwwn1KBgkk9L3czylLIRHfCOo4q6JeFkfu2UnDmlT2JtXCkkc/X3xIQm1o6TyHUmFId22ZuJ/3mdDOPrcCJUmiFXbLEoziRBTWavk74wnKEcO0KZEe5WwobUUIYuoJILIVh+eZU0L6qBXw3uLyu1uzyOIpzAKZxDAFdQg1uoQwMYPMIzvMKbp70X7937WLQWvHzmGP7A+/wBucePQA==</latexit><latexit sha1_base64="GTKfdL2qQ+5BocbrXyEm5o6m7Kk=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMeAF08SwTwgWcLsZDYZMzuzzPQKIeQfvHhQxKv/482/cZLsQRMLGoqqbrq7olQKi77/7RXW1jc2t4rbpZ3dvf2D8uFR0+rMMN5gWmrTjqjlUijeQIGSt1PDaRJJ3opGNzO/9cSNFVo94DjlYUIHSsSCUXRSs4si4bZXrvhVfw6ySoKcVCBHvVf+6vY1yxKukElqbSfwUwwn1KBgkk9L3czylLIRHfCOo4q6JeFkfu2UnDmlT2JtXCkkc/X3xIQm1o6TyHUmFId22ZuJ/3mdDOPrcCJUmiFXbLEoziRBTWavk74wnKEcO0KZEe5WwobUUIYuoJILIVh+eZU0L6qBXw3uLyu1uzyOIpzAKZxDAFdQg1uoQwMYPMIzvMKbp70X7937WLQWvHzmGP7A+/wBucePQA==</latexit>

tanh
<latexit sha1_base64="S3n6zVldo+hZmWQYhmB8hW2R4QI=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeCF09SwbSFNpTNdtMu3WzC7kQoob/BiwdFvPqDvPlv3LY5aOuDgcd7M8zMC1MpDLrut1Pa2Nza3invVvb2Dw6PqscnbZNkmnGfJTLR3ZAaLoXiPgqUvJtqTuNQ8k44uZ37nSeujUjUI05THsR0pEQkGEUr+X2kajyo1ty6uwBZJ15BalCgNah+9YcJy2KukElqTM9zUwxyqlEwyWeVfmZ4StmEjnjPUkVjboJ8ceyMXFhlSKJE21JIFurviZzGxkzj0HbGFMdm1ZuL/3m9DKObIBcqzZArtlwUZZJgQuafk6HQnKGcWkKZFvZWwsZUU4Y2n4oNwVt9eZ20r+qeW/cermvN+yKOMpzBOVyCBw1owh20wAcGAp7hFd4c5bw4787HsrXkFDOn8AfO5w/eVo6/</latexit><latexit sha1_base64="S3n6zVldo+hZmWQYhmB8hW2R4QI=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeCF09SwbSFNpTNdtMu3WzC7kQoob/BiwdFvPqDvPlv3LY5aOuDgcd7M8zMC1MpDLrut1Pa2Nza3invVvb2Dw6PqscnbZNkmnGfJTLR3ZAaLoXiPgqUvJtqTuNQ8k44uZ37nSeujUjUI05THsR0pEQkGEUr+X2kajyo1ty6uwBZJ15BalCgNah+9YcJy2KukElqTM9zUwxyqlEwyWeVfmZ4StmEjnjPUkVjboJ8ceyMXFhlSKJE21JIFurviZzGxkzj0HbGFMdm1ZuL/3m9DKObIBcqzZArtlwUZZJgQuafk6HQnKGcWkKZFvZWwsZUU4Y2n4oNwVt9eZ20r+qeW/cermvN+yKOMpzBOVyCBw1owh20wAcGAp7hFd4c5bw4787HsrXkFDOn8AfO5w/eVo6/</latexit><latexit sha1_base64="S3n6zVldo+hZmWQYhmB8hW2R4QI=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeCF09SwbSFNpTNdtMu3WzC7kQoob/BiwdFvPqDvPlv3LY5aOuDgcd7M8zMC1MpDLrut1Pa2Nza3invVvb2Dw6PqscnbZNkmnGfJTLR3ZAaLoXiPgqUvJtqTuNQ8k44uZ37nSeujUjUI05THsR0pEQkGEUr+X2kajyo1ty6uwBZJ15BalCgNah+9YcJy2KukElqTM9zUwxyqlEwyWeVfmZ4StmEjnjPUkVjboJ8ceyMXFhlSKJE21JIFurviZzGxkzj0HbGFMdm1ZuL/3m9DKObIBcqzZArtlwUZZJgQuafk6HQnKGcWkKZFvZWwsZUU4Y2n4oNwVt9eZ20r+qeW/cermvN+yKOMpzBOVyCBw1owh20wAcGAp7hFd4c5bw4787HsrXkFDOn8AfO5w/eVo6/</latexit><latexit sha1_base64="S3n6zVldo+hZmWQYhmB8hW2R4QI=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeCF09SwbSFNpTNdtMu3WzC7kQoob/BiwdFvPqDvPlv3LY5aOuDgcd7M8zMC1MpDLrut1Pa2Nza3invVvb2Dw6PqscnbZNkmnGfJTLR3ZAaLoXiPgqUvJtqTuNQ8k44uZ37nSeujUjUI05THsR0pEQkGEUr+X2kajyo1ty6uwBZJ15BalCgNah+9YcJy2KukElqTM9zUwxyqlEwyWeVfmZ4StmEjnjPUkVjboJ8ceyMXFhlSKJE21JIFurviZzGxkzj0HbGFMdm1ZuL/3m9DKObIBcqzZArtlwUZZJgQuafk6HQnKGcWkKZFvZWwsZUU4Y2n4oNwVt9eZ20r+qeW/cermvN+yKOMpzBOVyCBw1owh20wAcGAp7hFd4c5bw4787HsrXkFDOn8AfO5w/eVo6/</latexit>

⇥<latexit sha1_base64="GTKfdL2qQ+5BocbrXyEm5o6m7Kk=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMeAF08SwTwgWcLsZDYZMzuzzPQKIeQfvHhQxKv/482/cZLsQRMLGoqqbrq7olQKi77/7RXW1jc2t4rbpZ3dvf2D8uFR0+rMMN5gWmrTjqjlUijeQIGSt1PDaRJJ3opGNzO/9cSNFVo94DjlYUIHSsSCUXRSs4si4bZXrvhVfw6ySoKcVCBHvVf+6vY1yxKukElqbSfwUwwn1KBgkk9L3czylLIRHfCOo4q6JeFkfu2UnDmlT2JtXCkkc/X3xIQm1o6TyHUmFId22ZuJ/3mdDOPrcCJUmiFXbLEoziRBTWavk74wnKEcO0KZEe5WwobUUIYuoJILIVh+eZU0L6qBXw3uLyu1uzyOIpzAKZxDAFdQg1uoQwMYPMIzvMKbp70X7937WLQWvHzmGP7A+/wBucePQA==</latexit><latexit sha1_base64="GTKfdL2qQ+5BocbrXyEm5o6m7Kk=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMeAF08SwTwgWcLsZDYZMzuzzPQKIeQfvHhQxKv/482/cZLsQRMLGoqqbrq7olQKi77/7RXW1jc2t4rbpZ3dvf2D8uFR0+rMMN5gWmrTjqjlUijeQIGSt1PDaRJJ3opGNzO/9cSNFVo94DjlYUIHSsSCUXRSs4si4bZXrvhVfw6ySoKcVCBHvVf+6vY1yxKukElqbSfwUwwn1KBgkk9L3czylLIRHfCOo4q6JeFkfu2UnDmlT2JtXCkkc/X3xIQm1o6TyHUmFId22ZuJ/3mdDOPrcCJUmiFXbLEoziRBTWavk74wnKEcO0KZEe5WwobUUIYuoJILIVh+eZU0L6qBXw3uLyu1uzyOIpzAKZxDAFdQg1uoQwMYPMIzvMKbp70X7937WLQWvHzmGP7A+/wBucePQA==</latexit><latexit sha1_base64="GTKfdL2qQ+5BocbrXyEm5o6m7Kk=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMeAF08SwTwgWcLsZDYZMzuzzPQKIeQfvHhQxKv/482/cZLsQRMLGoqqbrq7olQKi77/7RXW1jc2t4rbpZ3dvf2D8uFR0+rMMN5gWmrTjqjlUijeQIGSt1PDaRJJ3opGNzO/9cSNFVo94DjlYUIHSsSCUXRSs4si4bZXrvhVfw6ySoKcVCBHvVf+6vY1yxKukElqbSfwUwwn1KBgkk9L3czylLIRHfCOo4q6JeFkfu2UnDmlT2JtXCkkc/X3xIQm1o6TyHUmFId22ZuJ/3mdDOPrcCJUmiFXbLEoziRBTWavk74wnKEcO0KZEe5WwobUUIYuoJILIVh+eZU0L6qBXw3uLyu1uzyOIpzAKZxDAFdQg1uoQwMYPMIzvMKbp70X7937WLQWvHzmGP7A+/wBucePQA==</latexit><latexit sha1_base64="GTKfdL2qQ+5BocbrXyEm5o6m7Kk=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMeAF08SwTwgWcLsZDYZMzuzzPQKIeQfvHhQxKv/482/cZLsQRMLGoqqbrq7olQKi77/7RXW1jc2t4rbpZ3dvf2D8uFR0+rMMN5gWmrTjqjlUijeQIGSt1PDaRJJ3opGNzO/9cSNFVo94DjlYUIHSsSCUXRSs4si4bZXrvhVfw6ySoKcVCBHvVf+6vY1yxKukElqbSfwUwwn1KBgkk9L3czylLIRHfCOo4q6JeFkfu2UnDmlT2JtXCkkc/X3xIQm1o6TyHUmFId22ZuJ/3mdDOPrcCJUmiFXbLEoziRBTWavk74wnKEcO0KZEe5WwobUUIYuoJILIVh+eZU0L6qBXw3uLyu1uzyOIpzAKZxDAFdQg1uoQwMYPMIzvMKbp70X7937WLQWvHzmGP7A+/wBucePQA==</latexit> +
<latexit sha1_base64="HhoTgelPKqi2BRQRGAHOVNgkLJI=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBZBEEoigh4LXjxJC/YD2lA220m7drMJuxuhhP4CLx4U8epP8ua/cdvmoK0PBh7vzTAzL0gE18Z1v53C2vrG5lZxu7Szu7d/UD48auk4VQybLBax6gRUo+ASm4YbgZ1EIY0Cge1gfDvz20+oNI/lg5kk6Ed0KHnIGTVWalz0yxW36s5BVomXkwrkqPfLX71BzNIIpWGCat313MT4GVWGM4HTUi/VmFA2pkPsWipphNrP5odOyZlVBiSMlS1pyFz9PZHRSOtJFNjOiJqRXvZm4n9eNzXhjZ9xmaQGJVssClNBTExmX5MBV8iMmFhCmeL2VsJGVFFmbDYlG4K3/PIqaV1WPbfqNa4qtfs8jiKcwCmcgwfXUIM7qEMTGCA8wyu8OY/Oi/PufCxaC04+cwx/4Hz+AHUhjLs=</latexit><latexit sha1_base64="HhoTgelPKqi2BRQRGAHOVNgkLJI=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBZBEEoigh4LXjxJC/YD2lA220m7drMJuxuhhP4CLx4U8epP8ua/cdvmoK0PBh7vzTAzL0gE18Z1v53C2vrG5lZxu7Szu7d/UD48auk4VQybLBax6gRUo+ASm4YbgZ1EIY0Cge1gfDvz20+oNI/lg5kk6Ed0KHnIGTVWalz0yxW36s5BVomXkwrkqPfLX71BzNIIpWGCat313MT4GVWGM4HTUi/VmFA2pkPsWipphNrP5odOyZlVBiSMlS1pyFz9PZHRSOtJFNjOiJqRXvZm4n9eNzXhjZ9xmaQGJVssClNBTExmX5MBV8iMmFhCmeL2VsJGVFFmbDYlG4K3/PIqaV1WPbfqNa4qtfs8jiKcwCmcgwfXUIM7qEMTGCA8wyu8OY/Oi/PufCxaC04+cwx/4Hz+AHUhjLs=</latexit><latexit sha1_base64="HhoTgelPKqi2BRQRGAHOVNgkLJI=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBZBEEoigh4LXjxJC/YD2lA220m7drMJuxuhhP4CLx4U8epP8ua/cdvmoK0PBh7vzTAzL0gE18Z1v53C2vrG5lZxu7Szu7d/UD48auk4VQybLBax6gRUo+ASm4YbgZ1EIY0Cge1gfDvz20+oNI/lg5kk6Ed0KHnIGTVWalz0yxW36s5BVomXkwrkqPfLX71BzNIIpWGCat313MT4GVWGM4HTUi/VmFA2pkPsWipphNrP5odOyZlVBiSMlS1pyFz9PZHRSOtJFNjOiJqRXvZm4n9eNzXhjZ9xmaQGJVssClNBTExmX5MBV8iMmFhCmeL2VsJGVFFmbDYlG4K3/PIqaV1WPbfqNa4qtfs8jiKcwCmcgwfXUIM7qEMTGCA8wyu8OY/Oi/PufCxaC04+cwx/4Hz+AHUhjLs=</latexit><latexit sha1_base64="HhoTgelPKqi2BRQRGAHOVNgkLJI=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBZBEEoigh4LXjxJC/YD2lA220m7drMJuxuhhP4CLx4U8epP8ua/cdvmoK0PBh7vzTAzL0gE18Z1v53C2vrG5lZxu7Szu7d/UD48auk4VQybLBax6gRUo+ASm4YbgZ1EIY0Cge1gfDvz20+oNI/lg5kk6Ed0KHnIGTVWalz0yxW36s5BVomXkwrkqPfLX71BzNIIpWGCat313MT4GVWGM4HTUi/VmFA2pkPsWipphNrP5odOyZlVBiSMlS1pyFz9PZHRSOtJFNjOiJqRXvZm4n9eNzXhjZ9xmaQGJVssClNBTExmX5MBV8iMmFhCmeL2VsJGVFFmbDYlG4K3/PIqaV1WPbfqNa4qtfs8jiKcwCmcgwfXUIM7qEMTGCA8wyu8OY/Oi/PufCxaC04+cwx/4Hz+AHUhjLs=</latexit>

ct
<latexit sha1_base64="5WUDWjePp6UGXPjTtRL6aQ3Mxqw=">AAAB83icbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCF09SwdZCE8pmu2mXbjZh90UooX/DiwdFvPpnvPlv3LQ5aOvAwjDzHm92wlQKg6777VTW1jc2t6rbtZ3dvf2D+uFR1ySZZrzDEpnoXkgNl0LxDgqUvJdqTuNQ8sdwclP4j09cG5GoB5ymPIjpSIlIMIpW8v2Y4jiMcjYb4KDecJvuHGSVeCVpQIn2oP7lDxOWxVwhk9SYvuemGORUo2CSz2p+ZnhK2YSOeN9SRWNugnyeeUbOrDIkUaLtU0jm6u+NnMbGTOPQThYZzbJXiP95/Qyj6yAXKs2QK7Y4FGWSYEKKAshQaM5QTi2hTAublbAx1ZShralmS/CWv7xKuhdNz21695eN1l1ZRxVO4BTOwYMraMEttKEDDFJ4hld4czLnxXl3PhajFafcOYY/cD5/AHN1kfo=</latexit><latexit sha1_base64="5WUDWjePp6UGXPjTtRL6aQ3Mxqw=">AAAB83icbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCF09SwdZCE8pmu2mXbjZh90UooX/DiwdFvPpnvPlv3LQ5aOvAwjDzHm92wlQKg6777VTW1jc2t6rbtZ3dvf2D+uFR1ySZZrzDEpnoXkgNl0LxDgqUvJdqTuNQ8sdwclP4j09cG5GoB5ymPIjpSIlIMIpW8v2Y4jiMcjYb4KDecJvuHGSVeCVpQIn2oP7lDxOWxVwhk9SYvuemGORUo2CSz2p+ZnhK2YSOeN9SRWNugnyeeUbOrDIkUaLtU0jm6u+NnMbGTOPQThYZzbJXiP95/Qyj6yAXKs2QK7Y4FGWSYEKKAshQaM5QTi2hTAublbAx1ZShralmS/CWv7xKuhdNz21695eN1l1ZRxVO4BTOwYMraMEttKEDDFJ4hld4czLnxXl3PhajFafcOYY/cD5/AHN1kfo=</latexit><latexit sha1_base64="5WUDWjePp6UGXPjTtRL6aQ3Mxqw=">AAAB83icbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCF09SwdZCE8pmu2mXbjZh90UooX/DiwdFvPpnvPlv3LQ5aOvAwjDzHm92wlQKg6777VTW1jc2t6rbtZ3dvf2D+uFR1ySZZrzDEpnoXkgNl0LxDgqUvJdqTuNQ8sdwclP4j09cG5GoB5ymPIjpSIlIMIpW8v2Y4jiMcjYb4KDecJvuHGSVeCVpQIn2oP7lDxOWxVwhk9SYvuemGORUo2CSz2p+ZnhK2YSOeN9SRWNugnyeeUbOrDIkUaLtU0jm6u+NnMbGTOPQThYZzbJXiP95/Qyj6yAXKs2QK7Y4FGWSYEKKAshQaM5QTi2hTAublbAx1ZShralmS/CWv7xKuhdNz21695eN1l1ZRxVO4BTOwYMraMEttKEDDFJ4hld4czLnxXl3PhajFafcOYY/cD5/AHN1kfo=</latexit><latexit sha1_base64="5WUDWjePp6UGXPjTtRL6aQ3Mxqw=">AAAB83icbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCF09SwdZCE8pmu2mXbjZh90UooX/DiwdFvPpnvPlv3LQ5aOvAwjDzHm92wlQKg6777VTW1jc2t6rbtZ3dvf2D+uFR1ySZZrzDEpnoXkgNl0LxDgqUvJdqTuNQ8sdwclP4j09cG5GoB5ymPIjpSIlIMIpW8v2Y4jiMcjYb4KDecJvuHGSVeCVpQIn2oP7lDxOWxVwhk9SYvuemGORUo2CSz2p+ZnhK2YSOeN9SRWNugnyeeUbOrDIkUaLtU0jm6u+NnMbGTOPQThYZzbJXiP95/Qyj6yAXKs2QK7Y4FGWSYEKKAshQaM5QTi2hTAublbAx1ZShralmS/CWv7xKuhdNz21695eN1l1ZRxVO4BTOwYMraMEttKEDDFJ4hld4czLnxXl3PhajFafcOYY/cD5/AHN1kfo=</latexit>

ct�1
<latexit sha1_base64="emCJqSUr6GKNg3/T4+bzhxu3s0g=">AAAB+XicbVDLSsNAFL3xWesr6tLNYBHcWBIRdFlw40oq2Ae0IUymk3bo5MHMTaGE/okbF4q49U/c+TdO2iy09cDA4Zx7uWdOkEqh0XG+rbX1jc2t7cpOdXdv/+DQPjpu6yRTjLdYIhPVDajmUsS8hQIl76aK0yiQvBOM7wq/M+FKiyR+wmnKvYgOYxEKRtFIvm33I4qjIMzZzM/x0p35ds2pO3OQVeKWpAYlmr791R8kLIt4jExSrXuuk6KXU4WCST6r9jPNU8rGdMh7hsY04trL58ln5NwoAxImyrwYyVz9vZHTSOtpFJjJIqde9grxP6+XYXjr5SJOM+QxWxwKM0kwIUUNZCAUZyinhlCmhMlK2IgqytCUVTUluMtfXiXtq7rr1N3H61rjoayjAqdwBhfgwg004B6a0AIGE3iGV3izcuvFerc+FqNrVrlzAn9gff4Am7WTqQ==</latexit><latexit sha1_base64="emCJqSUr6GKNg3/T4+bzhxu3s0g=">AAAB+XicbVDLSsNAFL3xWesr6tLNYBHcWBIRdFlw40oq2Ae0IUymk3bo5MHMTaGE/okbF4q49U/c+TdO2iy09cDA4Zx7uWdOkEqh0XG+rbX1jc2t7cpOdXdv/+DQPjpu6yRTjLdYIhPVDajmUsS8hQIl76aK0yiQvBOM7wq/M+FKiyR+wmnKvYgOYxEKRtFIvm33I4qjIMzZzM/x0p35ds2pO3OQVeKWpAYlmr791R8kLIt4jExSrXuuk6KXU4WCST6r9jPNU8rGdMh7hsY04trL58ln5NwoAxImyrwYyVz9vZHTSOtpFJjJIqde9grxP6+XYXjr5SJOM+QxWxwKM0kwIUUNZCAUZyinhlCmhMlK2IgqytCUVTUluMtfXiXtq7rr1N3H61rjoayjAqdwBhfgwg004B6a0AIGE3iGV3izcuvFerc+FqNrVrlzAn9gff4Am7WTqQ==</latexit><latexit sha1_base64="emCJqSUr6GKNg3/T4+bzhxu3s0g=">AAAB+XicbVDLSsNAFL3xWesr6tLNYBHcWBIRdFlw40oq2Ae0IUymk3bo5MHMTaGE/okbF4q49U/c+TdO2iy09cDA4Zx7uWdOkEqh0XG+rbX1jc2t7cpOdXdv/+DQPjpu6yRTjLdYIhPVDajmUsS8hQIl76aK0yiQvBOM7wq/M+FKiyR+wmnKvYgOYxEKRtFIvm33I4qjIMzZzM/x0p35ds2pO3OQVeKWpAYlmr791R8kLIt4jExSrXuuk6KXU4WCST6r9jPNU8rGdMh7hsY04trL58ln5NwoAxImyrwYyVz9vZHTSOtpFJjJIqde9grxP6+XYXjr5SJOM+QxWxwKM0kwIUUNZCAUZyinhlCmhMlK2IgqytCUVTUluMtfXiXtq7rr1N3H61rjoayjAqdwBhfgwg004B6a0AIGE3iGV3izcuvFerc+FqNrVrlzAn9gff4Am7WTqQ==</latexit><latexit sha1_base64="emCJqSUr6GKNg3/T4+bzhxu3s0g=">AAAB+XicbVDLSsNAFL3xWesr6tLNYBHcWBIRdFlw40oq2Ae0IUymk3bo5MHMTaGE/okbF4q49U/c+TdO2iy09cDA4Zx7uWdOkEqh0XG+rbX1jc2t7cpOdXdv/+DQPjpu6yRTjLdYIhPVDajmUsS8hQIl76aK0yiQvBOM7wq/M+FKiyR+wmnKvYgOYxEKRtFIvm33I4qjIMzZzM/x0p35ds2pO3OQVeKWpAYlmr791R8kLIt4jExSrXuuk6KXU4WCST6r9jPNU8rGdMh7hsY04trL58ln5NwoAxImyrwYyVz9vZHTSOtpFJjJIqde9grxP6+XYXjr5SJOM+QxWxwKM0kwIUUNZCAUZyinhlCmhMlK2IgqytCUVTUluMtfXiXtq7rr1N3H61rjoayjAqdwBhfgwg004B6a0AIGE3iGV3izcuvFerc+FqNrVrlzAn9gff4Am7WTqQ==</latexit>

ht�1
<latexit sha1_base64="yxjMj4Vxu9iFj9hIkKZENdxpyl4=">AAAB+XicbVDLSsNAFL3xWesr6tLNYBHcWBIRdFlw40oq2Ae0IUymk3bo5MHMTaGE/okbF4q49U/c+TdO2iy09cDA4Zx7uWdOkEqh0XG+rbX1jc2t7cpOdXdv/+DQPjpu6yRTjLdYIhPVDajmUsS8hQIl76aK0yiQvBOM7wq/M+FKiyR+wmnKvYgOYxEKRtFIvm33I4qjIMxHMz/HS3fm2zWn7sxBVolbkhqUaPr2V3+QsCziMTJJte65TopeThUKJvms2s80Tykb0yHvGRrTiGsvnyefkXOjDEiYKPNiJHP190ZOI62nUWAmi5x62SvE/7xehuGtl4s4zZDHbHEozCTBhBQ1kIFQnKGcGkKZEiYrYSOqKENTVtWU4C5/eZW0r+quU3cfr2uNh7KOCpzCGVyACzfQgHtoQgsYTOAZXuHNyq0X6936WIyuWeXOCfyB9fkDo2yTrg==</latexit><latexit sha1_base64="yxjMj4Vxu9iFj9hIkKZENdxpyl4=">AAAB+XicbVDLSsNAFL3xWesr6tLNYBHcWBIRdFlw40oq2Ae0IUymk3bo5MHMTaGE/okbF4q49U/c+TdO2iy09cDA4Zx7uWdOkEqh0XG+rbX1jc2t7cpOdXdv/+DQPjpu6yRTjLdYIhPVDajmUsS8hQIl76aK0yiQvBOM7wq/M+FKiyR+wmnKvYgOYxEKRtFIvm33I4qjIMxHMz/HS3fm2zWn7sxBVolbkhqUaPr2V3+QsCziMTJJte65TopeThUKJvms2s80Tykb0yHvGRrTiGsvnyefkXOjDEiYKPNiJHP190ZOI62nUWAmi5x62SvE/7xehuGtl4s4zZDHbHEozCTBhBQ1kIFQnKGcGkKZEiYrYSOqKENTVtWU4C5/eZW0r+quU3cfr2uNh7KOCpzCGVyACzfQgHtoQgsYTOAZXuHNyq0X6936WIyuWeXOCfyB9fkDo2yTrg==</latexit><latexit sha1_base64="yxjMj4Vxu9iFj9hIkKZENdxpyl4=">AAAB+XicbVDLSsNAFL3xWesr6tLNYBHcWBIRdFlw40oq2Ae0IUymk3bo5MHMTaGE/okbF4q49U/c+TdO2iy09cDA4Zx7uWdOkEqh0XG+rbX1jc2t7cpOdXdv/+DQPjpu6yRTjLdYIhPVDajmUsS8hQIl76aK0yiQvBOM7wq/M+FKiyR+wmnKvYgOYxEKRtFIvm33I4qjIMxHMz/HS3fm2zWn7sxBVolbkhqUaPr2V3+QsCziMTJJte65TopeThUKJvms2s80Tykb0yHvGRrTiGsvnyefkXOjDEiYKPNiJHP190ZOI62nUWAmi5x62SvE/7xehuGtl4s4zZDHbHEozCTBhBQ1kIFQnKGcGkKZEiYrYSOqKENTVtWU4C5/eZW0r+quU3cfr2uNh7KOCpzCGVyACzfQgHtoQgsYTOAZXuHNyq0X6936WIyuWeXOCfyB9fkDo2yTrg==</latexit><latexit sha1_base64="yxjMj4Vxu9iFj9hIkKZENdxpyl4=">AAAB+XicbVDLSsNAFL3xWesr6tLNYBHcWBIRdFlw40oq2Ae0IUymk3bo5MHMTaGE/okbF4q49U/c+TdO2iy09cDA4Zx7uWdOkEqh0XG+rbX1jc2t7cpOdXdv/+DQPjpu6yRTjLdYIhPVDajmUsS8hQIl76aK0yiQvBOM7wq/M+FKiyR+wmnKvYgOYxEKRtFIvm33I4qjIMxHMz/HS3fm2zWn7sxBVolbkhqUaPr2V3+QsCziMTJJte65TopeThUKJvms2s80Tykb0yHvGRrTiGsvnyefkXOjDEiYKPNiJHP190ZOI62nUWAmi5x62SvE/7xehuGtl4s4zZDHbHEozCTBhBQ1kIFQnKGcGkKZEiYrYSOqKENTVtWU4C5/eZW0r+quU3cfr2uNh7KOCpzCGVyACzfQgHtoQgsYTOAZXuHNyq0X6936WIyuWeXOCfyB9fkDo2yTrg==</latexit>

ht
<latexit sha1_base64="C8cS07ccsRznUcwCnAOuJ+Sj35s=">AAAB9XicbVDLSsNAFL3xWeur6tLNYBFclUQEXRbcuJIK9gFtLZPppB06mYSZG6WE/IcbF4q49V/c+TdO2iy09cDA4Zx7uWeOH0th0HW/nZXVtfWNzdJWeXtnd2+/cnDYMlGiGW+ySEa641PDpVC8iQIl78Sa09CXvO1PrnO//ci1EZG6x2nM+yEdKREIRtFKD72Q4tgP0nE2SDEbVKpuzZ2BLBOvIFUo0BhUvnrDiCUhV8gkNabruTH2U6pRMMmzci8xPKZsQke8a6miITf9dJY6I6dWGZIg0vYpJDP190ZKQ2OmoW8n85Rm0cvF/7xugsFVPxUqTpArNj8UJJJgRPIKyFBozlBOLaFMC5uVsDHVlKEtqmxL8Ba/vExa5zXPrXl3F9X6bVFHCY7hBM7Ag0uoww00oAkMNDzDK7w5T86L8+58zEdXnGLnCP7A+fwBR5CTCw==</latexit><latexit sha1_base64="C8cS07ccsRznUcwCnAOuJ+Sj35s=">AAAB9XicbVDLSsNAFL3xWeur6tLNYBFclUQEXRbcuJIK9gFtLZPppB06mYSZG6WE/IcbF4q49V/c+TdO2iy09cDA4Zx7uWeOH0th0HW/nZXVtfWNzdJWeXtnd2+/cnDYMlGiGW+ySEa641PDpVC8iQIl78Sa09CXvO1PrnO//ci1EZG6x2nM+yEdKREIRtFKD72Q4tgP0nE2SDEbVKpuzZ2BLBOvIFUo0BhUvnrDiCUhV8gkNabruTH2U6pRMMmzci8xPKZsQke8a6miITf9dJY6I6dWGZIg0vYpJDP190ZKQ2OmoW8n85Rm0cvF/7xugsFVPxUqTpArNj8UJJJgRPIKyFBozlBOLaFMC5uVsDHVlKEtqmxL8Ba/vExa5zXPrXl3F9X6bVFHCY7hBM7Ag0uoww00oAkMNDzDK7w5T86L8+58zEdXnGLnCP7A+fwBR5CTCw==</latexit><latexit sha1_base64="C8cS07ccsRznUcwCnAOuJ+Sj35s=">AAAB9XicbVDLSsNAFL3xWeur6tLNYBFclUQEXRbcuJIK9gFtLZPppB06mYSZG6WE/IcbF4q49V/c+TdO2iy09cDA4Zx7uWeOH0th0HW/nZXVtfWNzdJWeXtnd2+/cnDYMlGiGW+ySEa641PDpVC8iQIl78Sa09CXvO1PrnO//ci1EZG6x2nM+yEdKREIRtFKD72Q4tgP0nE2SDEbVKpuzZ2BLBOvIFUo0BhUvnrDiCUhV8gkNabruTH2U6pRMMmzci8xPKZsQke8a6miITf9dJY6I6dWGZIg0vYpJDP190ZKQ2OmoW8n85Rm0cvF/7xugsFVPxUqTpArNj8UJJJgRPIKyFBozlBOLaFMC5uVsDHVlKEtqmxL8Ba/vExa5zXPrXl3F9X6bVFHCY7hBM7Ag0uoww00oAkMNDzDK7w5T86L8+58zEdXnGLnCP7A+fwBR5CTCw==</latexit><latexit sha1_base64="C8cS07ccsRznUcwCnAOuJ+Sj35s=">AAAB9XicbVDLSsNAFL3xWeur6tLNYBFclUQEXRbcuJIK9gFtLZPppB06mYSZG6WE/IcbF4q49V/c+TdO2iy09cDA4Zx7uWeOH0th0HW/nZXVtfWNzdJWeXtnd2+/cnDYMlGiGW+ySEa641PDpVC8iQIl78Sa09CXvO1PrnO//ci1EZG6x2nM+yEdKREIRtFKD72Q4tgP0nE2SDEbVKpuzZ2BLBOvIFUo0BhUvnrDiCUhV8gkNabruTH2U6pRMMmzci8xPKZsQke8a6miITf9dJY6I6dWGZIg0vYpJDP190ZKQ2OmoW8n85Rm0cvF/7xugsFVPxUqTpArNj8UJJJgRPIKyFBozlBOLaFMC5uVsDHVlKEtqmxL8Ba/vExa5zXPrXl3F9X6bVFHCY7hBM7Ag0uoww00oAkMNDzDK7w5T86L8+58zEdXnGLnCP7A+fwBR5CTCw==</latexit>

xt
<latexit sha1_base64="FJNL40STnkGHkjiIIJI4cKA1lJI=">AAAB9XicbVDLSsNAFL2pr1pfVZdugkVwVRIRdFlw40oq2Ae0sUymk3boZBJmbtQS8h9uXCji1n9x5984abPQ1gMDh3Pu5Z45fiy4Rsf5tkorq2vrG+XNytb2zu5edf+graNEUdaikYhU1yeaCS5ZCzkK1o0VI6EvWMefXOV+54EpzSN5h9OYeSEZSR5wStBI9/2Q4NgP0qdskGI2qNacujODvUzcgtSgQHNQ/eoPI5qETCIVROue68TopUQhp4JllX6iWUzohIxYz1BJQqa9dJY6s0+MMrSDSJkn0Z6pvzdSEmo9DX0zmafUi14u/uf1EgwuvZTLOEEm6fxQkAgbIzuvwB5yxSiKqSGEKm6y2nRMFKFoiqqYEtzFLy+T9lndderu7XmtcVPUUYYjOIZTcOECGnANTWgBBQXP8Apv1qP1Yr1bH/PRklXsHMIfWJ8/YCCTGw==</latexit><latexit sha1_base64="FJNL40STnkGHkjiIIJI4cKA1lJI=">AAAB9XicbVDLSsNAFL2pr1pfVZdugkVwVRIRdFlw40oq2Ae0sUymk3boZBJmbtQS8h9uXCji1n9x5984abPQ1gMDh3Pu5Z45fiy4Rsf5tkorq2vrG+XNytb2zu5edf+graNEUdaikYhU1yeaCS5ZCzkK1o0VI6EvWMefXOV+54EpzSN5h9OYeSEZSR5wStBI9/2Q4NgP0qdskGI2qNacujODvUzcgtSgQHNQ/eoPI5qETCIVROue68TopUQhp4JllX6iWUzohIxYz1BJQqa9dJY6s0+MMrSDSJkn0Z6pvzdSEmo9DX0zmafUi14u/uf1EgwuvZTLOEEm6fxQkAgbIzuvwB5yxSiKqSGEKm6y2nRMFKFoiqqYEtzFLy+T9lndderu7XmtcVPUUYYjOIZTcOECGnANTWgBBQXP8Apv1qP1Yr1bH/PRklXsHMIfWJ8/YCCTGw==</latexit><latexit sha1_base64="FJNL40STnkGHkjiIIJI4cKA1lJI=">AAAB9XicbVDLSsNAFL2pr1pfVZdugkVwVRIRdFlw40oq2Ae0sUymk3boZBJmbtQS8h9uXCji1n9x5984abPQ1gMDh3Pu5Z45fiy4Rsf5tkorq2vrG+XNytb2zu5edf+graNEUdaikYhU1yeaCS5ZCzkK1o0VI6EvWMefXOV+54EpzSN5h9OYeSEZSR5wStBI9/2Q4NgP0qdskGI2qNacujODvUzcgtSgQHNQ/eoPI5qETCIVROue68TopUQhp4JllX6iWUzohIxYz1BJQqa9dJY6s0+MMrSDSJkn0Z6pvzdSEmo9DX0zmafUi14u/uf1EgwuvZTLOEEm6fxQkAgbIzuvwB5yxSiKqSGEKm6y2nRMFKFoiqqYEtzFLy+T9lndderu7XmtcVPUUYYjOIZTcOECGnANTWgBBQXP8Apv1qP1Yr1bH/PRklXsHMIfWJ8/YCCTGw==</latexit><latexit sha1_base64="FJNL40STnkGHkjiIIJI4cKA1lJI=">AAAB9XicbVDLSsNAFL2pr1pfVZdugkVwVRIRdFlw40oq2Ae0sUymk3boZBJmbtQS8h9uXCji1n9x5984abPQ1gMDh3Pu5Z45fiy4Rsf5tkorq2vrG+XNytb2zu5edf+graNEUdaikYhU1yeaCS5ZCzkK1o0VI6EvWMefXOV+54EpzSN5h9OYeSEZSR5wStBI9/2Q4NgP0qdskGI2qNacujODvUzcgtSgQHNQ/eoPI5qETCIVROue68TopUQhp4JllX6iWUzohIxYz1BJQqa9dJY6s0+MMrSDSJkn0Z6pvzdSEmo9DX0zmafUi14u/uf1EgwuvZTLOEEm6fxQkAgbIzuvwB5yxSiKqSGEKm6y2nRMFKFoiqqYEtzFLy+T9lndderu7XmtcVPUUYYjOIZTcOECGnANTWgBBQXP8Apv1qP1Yr1bH/PRklXsHMIfWJ8/YCCTGw==</latexit>

ft
<latexit sha1_base64="zNuDA/4+dnezeGY1wiULiktOBL8=">AAAB9XicbVDLSsNAFL3xWeur6tLNYBFclUQEXRbcuJIK9gFtLZPppB06mYSZG6WE/IcbF4q49V/c+TdO2iy09cDA4Zx7uWeOH0th0HW/nZXVtfWNzdJWeXtnd2+/cnDYMlGiGW+ySEa641PDpVC8iQIl78Sa09CXvO1PrnO//ci1EZG6x2nM+yEdKREIRtFKD72Q4tgP0iAbpJgNKlW35s5AlolXkCoUaAwqX71hxJKQK2SSGtP13Bj7KdUomORZuZcYHlM2oSPetVTRkJt+OkudkVOrDEkQafsUkpn6eyOloTHT0LeTeUqz6OXif143weCqnwoVJ8gVmx8KEkkwInkFZCg0ZyinllCmhc1K2JhqytAWVbYleItfXiat85rn1ry7i2r9tqijBMdwAmfgwSXU4QYa0AQGGp7hFd6cJ+fFeXc+5qMrTrFzBH/gfP4ARH6TCQ==</latexit><latexit sha1_base64="zNuDA/4+dnezeGY1wiULiktOBL8=">AAAB9XicbVDLSsNAFL3xWeur6tLNYBFclUQEXRbcuJIK9gFtLZPppB06mYSZG6WE/IcbF4q49V/c+TdO2iy09cDA4Zx7uWeOH0th0HW/nZXVtfWNzdJWeXtnd2+/cnDYMlGiGW+ySEa641PDpVC8iQIl78Sa09CXvO1PrnO//ci1EZG6x2nM+yEdKREIRtFKD72Q4tgP0iAbpJgNKlW35s5AlolXkCoUaAwqX71hxJKQK2SSGtP13Bj7KdUomORZuZcYHlM2oSPetVTRkJt+OkudkVOrDEkQafsUkpn6eyOloTHT0LeTeUqz6OXif143weCqnwoVJ8gVmx8KEkkwInkFZCg0ZyinllCmhc1K2JhqytAWVbYleItfXiat85rn1ry7i2r9tqijBMdwAmfgwSXU4QYa0AQGGp7hFd6cJ+fFeXc+5qMrTrFzBH/gfP4ARH6TCQ==</latexit><latexit sha1_base64="zNuDA/4+dnezeGY1wiULiktOBL8=">AAAB9XicbVDLSsNAFL3xWeur6tLNYBFclUQEXRbcuJIK9gFtLZPppB06mYSZG6WE/IcbF4q49V/c+TdO2iy09cDA4Zx7uWeOH0th0HW/nZXVtfWNzdJWeXtnd2+/cnDYMlGiGW+ySEa641PDpVC8iQIl78Sa09CXvO1PrnO//ci1EZG6x2nM+yEdKREIRtFKD72Q4tgP0iAbpJgNKlW35s5AlolXkCoUaAwqX71hxJKQK2SSGtP13Bj7KdUomORZuZcYHlM2oSPetVTRkJt+OkudkVOrDEkQafsUkpn6eyOloTHT0LeTeUqz6OXif143weCqnwoVJ8gVmx8KEkkwInkFZCg0ZyinllCmhc1K2JhqytAWVbYleItfXiat85rn1ry7i2r9tqijBMdwAmfgwSXU4QYa0AQGGp7hFd6cJ+fFeXc+5qMrTrFzBH/gfP4ARH6TCQ==</latexit><latexit sha1_base64="zNuDA/4+dnezeGY1wiULiktOBL8=">AAAB9XicbVDLSsNAFL3xWeur6tLNYBFclUQEXRbcuJIK9gFtLZPppB06mYSZG6WE/IcbF4q49V/c+TdO2iy09cDA4Zx7uWeOH0th0HW/nZXVtfWNzdJWeXtnd2+/cnDYMlGiGW+ySEa641PDpVC8iQIl78Sa09CXvO1PrnO//ci1EZG6x2nM+yEdKREIRtFKD72Q4tgP0iAbpJgNKlW35s5AlolXkCoUaAwqX71hxJKQK2SSGtP13Bj7KdUomORZuZcYHlM2oSPetVTRkJt+OkudkVOrDEkQafsUkpn6eyOloTHT0LeTeUqz6OXif143weCqnwoVJ8gVmx8KEkkwInkFZCg0ZyinllCmhc1K2JhqytAWVbYleItfXiat85rn1ry7i2r9tqijBMdwAmfgwSXU4QYa0AQGGp7hFd6cJ+fFeXc+5qMrTrFzBH/gfP4ARH6TCQ==</latexit>

it
<latexit sha1_base64="xbavAHYCQW7f1C4W/PLChvnCFzc=">AAAB9XicbVDLSsNAFL3xWeur6tLNYBFclUQEXRbcuJIK9gFtLZPppB06mYSZG6WE/IcbF4q49V/c+TdO2iy09cDA4Zx7uWeOH0th0HW/nZXVtfWNzdJWeXtnd2+/cnDYMlGiGW+ySEa641PDpVC8iQIl78Sa09CXvO1PrnO//ci1EZG6x2nM+yEdKREIRtFKD72Q4tgPUpENUswGlapbc2cgy8QrSBUKNAaVr94wYknIFTJJjel6boz9lGoUTPKs3EsMjymb0BHvWqpoyE0/naXOyKlVhiSItH0KyUz9vZHS0Jhp6NvJPKVZ9HLxP6+bYHDVT4WKE+SKzQ8FiSQYkbwCMhSaM5RTSyjTwmYlbEw1ZWiLKtsSvMUvL5PWec1za97dRbV+W9RRgmM4gTPw4BLqcAMNaAIDDc/wCm/Ok/PivDsf89EVp9g5gj9wPn8ASRmTDA==</latexit><latexit sha1_base64="xbavAHYCQW7f1C4W/PLChvnCFzc=">AAAB9XicbVDLSsNAFL3xWeur6tLNYBFclUQEXRbcuJIK9gFtLZPppB06mYSZG6WE/IcbF4q49V/c+TdO2iy09cDA4Zx7uWeOH0th0HW/nZXVtfWNzdJWeXtnd2+/cnDYMlGiGW+ySEa641PDpVC8iQIl78Sa09CXvO1PrnO//ci1EZG6x2nM+yEdKREIRtFKD72Q4tgPUpENUswGlapbc2cgy8QrSBUKNAaVr94wYknIFTJJjel6boz9lGoUTPKs3EsMjymb0BHvWqpoyE0/naXOyKlVhiSItH0KyUz9vZHS0Jhp6NvJPKVZ9HLxP6+bYHDVT4WKE+SKzQ8FiSQYkbwCMhSaM5RTSyjTwmYlbEw1ZWiLKtsSvMUvL5PWec1za97dRbV+W9RRgmM4gTPw4BLqcAMNaAIDDc/wCm/Ok/PivDsf89EVp9g5gj9wPn8ASRmTDA==</latexit><latexit sha1_base64="xbavAHYCQW7f1C4W/PLChvnCFzc=">AAAB9XicbVDLSsNAFL3xWeur6tLNYBFclUQEXRbcuJIK9gFtLZPppB06mYSZG6WE/IcbF4q49V/c+TdO2iy09cDA4Zx7uWeOH0th0HW/nZXVtfWNzdJWeXtnd2+/cnDYMlGiGW+ySEa641PDpVC8iQIl78Sa09CXvO1PrnO//ci1EZG6x2nM+yEdKREIRtFKD72Q4tgPUpENUswGlapbc2cgy8QrSBUKNAaVr94wYknIFTJJjel6boz9lGoUTPKs3EsMjymb0BHvWqpoyE0/naXOyKlVhiSItH0KyUz9vZHS0Jhp6NvJPKVZ9HLxP6+bYHDVT4WKE+SKzQ8FiSQYkbwCMhSaM5RTSyjTwmYlbEw1ZWiLKtsSvMUvL5PWec1za97dRbV+W9RRgmM4gTPw4BLqcAMNaAIDDc/wCm/Ok/PivDsf89EVp9g5gj9wPn8ASRmTDA==</latexit><latexit sha1_base64="xbavAHYCQW7f1C4W/PLChvnCFzc=">AAAB9XicbVDLSsNAFL3xWeur6tLNYBFclUQEXRbcuJIK9gFtLZPppB06mYSZG6WE/IcbF4q49V/c+TdO2iy09cDA4Zx7uWeOH0th0HW/nZXVtfWNzdJWeXtnd2+/cnDYMlGiGW+ySEa641PDpVC8iQIl78Sa09CXvO1PrnO//ci1EZG6x2nM+yEdKREIRtFKD72Q4tgPUpENUswGlapbc2cgy8QrSBUKNAaVr94wYknIFTJJjel6boz9lGoUTPKs3EsMjymb0BHvWqpoyE0/naXOyKlVhiSItH0KyUz9vZHS0Jhp6NvJPKVZ9HLxP6+bYHDVT4WKE+SKzQ8FiSQYkbwCMhSaM5RTSyjTwmYlbEw1ZWiLKtsSvMUvL5PWec1za97dRbV+W9RRgmM4gTPw4BLqcAMNaAIDDc/wCm/Ok/PivDsf89EVp9g5gj9wPn8ASRmTDA==</latexit>

ot
<latexit sha1_base64="N2+oeN9TPwO3codtwN7YMKi4D4o=">AAAB9XicbVDLSsNAFL3xWeur6tLNYBFclUQEXRbcuJIK9gFtLZPppB06mYSZG6WE/IcbF4q49V/c+TdO2iy09cDA4Zx7uWeOH0th0HW/nZXVtfWNzdJWeXtnd2+/cnDYMlGiGW+ySEa641PDpVC8iQIl78Sa09CXvO1PrnO//ci1EZG6x2nM+yEdKREIRtFKD72Q4tgP0igbpJgNKlW35s5AlolXkCoUaAwqX71hxJKQK2SSGtP13Bj7KdUomORZuZcYHlM2oSPetVTRkJt+OkudkVOrDEkQafsUkpn6eyOloTHT0LeTeUqz6OXif143weCqnwoVJ8gVmx8KEkkwInkFZCg0ZyinllCmhc1K2JhqytAWVbYleItfXiat85rn1ry7i2r9tqijBMdwAmfgwSXU4QYa0AQGGp7hFd6cJ+fFeXc+5qMrTrFzBH/gfP4AUk+TEg==</latexit><latexit sha1_base64="N2+oeN9TPwO3codtwN7YMKi4D4o=">AAAB9XicbVDLSsNAFL3xWeur6tLNYBFclUQEXRbcuJIK9gFtLZPppB06mYSZG6WE/IcbF4q49V/c+TdO2iy09cDA4Zx7uWeOH0th0HW/nZXVtfWNzdJWeXtnd2+/cnDYMlGiGW+ySEa641PDpVC8iQIl78Sa09CXvO1PrnO//ci1EZG6x2nM+yEdKREIRtFKD72Q4tgP0igbpJgNKlW35s5AlolXkCoUaAwqX71hxJKQK2SSGtP13Bj7KdUomORZuZcYHlM2oSPetVTRkJt+OkudkVOrDEkQafsUkpn6eyOloTHT0LeTeUqz6OXif143weCqnwoVJ8gVmx8KEkkwInkFZCg0ZyinllCmhc1K2JhqytAWVbYleItfXiat85rn1ry7i2r9tqijBMdwAmfgwSXU4QYa0AQGGp7hFd6cJ+fFeXc+5qMrTrFzBH/gfP4AUk+TEg==</latexit><latexit sha1_base64="N2+oeN9TPwO3codtwN7YMKi4D4o=">AAAB9XicbVDLSsNAFL3xWeur6tLNYBFclUQEXRbcuJIK9gFtLZPppB06mYSZG6WE/IcbF4q49V/c+TdO2iy09cDA4Zx7uWeOH0th0HW/nZXVtfWNzdJWeXtnd2+/cnDYMlGiGW+ySEa641PDpVC8iQIl78Sa09CXvO1PrnO//ci1EZG6x2nM+yEdKREIRtFKD72Q4tgP0igbpJgNKlW35s5AlolXkCoUaAwqX71hxJKQK2SSGtP13Bj7KdUomORZuZcYHlM2oSPetVTRkJt+OkudkVOrDEkQafsUkpn6eyOloTHT0LeTeUqz6OXif143weCqnwoVJ8gVmx8KEkkwInkFZCg0ZyinllCmhc1K2JhqytAWVbYleItfXiat85rn1ry7i2r9tqijBMdwAmfgwSXU4QYa0AQGGp7hFd6cJ+fFeXc+5qMrTrFzBH/gfP4AUk+TEg==</latexit><latexit sha1_base64="N2+oeN9TPwO3codtwN7YMKi4D4o=">AAAB9XicbVDLSsNAFL3xWeur6tLNYBFclUQEXRbcuJIK9gFtLZPppB06mYSZG6WE/IcbF4q49V/c+TdO2iy09cDA4Zx7uWeOH0th0HW/nZXVtfWNzdJWeXtnd2+/cnDYMlGiGW+ySEa641PDpVC8iQIl78Sa09CXvO1PrnO//ci1EZG6x2nM+yEdKREIRtFKD72Q4tgP0igbpJgNKlW35s5AlolXkCoUaAwqX71hxJKQK2SSGtP13Bj7KdUomORZuZcYHlM2oSPetVTRkJt+OkudkVOrDEkQafsUkpn6eyOloTHT0LeTeUqz6OXif143weCqnwoVJ8gVmx8KEkkwInkFZCg0ZyinllCmhc1K2JhqytAWVbYleItfXiat85rn1ry7i2r9tqijBMdwAmfgwSXU4QYa0AQGGp7hFd6cJ+fFeXc+5qMrTrFzBH/gfP4AUk+TEg==</latexit>

Fig. 4.2 The LSTM cell structure.

ft = σ
(
Ufxt +Wfht−1 + bf

)
(4.3)

it = σ
(
Uixt +Wiht−1 + bi

)
(4.4)

ot = σ
(
Uoxt +Woht−1 + bo

)
(4.5)

ct = ft ⊙ ct−1 + it ⊙ tanh
(
Ucxt +Wcht−1 + bc

)
(4.6)

ht = ot ⊙ tanh
(
ct
)

(4.7)

where ⊙ indicates element-wise product.

4.1.2 Bidirectional LSTM

RNN or LSTM has a linear chain structure where the recurrence only depends on the current
input and the history. However, when a complete sequence is available, incorporating informa-
tion from the future is useful because the prediction could be more accurate when the network
observes both the past and future contexts. A bidirectional recurrent neural network [24]
achieves this by concatenating the hidden states of two RNN layers, with one processing the
sequence forwards and the other one backwards. In the context of LSTM, the bidirectional
form can be expressed as follows.
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h t

<latexit sha1_base64="hJZuHnDOm30vCkJrMMrJXjPooWg=">AAACB3icbVBNS8NAEN3Ur1q/oh4FWSyCp5KIoMeiF48VbCs0oWy2m3bpJht2J0oJuXnxr3jxoIhX/4I3/42bNgdtfTDweG+GmXlBIrgGx/m2KkvLK6tr1fXaxubW9o69u9fRMlWUtakUUt0FRDPBY9YGDoLdJYqRKBCsG4yvCr97z5TmMr6FScL8iAxjHnJKwEh9+9CTxhYsBKKUfMi8iMAoCLNRnvczyPt23Wk4U+BF4pakjkq0+vaXN5A0jVgMVBCte66TgJ8RBZwKlte8VLOE0DEZsp6hMYmY9rPpHzk+NsoAh1KZigFP1d8TGYm0nkSB6SzO1PNeIf7n9VIIL/yMx0kKLKazRWEqMEhchIIHXDEKYmIIoYqbWzEdEUUomOhqJgR3/uVF0jltuE7DvTmrNy/LOKroAB2hE+Sic9RE16iF2oiiR/SMXtGb9WS9WO/Wx6y1YpUz++gPrM8fFcmatg==</latexit><latexit sha1_base64="hJZuHnDOm30vCkJrMMrJXjPooWg=">AAACB3icbVBNS8NAEN3Ur1q/oh4FWSyCp5KIoMeiF48VbCs0oWy2m3bpJht2J0oJuXnxr3jxoIhX/4I3/42bNgdtfTDweG+GmXlBIrgGx/m2KkvLK6tr1fXaxubW9o69u9fRMlWUtakUUt0FRDPBY9YGDoLdJYqRKBCsG4yvCr97z5TmMr6FScL8iAxjHnJKwEh9+9CTxhYsBKKUfMi8iMAoCLNRnvczyPt23Wk4U+BF4pakjkq0+vaXN5A0jVgMVBCte66TgJ8RBZwKlte8VLOE0DEZsp6hMYmY9rPpHzk+NsoAh1KZigFP1d8TGYm0nkSB6SzO1PNeIf7n9VIIL/yMx0kKLKazRWEqMEhchIIHXDEKYmIIoYqbWzEdEUUomOhqJgR3/uVF0jltuE7DvTmrNy/LOKroAB2hE+Sic9RE16iF2oiiR/SMXtGb9WS9WO/Wx6y1YpUz++gPrM8fFcmatg==</latexit><latexit sha1_base64="hJZuHnDOm30vCkJrMMrJXjPooWg=">AAACB3icbVBNS8NAEN3Ur1q/oh4FWSyCp5KIoMeiF48VbCs0oWy2m3bpJht2J0oJuXnxr3jxoIhX/4I3/42bNgdtfTDweG+GmXlBIrgGx/m2KkvLK6tr1fXaxubW9o69u9fRMlWUtakUUt0FRDPBY9YGDoLdJYqRKBCsG4yvCr97z5TmMr6FScL8iAxjHnJKwEh9+9CTxhYsBKKUfMi8iMAoCLNRnvczyPt23Wk4U+BF4pakjkq0+vaXN5A0jVgMVBCte66TgJ8RBZwKlte8VLOE0DEZsp6hMYmY9rPpHzk+NsoAh1KZigFP1d8TGYm0nkSB6SzO1PNeIf7n9VIIL/yMx0kKLKazRWEqMEhchIIHXDEKYmIIoYqbWzEdEUUomOhqJgR3/uVF0jltuE7DvTmrNy/LOKroAB2hE+Sic9RE16iF2oiiR/SMXtGb9WS9WO/Wx6y1YpUz++gPrM8fFcmatg==</latexit><latexit sha1_base64="hJZuHnDOm30vCkJrMMrJXjPooWg=">AAACB3icbVBNS8NAEN3Ur1q/oh4FWSyCp5KIoMeiF48VbCs0oWy2m3bpJht2J0oJuXnxr3jxoIhX/4I3/42bNgdtfTDweG+GmXlBIrgGx/m2KkvLK6tr1fXaxubW9o69u9fRMlWUtakUUt0FRDPBY9YGDoLdJYqRKBCsG4yvCr97z5TmMr6FScL8iAxjHnJKwEh9+9CTxhYsBKKUfMi8iMAoCLNRnvczyPt23Wk4U+BF4pakjkq0+vaXN5A0jVgMVBCte66TgJ8RBZwKlte8VLOE0DEZsp6hMYmY9rPpHzk+NsoAh1KZigFP1d8TGYm0nkSB6SzO1PNeIf7n9VIIL/yMx0kKLKazRWEqMEhchIIHXDEKYmIIoYqbWzEdEUUomOhqJgR3/uVF0jltuE7DvTmrNy/LOKroAB2hE+Sic9RE16iF2oiiR/SMXtGb9WS9WO/Wx6y1YpUz++gPrM8fFcmatg==</latexit>

�!
h t

<latexit sha1_base64="/HSN/N/8hEdbEb3BG3YAaCUQHVQ=">AAACCHicbVBNS8NAEN3Ur1q/oh49GCyCp5KIoMeiF48VbCs0IWy2m2bpJht2J0oJOXrxr3jxoIhXf4I3/42bNgdtfTDweG+GmXlBypkC2/42akvLK6tr9fXGxubW9o65u9dTIpOEdongQt4FWFHOEtoFBpzepZLiOOC0H4yvSr9/T6ViIrmFSUq9GI8SFjKCQUu+eegKbUs2igBLKR5yN8YQBWEeFYWfQ+GbTbtlT2EtEqciTVSh45tf7lCQLKYJEI6VGjh2Cl6OJTDCadFwM0VTTMZ4RAeaJjimysunjxTWsVaGViikrgSsqfp7IsexUpM40J3lmWreK8X/vEEG4YWXsyTNgCZktijMuAXCKlOxhkxSAnyiCSaS6VstEmGJCejsGjoEZ/7lRdI7bTl2y7k5a7Yvqzjq6AAdoRPkoHPURteog7qIoEf0jF7Rm/FkvBjvxsestWZUM/voD4zPH/aemzM=</latexit><latexit sha1_base64="/HSN/N/8hEdbEb3BG3YAaCUQHVQ=">AAACCHicbVBNS8NAEN3Ur1q/oh49GCyCp5KIoMeiF48VbCs0IWy2m2bpJht2J0oJOXrxr3jxoIhXf4I3/42bNgdtfTDweG+GmXlBypkC2/42akvLK6tr9fXGxubW9o65u9dTIpOEdongQt4FWFHOEtoFBpzepZLiOOC0H4yvSr9/T6ViIrmFSUq9GI8SFjKCQUu+eegKbUs2igBLKR5yN8YQBWEeFYWfQ+GbTbtlT2EtEqciTVSh45tf7lCQLKYJEI6VGjh2Cl6OJTDCadFwM0VTTMZ4RAeaJjimysunjxTWsVaGViikrgSsqfp7IsexUpM40J3lmWreK8X/vEEG4YWXsyTNgCZktijMuAXCKlOxhkxSAnyiCSaS6VstEmGJCejsGjoEZ/7lRdI7bTl2y7k5a7Yvqzjq6AAdoRPkoHPURteog7qIoEf0jF7Rm/FkvBjvxsestWZUM/voD4zPH/aemzM=</latexit><latexit sha1_base64="/HSN/N/8hEdbEb3BG3YAaCUQHVQ=">AAACCHicbVBNS8NAEN3Ur1q/oh49GCyCp5KIoMeiF48VbCs0IWy2m2bpJht2J0oJOXrxr3jxoIhXf4I3/42bNgdtfTDweG+GmXlBypkC2/42akvLK6tr9fXGxubW9o65u9dTIpOEdongQt4FWFHOEtoFBpzepZLiOOC0H4yvSr9/T6ViIrmFSUq9GI8SFjKCQUu+eegKbUs2igBLKR5yN8YQBWEeFYWfQ+GbTbtlT2EtEqciTVSh45tf7lCQLKYJEI6VGjh2Cl6OJTDCadFwM0VTTMZ4RAeaJjimysunjxTWsVaGViikrgSsqfp7IsexUpM40J3lmWreK8X/vEEG4YWXsyTNgCZktijMuAXCKlOxhkxSAnyiCSaS6VstEmGJCejsGjoEZ/7lRdI7bTl2y7k5a7Yvqzjq6AAdoRPkoHPURteog7qIoEf0jF7Rm/FkvBjvxsestWZUM/voD4zPH/aemzM=</latexit><latexit sha1_base64="/HSN/N/8hEdbEb3BG3YAaCUQHVQ=">AAACCHicbVBNS8NAEN3Ur1q/oh49GCyCp5KIoMeiF48VbCs0IWy2m2bpJht2J0oJOXrxr3jxoIhXf4I3/42bNgdtfTDweG+GmXlBypkC2/42akvLK6tr9fXGxubW9o65u9dTIpOEdongQt4FWFHOEtoFBpzepZLiOOC0H4yvSr9/T6ViIrmFSUq9GI8SFjKCQUu+eegKbUs2igBLKR5yN8YQBWEeFYWfQ+GbTbtlT2EtEqciTVSh45tf7lCQLKYJEI6VGjh2Cl6OJTDCadFwM0VTTMZ4RAeaJjimysunjxTWsVaGViikrgSsqfp7IsexUpM40J3lmWreK8X/vEEG4YWXsyTNgCZktijMuAXCKlOxhkxSAnyiCSaS6VstEmGJCejsGjoEZ/7lRdI7bTl2y7k5a7Yvqzjq6AAdoRPkoHPURteog7qIoEf0jF7Rm/FkvBjvxsestWZUM/voD4zPH/aemzM=</latexit>

�!c t
<latexit sha1_base64="LlbYRUev5DLVoJbJGiTX4eTLgvk=">AAACCHicbVBNS8NAEN3Ur1q/oh49uFgETyURQY9FLx4r2FZoQtlsN+3STTbsTpQScvTiX/HiQRGv/gRv/hs3bQ7a+mDg8d4MM/OCRHANjvNtVZaWV1bXquu1jc2t7R17d6+jZaooa1MppLoLiGaCx6wNHAS7SxQjUSBYNxhfFX73ninNZXwLk4T5ERnGPOSUgJH69qEnja34cAREKfmQeRGBURBmNM/7GeR9u+40nCnwInFLUkclWn37yxtImkYsBiqI1j3XScDPiAJOBctrXqpZQuiYDFnP0JhETPvZ9JEcHxtlgEOpTMWAp+rviYxEWk+iwHQWZ+p5rxD/83ophBd+xuMkBRbT2aIwFRgkLlLBA64YBTExhFDFza2YjogiFEx2NROCO//yIumcNlyn4d6c1ZuXZRxVdICO0Aly0TlqomvUQm1E0SN6Rq/ozXqyXqx362PWWrHKmX30B9bnD+7smy4=</latexit><latexit sha1_base64="LlbYRUev5DLVoJbJGiTX4eTLgvk=">AAACCHicbVBNS8NAEN3Ur1q/oh49uFgETyURQY9FLx4r2FZoQtlsN+3STTbsTpQScvTiX/HiQRGv/gRv/hs3bQ7a+mDg8d4MM/OCRHANjvNtVZaWV1bXquu1jc2t7R17d6+jZaooa1MppLoLiGaCx6wNHAS7SxQjUSBYNxhfFX73ninNZXwLk4T5ERnGPOSUgJH69qEnja34cAREKfmQeRGBURBmNM/7GeR9u+40nCnwInFLUkclWn37yxtImkYsBiqI1j3XScDPiAJOBctrXqpZQuiYDFnP0JhETPvZ9JEcHxtlgEOpTMWAp+rviYxEWk+iwHQWZ+p5rxD/83ophBd+xuMkBRbT2aIwFRgkLlLBA64YBTExhFDFza2YjogiFEx2NROCO//yIumcNlyn4d6c1ZuXZRxVdICO0Aly0TlqomvUQm1E0SN6Rq/ozXqyXqx362PWWrHKmX30B9bnD+7smy4=</latexit><latexit sha1_base64="LlbYRUev5DLVoJbJGiTX4eTLgvk=">AAACCHicbVBNS8NAEN3Ur1q/oh49uFgETyURQY9FLx4r2FZoQtlsN+3STTbsTpQScvTiX/HiQRGv/gRv/hs3bQ7a+mDg8d4MM/OCRHANjvNtVZaWV1bXquu1jc2t7R17d6+jZaooa1MppLoLiGaCx6wNHAS7SxQjUSBYNxhfFX73ninNZXwLk4T5ERnGPOSUgJH69qEnja34cAREKfmQeRGBURBmNM/7GeR9u+40nCnwInFLUkclWn37yxtImkYsBiqI1j3XScDPiAJOBctrXqpZQuiYDFnP0JhETPvZ9JEcHxtlgEOpTMWAp+rviYxEWk+iwHQWZ+p5rxD/83ophBd+xuMkBRbT2aIwFRgkLlLBA64YBTExhFDFza2YjogiFEx2NROCO//yIumcNlyn4d6c1ZuXZRxVdICO0Aly0TlqomvUQm1E0SN6Rq/ozXqyXqx362PWWrHKmX30B9bnD+7smy4=</latexit><latexit sha1_base64="LlbYRUev5DLVoJbJGiTX4eTLgvk=">AAACCHicbVBNS8NAEN3Ur1q/oh49uFgETyURQY9FLx4r2FZoQtlsN+3STTbsTpQScvTiX/HiQRGv/gRv/hs3bQ7a+mDg8d4MM/OCRHANjvNtVZaWV1bXquu1jc2t7R17d6+jZaooa1MppLoLiGaCx6wNHAS7SxQjUSBYNxhfFX73ninNZXwLk4T5ERnGPOSUgJH69qEnja34cAREKfmQeRGBURBmNM/7GeR9u+40nCnwInFLUkclWn37yxtImkYsBiqI1j3XScDPiAJOBctrXqpZQuiYDFnP0JhETPvZ9JEcHxtlgEOpTMWAp+rviYxEWk+iwHQWZ+p5rxD/83ophBd+xuMkBRbT2aIwFRgkLlLBA64YBTExhFDFza2YjogiFEx2NROCO//yIumcNlyn4d6c1ZuXZRxVdICO0Aly0TlqomvUQm1E0SN6Rq/ozXqyXqx362PWWrHKmX30B9bnD+7smy4=</latexit>

�!c t+1
<latexit sha1_base64="j2+z05RD4KvjoVVAz1Pj/vVGxKE=">AAACCnicbVBNS8NAEN3Ur1q/oh69RIsgCCURQY9FLx4r2A9oQthsN+3STTbsTpQScvbiX/HiQRGv/gJv/hs3bQ7a+mDg8d4MM/OChDMFtv1tVJaWV1bXquu1jc2t7R1zd6+jRCoJbRPBhewFWFHOYtoGBpz2EklxFHDaDcbXhd+9p1IxEd/BJKFehIcxCxnBoCXfPHSFtiUbjgBLKR4yN8IwCsKM5LmfwamT+2bdbthTWIvEKUkdlWj55pc7ECSNaAyEY6X6jp2Al2EJjHCa19xU0QSTMR7SvqYxjqjysukruXWslYEVCqkrBmuq/p7IcKTUJAp0Z3GomvcK8T+vn0J46WUsTlKgMZktClNugbCKXKwBk5QAn2iCiWT6VouMsMQEdHo1HYIz//Ii6Zw1HLvh3J7Xm1dlHFV0gI7QCXLQBWqiG9RCbUTQI3pGr+jNeDJejHfjY9ZaMcqZffQHxucP3xKbng==</latexit><latexit sha1_base64="j2+z05RD4KvjoVVAz1Pj/vVGxKE=">AAACCnicbVBNS8NAEN3Ur1q/oh69RIsgCCURQY9FLx4r2A9oQthsN+3STTbsTpQScvbiX/HiQRGv/gJv/hs3bQ7a+mDg8d4MM/OChDMFtv1tVJaWV1bXquu1jc2t7R1zd6+jRCoJbRPBhewFWFHOYtoGBpz2EklxFHDaDcbXhd+9p1IxEd/BJKFehIcxCxnBoCXfPHSFtiUbjgBLKR4yN8IwCsKM5LmfwamT+2bdbthTWIvEKUkdlWj55pc7ECSNaAyEY6X6jp2Al2EJjHCa19xU0QSTMR7SvqYxjqjysukruXWslYEVCqkrBmuq/p7IcKTUJAp0Z3GomvcK8T+vn0J46WUsTlKgMZktClNugbCKXKwBk5QAn2iCiWT6VouMsMQEdHo1HYIz//Ii6Zw1HLvh3J7Xm1dlHFV0gI7QCXLQBWqiG9RCbUTQI3pGr+jNeDJejHfjY9ZaMcqZffQHxucP3xKbng==</latexit><latexit sha1_base64="j2+z05RD4KvjoVVAz1Pj/vVGxKE=">AAACCnicbVBNS8NAEN3Ur1q/oh69RIsgCCURQY9FLx4r2A9oQthsN+3STTbsTpQScvbiX/HiQRGv/gJv/hs3bQ7a+mDg8d4MM/OChDMFtv1tVJaWV1bXquu1jc2t7R1zd6+jRCoJbRPBhewFWFHOYtoGBpz2EklxFHDaDcbXhd+9p1IxEd/BJKFehIcxCxnBoCXfPHSFtiUbjgBLKR4yN8IwCsKM5LmfwamT+2bdbthTWIvEKUkdlWj55pc7ECSNaAyEY6X6jp2Al2EJjHCa19xU0QSTMR7SvqYxjqjysukruXWslYEVCqkrBmuq/p7IcKTUJAp0Z3GomvcK8T+vn0J46WUsTlKgMZktClNugbCKXKwBk5QAn2iCiWT6VouMsMQEdHo1HYIz//Ii6Zw1HLvh3J7Xm1dlHFV0gI7QCXLQBWqiG9RCbUTQI3pGr+jNeDJejHfjY9ZaMcqZffQHxucP3xKbng==</latexit><latexit sha1_base64="j2+z05RD4KvjoVVAz1Pj/vVGxKE=">AAACCnicbVBNS8NAEN3Ur1q/oh69RIsgCCURQY9FLx4r2A9oQthsN+3STTbsTpQScvbiX/HiQRGv/gJv/hs3bQ7a+mDg8d4MM/OChDMFtv1tVJaWV1bXquu1jc2t7R1zd6+jRCoJbRPBhewFWFHOYtoGBpz2EklxFHDaDcbXhd+9p1IxEd/BJKFehIcxCxnBoCXfPHSFtiUbjgBLKR4yN8IwCsKM5LmfwamT+2bdbthTWIvEKUkdlWj55pc7ECSNaAyEY6X6jp2Al2EJjHCa19xU0QSTMR7SvqYxjqjysukruXWslYEVCqkrBmuq/p7IcKTUJAp0Z3GomvcK8T+vn0J46WUsTlKgMZktClNugbCKXKwBk5QAn2iCiWT6VouMsMQEdHo1HYIz//Ii6Zw1HLvh3J7Xm1dlHFV0gI7QCXLQBWqiG9RCbUTQI3pGr+jNeDJejHfjY9ZaMcqZffQHxucP3xKbng==</latexit>�!
h t+1

<latexit sha1_base64="e5OETAp/ryCXWjyGmxDkstdBJEk=">AAACCnicbVBNS8NAEN3Ur1q/oh69RIsgCCURQY9FLx4r2A9oQ9hsN83STTbsTpQScvbiX/HiQRGv/gJv/hs3bQ7a+mDg8d4MM/P8hDMFtv1tVJaWV1bXquu1jc2t7R1zd6+jRCoJbRPBhez5WFHOYtoGBpz2Eklx5HPa9cfXhd+9p1IxEd/BJKFuhEcxCxjBoCXPPBwIbUs2CgFLKR6yQYQh9IMszHMvg1Mn98y63bCnsBaJU5I6KtHyzK/BUJA0ojEQjpXqO3YCboYlMMJpXhukiiaYjPGI9jWNcUSVm01fya1jrQytQEhdMVhT9fdEhiOlJpGvO4tD1bxXiP95/RSCSzdjcZICjclsUZByC4RV5GINmaQE+EQTTCTTt1okxBIT0OnVdAjO/MuLpHPWcOyGc3teb16VcVTRATpCJ8hBF6iJblALtRFBj+gZvaI348l4Md6Nj1lrxShn9tEfGJ8/5s6bow==</latexit><latexit sha1_base64="e5OETAp/ryCXWjyGmxDkstdBJEk=">AAACCnicbVBNS8NAEN3Ur1q/oh69RIsgCCURQY9FLx4r2A9oQ9hsN83STTbsTpQScvbiX/HiQRGv/gJv/hs3bQ7a+mDg8d4MM/P8hDMFtv1tVJaWV1bXquu1jc2t7R1zd6+jRCoJbRPBhez5WFHOYtoGBpz2Eklx5HPa9cfXhd+9p1IxEd/BJKFuhEcxCxjBoCXPPBwIbUs2CgFLKR6yQYQh9IMszHMvg1Mn98y63bCnsBaJU5I6KtHyzK/BUJA0ojEQjpXqO3YCboYlMMJpXhukiiaYjPGI9jWNcUSVm01fya1jrQytQEhdMVhT9fdEhiOlJpGvO4tD1bxXiP95/RSCSzdjcZICjclsUZByC4RV5GINmaQE+EQTTCTTt1okxBIT0OnVdAjO/MuLpHPWcOyGc3teb16VcVTRATpCJ8hBF6iJblALtRFBj+gZvaI348l4Md6Nj1lrxShn9tEfGJ8/5s6bow==</latexit><latexit sha1_base64="e5OETAp/ryCXWjyGmxDkstdBJEk=">AAACCnicbVBNS8NAEN3Ur1q/oh69RIsgCCURQY9FLx4r2A9oQ9hsN83STTbsTpQScvbiX/HiQRGv/gJv/hs3bQ7a+mDg8d4MM/P8hDMFtv1tVJaWV1bXquu1jc2t7R1zd6+jRCoJbRPBhez5WFHOYtoGBpz2Eklx5HPa9cfXhd+9p1IxEd/BJKFuhEcxCxjBoCXPPBwIbUs2CgFLKR6yQYQh9IMszHMvg1Mn98y63bCnsBaJU5I6KtHyzK/BUJA0ojEQjpXqO3YCboYlMMJpXhukiiaYjPGI9jWNcUSVm01fya1jrQytQEhdMVhT9fdEhiOlJpGvO4tD1bxXiP95/RSCSzdjcZICjclsUZByC4RV5GINmaQE+EQTTCTTt1okxBIT0OnVdAjO/MuLpHPWcOyGc3teb16VcVTRATpCJ8hBF6iJblALtRFBj+gZvaI348l4Md6Nj1lrxShn9tEfGJ8/5s6bow==</latexit><latexit sha1_base64="e5OETAp/ryCXWjyGmxDkstdBJEk=">AAACCnicbVBNS8NAEN3Ur1q/oh69RIsgCCURQY9FLx4r2A9oQ9hsN83STTbsTpQScvbiX/HiQRGv/gJv/hs3bQ7a+mDg8d4MM/P8hDMFtv1tVJaWV1bXquu1jc2t7R1zd6+jRCoJbRPBhez5WFHOYtoGBpz2Eklx5HPa9cfXhd+9p1IxEd/BJKFuhEcxCxjBoCXPPBwIbUs2CgFLKR6yQYQh9IMszHMvg1Mn98y63bCnsBaJU5I6KtHyzK/BUJA0ojEQjpXqO3YCboYlMMJpXhukiiaYjPGI9jWNcUSVm01fya1jrQytQEhdMVhT9fdEhiOlJpGvO4tD1bxXiP95/RSCSzdjcZICjclsUZByC4RV5GINmaQE+EQTTCTTt1okxBIT0OnVdAjO/MuLpHPWcOyGc3teb16VcVTRATpCJ8hBF6iJblALtRFBj+gZvaI348l4Md6Nj1lrxShn9tEfGJ8/5s6bow==</latexit>

�!
h t�1

<latexit sha1_base64="ZwKNNYImrJJdp3DCT5T3NUiIhJg=">AAACCnicbVBNS8NAEN3Ur1q/oh69RIvgxZKIoMeiF48V7Ae0IWy2m2bpJht2J0oJOXvxr3jxoIhXf4E3/42bNgdtfTDweG+GmXl+wpkC2/42KkvLK6tr1fXaxubW9o65u9dRIpWEtongQvZ8rChnMW0DA057iaQ48jnt+uPrwu/eU6mYiO9gklA3wqOYBYxg0JJnHg6EtiUbhYClFA/ZIMIQ+kEW5rmXwamTe2bdbthTWIvEKUkdlWh55tdgKEga0RgIx0r1HTsBN8MSGOE0rw1SRRNMxnhE+5rGOKLKzaav5NaxVoZWIKSuGKyp+nsiw5FSk8jXncWhat4rxP+8fgrBpZuxOEmBxmS2KEi5BcIqcrGGTFICfKIJJpLpWy0SYokJ6PRqOgRn/uVF0jlrOHbDuT2vN6/KOKroAB2hE+SgC9REN6iF2oigR/SMXtGb8WS8GO/Gx6y1YpQz++gPjM8f6dqbpQ==</latexit><latexit sha1_base64="ZwKNNYImrJJdp3DCT5T3NUiIhJg=">AAACCnicbVBNS8NAEN3Ur1q/oh69RIvgxZKIoMeiF48V7Ae0IWy2m2bpJht2J0oJOXvxr3jxoIhXf4E3/42bNgdtfTDweG+GmXl+wpkC2/42KkvLK6tr1fXaxubW9o65u9dRIpWEtongQvZ8rChnMW0DA057iaQ48jnt+uPrwu/eU6mYiO9gklA3wqOYBYxg0JJnHg6EtiUbhYClFA/ZIMIQ+kEW5rmXwamTe2bdbthTWIvEKUkdlWh55tdgKEga0RgIx0r1HTsBN8MSGOE0rw1SRRNMxnhE+5rGOKLKzaav5NaxVoZWIKSuGKyp+nsiw5FSk8jXncWhat4rxP+8fgrBpZuxOEmBxmS2KEi5BcIqcrGGTFICfKIJJpLpWy0SYokJ6PRqOgRn/uVF0jlrOHbDuT2vN6/KOKroAB2hE+SgC9REN6iF2oigR/SMXtGb8WS8GO/Gx6y1YpQz++gPjM8f6dqbpQ==</latexit><latexit sha1_base64="ZwKNNYImrJJdp3DCT5T3NUiIhJg=">AAACCnicbVBNS8NAEN3Ur1q/oh69RIvgxZKIoMeiF48V7Ae0IWy2m2bpJht2J0oJOXvxr3jxoIhXf4E3/42bNgdtfTDweG+GmXl+wpkC2/42KkvLK6tr1fXaxubW9o65u9dRIpWEtongQvZ8rChnMW0DA057iaQ48jnt+uPrwu/eU6mYiO9gklA3wqOYBYxg0JJnHg6EtiUbhYClFA/ZIMIQ+kEW5rmXwamTe2bdbthTWIvEKUkdlWh55tdgKEga0RgIx0r1HTsBN8MSGOE0rw1SRRNMxnhE+5rGOKLKzaav5NaxVoZWIKSuGKyp+nsiw5FSk8jXncWhat4rxP+8fgrBpZuxOEmBxmS2KEi5BcIqcrGGTFICfKIJJpLpWy0SYokJ6PRqOgRn/uVF0jlrOHbDuT2vN6/KOKroAB2hE+SgC9REN6iF2oigR/SMXtGb8WS8GO/Gx6y1YpQz++gPjM8f6dqbpQ==</latexit><latexit sha1_base64="ZwKNNYImrJJdp3DCT5T3NUiIhJg=">AAACCnicbVBNS8NAEN3Ur1q/oh69RIvgxZKIoMeiF48V7Ae0IWy2m2bpJht2J0oJOXvxr3jxoIhXf4E3/42bNgdtfTDweG+GmXl+wpkC2/42KkvLK6tr1fXaxubW9o65u9dRIpWEtongQvZ8rChnMW0DA057iaQ48jnt+uPrwu/eU6mYiO9gklA3wqOYBYxg0JJnHg6EtiUbhYClFA/ZIMIQ+kEW5rmXwamTe2bdbthTWIvEKUkdlWh55tdgKEga0RgIx0r1HTsBN8MSGOE0rw1SRRNMxnhE+5rGOKLKzaav5NaxVoZWIKSuGKyp+nsiw5FSk8jXncWhat4rxP+8fgrBpZuxOEmBxmS2KEi5BcIqcrGGTFICfKIJJpLpWy0SYokJ6PRqOgRn/uVF0jlrOHbDuT2vN6/KOKroAB2hE+SgC9REN6iF2oigR/SMXtGb8WS8GO/Gx6y1YpQz++gPjM8f6dqbpQ==</latexit>

�!c t�1
<latexit sha1_base64="dtkcIgBd7NF3Ytfxt05rzURl3ZM=">AAACCnicbVBNS8NAEN3Ur1q/oh69RIvgxZKIoMeiF48V7Ac0IWy2m3bpJht2J0oJOXvxr3jxoIhXf4E3/42bNgdtfTDweG+GmXlBwpkC2/42KkvLK6tr1fXaxubW9o65u9dRIpWEtongQvYCrChnMW0DA057iaQ4CjjtBuPrwu/eU6mYiO9gklAvwsOYhYxg0JJvHrpC25INR4ClFA+ZG2EYBWFG8tzP4NTJfbNuN+wprEXilKSOSrR888sdCJJGNAbCsVJ9x07Ay7AERjjNa26qaILJGA9pX9MYR1R52fSV3DrWysAKhdQVgzVVf09kOFJqEgW6szhUzXuF+J/XTyG89DIWJynQmMwWhSm3QFhFLtaASUqATzTBRDJ9q0VGWGICOr2aDsGZf3mRdM4ajt1wbs/rzasyjio6QEfoBDnoAjXRDWqhNiLoET2jV/RmPBkvxrvxMWutGOXMPvoD4/MH4h6boA==</latexit><latexit sha1_base64="dtkcIgBd7NF3Ytfxt05rzURl3ZM=">AAACCnicbVBNS8NAEN3Ur1q/oh69RIvgxZKIoMeiF48V7Ac0IWy2m3bpJht2J0oJOXvxr3jxoIhXf4E3/42bNgdtfTDweG+GmXlBwpkC2/42KkvLK6tr1fXaxubW9o65u9dRIpWEtongQvYCrChnMW0DA057iaQ4CjjtBuPrwu/eU6mYiO9gklAvwsOYhYxg0JJvHrpC25INR4ClFA+ZG2EYBWFG8tzP4NTJfbNuN+wprEXilKSOSrR888sdCJJGNAbCsVJ9x07Ay7AERjjNa26qaILJGA9pX9MYR1R52fSV3DrWysAKhdQVgzVVf09kOFJqEgW6szhUzXuF+J/XTyG89DIWJynQmMwWhSm3QFhFLtaASUqATzTBRDJ9q0VGWGICOr2aDsGZf3mRdM4ajt1wbs/rzasyjio6QEfoBDnoAjXRDWqhNiLoET2jV/RmPBkvxrvxMWutGOXMPvoD4/MH4h6boA==</latexit><latexit sha1_base64="dtkcIgBd7NF3Ytfxt05rzURl3ZM=">AAACCnicbVBNS8NAEN3Ur1q/oh69RIvgxZKIoMeiF48V7Ac0IWy2m3bpJht2J0oJOXvxr3jxoIhXf4E3/42bNgdtfTDweG+GmXlBwpkC2/42KkvLK6tr1fXaxubW9o65u9dRIpWEtongQvYCrChnMW0DA057iaQ4CjjtBuPrwu/eU6mYiO9gklAvwsOYhYxg0JJvHrpC25INR4ClFA+ZG2EYBWFG8tzP4NTJfbNuN+wprEXilKSOSrR888sdCJJGNAbCsVJ9x07Ay7AERjjNa26qaILJGA9pX9MYR1R52fSV3DrWysAKhdQVgzVVf09kOFJqEgW6szhUzXuF+J/XTyG89DIWJynQmMwWhSm3QFhFLtaASUqATzTBRDJ9q0VGWGICOr2aDsGZf3mRdM4ajt1wbs/rzasyjio6QEfoBDnoAjXRDWqhNiLoET2jV/RmPBkvxrvxMWutGOXMPvoD4/MH4h6boA==</latexit><latexit sha1_base64="dtkcIgBd7NF3Ytfxt05rzURl3ZM=">AAACCnicbVBNS8NAEN3Ur1q/oh69RIvgxZKIoMeiF48V7Ac0IWy2m3bpJht2J0oJOXvxr3jxoIhXf4E3/42bNgdtfTDweG+GmXlBwpkC2/42KkvLK6tr1fXaxubW9o65u9dRIpWEtongQvYCrChnMW0DA057iaQ4CjjtBuPrwu/eU6mYiO9gklAvwsOYhYxg0JJvHrpC25INR4ClFA+ZG2EYBWFG8tzP4NTJfbNuN+wprEXilKSOSrR888sdCJJGNAbCsVJ9x07Ay7AERjjNa26qaILJGA9pX9MYR1R52fSV3DrWysAKhdQVgzVVf09kOFJqEgW6szhUzXuF+J/XTyG89DIWJynQmMwWhSm3QFhFLtaASUqATzTBRDJ9q0VGWGICOr2aDsGZf3mRdM4ajt1wbs/rzasyjio6QEfoBDnoAjXRDWqhNiLoET2jV/RmPBkvxrvxMWutGOXMPvoD4/MH4h6boA==</latexit>

⇥�!
h t�1,

 �
h t�1

⇤
<latexit sha1_base64="rGzLOcfZqU/osJi2KUfHJV3gSqs=">AAACNnicdVDLSsNAFJ3UV62vqks3g0VwoSURQZdFN26ECvYBTSiT6aQdOsmEmRulhHyVG7/DXTcuFHHrJzhpu9BWDwwczj33zr3HjwXXYNtjq7C0vLK6VlwvbWxube+Ud/eaWiaKsgaVQqq2TzQTPGIN4CBYO1aMhL5gLX94nddbD0xpLqN7GMXMC0k/4gGnBIzULd+6Pu93XGk8ivcHQJSSj6kbEhj4QTrIsm4Kp052gicWwYL/HPkcr1uu2FV7ArxInBmpoBnq3fKL25M0CVkEVBCtO44dg5cSBZwKlpXcRLOY0CHps46hEQmZ9tLJ2Rk+MkoPB1KZFwGeqD87UhJqPQp948y31fO1XPyr1kkguPRSHsUJsIhOPwoSgUHiPEPc44pRECNDCFXc7IrpgChCwSRdMiE48ycvkuZZ1bGrzt15pXY1i6OIDtAhOkYOukA1dIPqqIEoekJj9IberWfr1fqwPqfWgjXr2Ue/YH19A3D2rro=</latexit><latexit sha1_base64="rGzLOcfZqU/osJi2KUfHJV3gSqs=">AAACNnicdVDLSsNAFJ3UV62vqks3g0VwoSURQZdFN26ECvYBTSiT6aQdOsmEmRulhHyVG7/DXTcuFHHrJzhpu9BWDwwczj33zr3HjwXXYNtjq7C0vLK6VlwvbWxube+Ud/eaWiaKsgaVQqq2TzQTPGIN4CBYO1aMhL5gLX94nddbD0xpLqN7GMXMC0k/4gGnBIzULd+6Pu93XGk8ivcHQJSSj6kbEhj4QTrIsm4Kp052gicWwYL/HPkcr1uu2FV7ArxInBmpoBnq3fKL25M0CVkEVBCtO44dg5cSBZwKlpXcRLOY0CHps46hEQmZ9tLJ2Rk+MkoPB1KZFwGeqD87UhJqPQp948y31fO1XPyr1kkguPRSHsUJsIhOPwoSgUHiPEPc44pRECNDCFXc7IrpgChCwSRdMiE48ycvkuZZ1bGrzt15pXY1i6OIDtAhOkYOukA1dIPqqIEoekJj9IberWfr1fqwPqfWgjXr2Ue/YH19A3D2rro=</latexit><latexit sha1_base64="rGzLOcfZqU/osJi2KUfHJV3gSqs=">AAACNnicdVDLSsNAFJ3UV62vqks3g0VwoSURQZdFN26ECvYBTSiT6aQdOsmEmRulhHyVG7/DXTcuFHHrJzhpu9BWDwwczj33zr3HjwXXYNtjq7C0vLK6VlwvbWxube+Ud/eaWiaKsgaVQqq2TzQTPGIN4CBYO1aMhL5gLX94nddbD0xpLqN7GMXMC0k/4gGnBIzULd+6Pu93XGk8ivcHQJSSj6kbEhj4QTrIsm4Kp052gicWwYL/HPkcr1uu2FV7ArxInBmpoBnq3fKL25M0CVkEVBCtO44dg5cSBZwKlpXcRLOY0CHps46hEQmZ9tLJ2Rk+MkoPB1KZFwGeqD87UhJqPQp948y31fO1XPyr1kkguPRSHsUJsIhOPwoSgUHiPEPc44pRECNDCFXc7IrpgChCwSRdMiE48ycvkuZZ1bGrzt15pXY1i6OIDtAhOkYOukA1dIPqqIEoekJj9IberWfr1fqwPqfWgjXr2Ue/YH19A3D2rro=</latexit><latexit sha1_base64="rGzLOcfZqU/osJi2KUfHJV3gSqs=">AAACNnicdVDLSsNAFJ3UV62vqks3g0VwoSURQZdFN26ECvYBTSiT6aQdOsmEmRulhHyVG7/DXTcuFHHrJzhpu9BWDwwczj33zr3HjwXXYNtjq7C0vLK6VlwvbWxube+Ud/eaWiaKsgaVQqq2TzQTPGIN4CBYO1aMhL5gLX94nddbD0xpLqN7GMXMC0k/4gGnBIzULd+6Pu93XGk8ivcHQJSSj6kbEhj4QTrIsm4Kp052gicWwYL/HPkcr1uu2FV7ArxInBmpoBnq3fKL25M0CVkEVBCtO44dg5cSBZwKlpXcRLOY0CHps46hEQmZ9tLJ2Rk+MkoPB1KZFwGeqD87UhJqPQp948y31fO1XPyr1kkguPRSHsUJsIhOPwoSgUHiPEPc44pRECNDCFXc7IrpgChCwSRdMiE48ycvkuZZ1bGrzt15pXY1i6OIDtAhOkYOukA1dIPqqIEoekJj9IberWfr1fqwPqfWgjXr2Ue/YH19A3D2rro=</latexit>

⇥�!
h t,
 �
h t

⇤
<latexit sha1_base64="3nwA2w0L7NDetCwPcTEn2EnsdRw=">AAACMnicbVDLSsNAFJ34rPVVdelmsAgupCQi6LLoRncV7AOaUCbTSTt0kgkzN0oJ+SY3fongQheKuPUjnKRdaNsLA4dzzr1z7/FjwTXY9pu1tLyyurZe2ihvbm3v7Fb29ltaJoqyJpVCqo5PNBM8Yk3gIFgnVoyEvmBtf3Sd6+0HpjSX0T2MY+aFZBDxgFMChupVbl2fD7quNB7FB0MgSsnH1A0JDP0gHWZZL4XsFBcGwYLFej7D61Wqds0uCs8DZwqqaFqNXuXF7UuahCwCKojWXceOwUuJAk4Fy8puollM6IgMWNfAiIRMe2lxcoaPDdPHgVTmRYAL9m9HSkKtx6FvnPmuelbLyUVaN4Hg0kt5FCfAIjr5KEgEBonz/HCfK0ZBjA0gVHGzK6ZDoggFk3LZhODMnjwPWmc1x645d+fV+tU0jhI6REfoBDnoAtXRDWqgJqLoCb2iD/RpPVvv1pf1PbEuWdOeA/SvrJ9fVwSt1g==</latexit><latexit sha1_base64="3nwA2w0L7NDetCwPcTEn2EnsdRw=">AAACMnicbVDLSsNAFJ34rPVVdelmsAgupCQi6LLoRncV7AOaUCbTSTt0kgkzN0oJ+SY3fongQheKuPUjnKRdaNsLA4dzzr1z7/FjwTXY9pu1tLyyurZe2ihvbm3v7Fb29ltaJoqyJpVCqo5PNBM8Yk3gIFgnVoyEvmBtf3Sd6+0HpjSX0T2MY+aFZBDxgFMChupVbl2fD7quNB7FB0MgSsnH1A0JDP0gHWZZL4XsFBcGwYLFej7D61Wqds0uCs8DZwqqaFqNXuXF7UuahCwCKojWXceOwUuJAk4Fy8puollM6IgMWNfAiIRMe2lxcoaPDdPHgVTmRYAL9m9HSkKtx6FvnPmuelbLyUVaN4Hg0kt5FCfAIjr5KEgEBonz/HCfK0ZBjA0gVHGzK6ZDoggFk3LZhODMnjwPWmc1x645d+fV+tU0jhI6REfoBDnoAtXRDWqgJqLoCb2iD/RpPVvv1pf1PbEuWdOeA/SvrJ9fVwSt1g==</latexit><latexit sha1_base64="3nwA2w0L7NDetCwPcTEn2EnsdRw=">AAACMnicbVDLSsNAFJ34rPVVdelmsAgupCQi6LLoRncV7AOaUCbTSTt0kgkzN0oJ+SY3fongQheKuPUjnKRdaNsLA4dzzr1z7/FjwTXY9pu1tLyyurZe2ihvbm3v7Fb29ltaJoqyJpVCqo5PNBM8Yk3gIFgnVoyEvmBtf3Sd6+0HpjSX0T2MY+aFZBDxgFMChupVbl2fD7quNB7FB0MgSsnH1A0JDP0gHWZZL4XsFBcGwYLFej7D61Wqds0uCs8DZwqqaFqNXuXF7UuahCwCKojWXceOwUuJAk4Fy8puollM6IgMWNfAiIRMe2lxcoaPDdPHgVTmRYAL9m9HSkKtx6FvnPmuelbLyUVaN4Hg0kt5FCfAIjr5KEgEBonz/HCfK0ZBjA0gVHGzK6ZDoggFk3LZhODMnjwPWmc1x645d+fV+tU0jhI6REfoBDnoAtXRDWqgJqLoCb2iD/RpPVvv1pf1PbEuWdOeA/SvrJ9fVwSt1g==</latexit><latexit sha1_base64="3nwA2w0L7NDetCwPcTEn2EnsdRw=">AAACMnicbVDLSsNAFJ34rPVVdelmsAgupCQi6LLoRncV7AOaUCbTSTt0kgkzN0oJ+SY3fongQheKuPUjnKRdaNsLA4dzzr1z7/FjwTXY9pu1tLyyurZe2ihvbm3v7Fb29ltaJoqyJpVCqo5PNBM8Yk3gIFgnVoyEvmBtf3Sd6+0HpjSX0T2MY+aFZBDxgFMChupVbl2fD7quNB7FB0MgSsnH1A0JDP0gHWZZL4XsFBcGwYLFej7D61Wqds0uCs8DZwqqaFqNXuXF7UuahCwCKojWXceOwUuJAk4Fy8puollM6IgMWNfAiIRMe2lxcoaPDdPHgVTmRYAL9m9HSkKtx6FvnPmuelbLyUVaN4Hg0kt5FCfAIjr5KEgEBonz/HCfK0ZBjA0gVHGzK6ZDoggFk3LZhODMnjwPWmc1x645d+fV+tU0jhI6REfoBDnoAtXRDWqgJqLoCb2iD/RpPVvv1pf1PbEuWdOeA/SvrJ9fVwSt1g==</latexit>

⇥�!
h t+1,

 �
h t+1

⇤
<latexit sha1_base64="cQGdFEViqmrPAFStMUNtlYhC3co=">AAACNnicdVDLSsNAFJ3UV62vqks3g0UQlJKIoMuiGzdCBfuAJpTJdNIOnWTCzI1SQr7Kjd/hrhsXirj1E5y0XWirBwYO5557597jx4JrsO2xVVhaXlldK66XNja3tnfKu3tNLRNFWYNKIVXbJ5oJHrEGcBCsHStGQl+wlj+8zuutB6Y0l9E9jGLmhaQf8YBTAkbqlm9dn/c7rjQexfsDIErJx9QNCQz8IB1kWTeFEyc7xROLYMF/jnyO1y1X7Ko9AV4kzoxU0Az1bvnF7UmahCwCKojWHceOwUuJAk4Fy0puollM6JD0WcfQiIRMe+nk7AwfGaWHA6nMiwBP1J8dKQm1HoW+cebb6vlaLv5V6yQQXHopj+IEWESnHwWJwCBxniHuccUoiJEhhCpudsV0QBShYJIumRCc+ZMXSfOs6thV5+68UruaxVFEB+gQHSMHXaAaukF11EAUPaExekPv1rP1an1Yn1NrwZr17KNfsL6+AWqGrrY=</latexit><latexit sha1_base64="cQGdFEViqmrPAFStMUNtlYhC3co=">AAACNnicdVDLSsNAFJ3UV62vqks3g0UQlJKIoMuiGzdCBfuAJpTJdNIOnWTCzI1SQr7Kjd/hrhsXirj1E5y0XWirBwYO5557597jx4JrsO2xVVhaXlldK66XNja3tnfKu3tNLRNFWYNKIVXbJ5oJHrEGcBCsHStGQl+wlj+8zuutB6Y0l9E9jGLmhaQf8YBTAkbqlm9dn/c7rjQexfsDIErJx9QNCQz8IB1kWTeFEyc7xROLYMF/jnyO1y1X7Ko9AV4kzoxU0Az1bvnF7UmahCwCKojWHceOwUuJAk4Fy0puollM6JD0WcfQiIRMe+nk7AwfGaWHA6nMiwBP1J8dKQm1HoW+cebb6vlaLv5V6yQQXHopj+IEWESnHwWJwCBxniHuccUoiJEhhCpudsV0QBShYJIumRCc+ZMXSfOs6thV5+68UruaxVFEB+gQHSMHXaAaukF11EAUPaExekPv1rP1an1Yn1NrwZr17KNfsL6+AWqGrrY=</latexit><latexit sha1_base64="cQGdFEViqmrPAFStMUNtlYhC3co=">AAACNnicdVDLSsNAFJ3UV62vqks3g0UQlJKIoMuiGzdCBfuAJpTJdNIOnWTCzI1SQr7Kjd/hrhsXirj1E5y0XWirBwYO5557597jx4JrsO2xVVhaXlldK66XNja3tnfKu3tNLRNFWYNKIVXbJ5oJHrEGcBCsHStGQl+wlj+8zuutB6Y0l9E9jGLmhaQf8YBTAkbqlm9dn/c7rjQexfsDIErJx9QNCQz8IB1kWTeFEyc7xROLYMF/jnyO1y1X7Ko9AV4kzoxU0Az1bvnF7UmahCwCKojWHceOwUuJAk4Fy0puollM6JD0WcfQiIRMe+nk7AwfGaWHA6nMiwBP1J8dKQm1HoW+cebb6vlaLv5V6yQQXHopj+IEWESnHwWJwCBxniHuccUoiJEhhCpudsV0QBShYJIumRCc+ZMXSfOs6thV5+68UruaxVFEB+gQHSMHXaAaukF11EAUPaExekPv1rP1an1Yn1NrwZr17KNfsL6+AWqGrrY=</latexit><latexit sha1_base64="cQGdFEViqmrPAFStMUNtlYhC3co=">AAACNnicdVDLSsNAFJ3UV62vqks3g0UQlJKIoMuiGzdCBfuAJpTJdNIOnWTCzI1SQr7Kjd/hrhsXirj1E5y0XWirBwYO5557597jx4JrsO2xVVhaXlldK66XNja3tnfKu3tNLRNFWYNKIVXbJ5oJHrEGcBCsHStGQl+wlj+8zuutB6Y0l9E9jGLmhaQf8YBTAkbqlm9dn/c7rjQexfsDIErJx9QNCQz8IB1kWTeFEyc7xROLYMF/jnyO1y1X7Ko9AV4kzoxU0Az1bvnF7UmahCwCKojWHceOwUuJAk4Fy0puollM6JD0WcfQiIRMe+nk7AwfGaWHA6nMiwBP1J8dKQm1HoW+cebb6vlaLv5V6yQQXHopj+IEWESnHwWJwCBxniHuccUoiJEhhCpudsV0QBShYJIumRCc+ZMXSfOs6thV5+68UruaxVFEB+gQHSMHXaAaukF11EAUPaExekPv1rP1an1Yn1NrwZr17KNfsL6+AWqGrrY=</latexit>

Forward pass

 Backward pass

LSTM cell 
operation

xt+1
<latexit sha1_base64="3Qzcal0y08DaNm52uWPaJJIDTfI=">AAAB+XicbVDLSsNAFL2pr1pfUZduBosgCCURQZcFXbisYB/QhjCZTtqhk0mYmRRLyJ+4caGIW//EnX/jpM1CWw8MHM65l3vmBAlnSjvOt1VZW9/Y3Kpu13Z29/YP7MOjjopTSWibxDyWvQArypmgbc00p71EUhwFnHaDyW3hd6dUKhaLRz1LqBfhkWAhI1gbybftQYT1OAizp9zP9IWb+3bdaThzoFXilqQOJVq+/TUYxiSNqNCEY6X6rpNoL8NSM8JpXhukiiaYTPCI9g0VOKLKy+bJc3RmlCEKY2me0Giu/t7IcKTULArMZJFTLXuF+J/XT3V442VMJKmmgiwOhSlHOkZFDWjIJCWazwzBRDKTFZExlphoU1bNlOAuf3mVdC4brtNwH67qzbuyjiqcwCmcgwvX0IR7aEEbCEzhGV7hzcqsF+vd+liMVqxy5xj+wPr8AbYOk7I=</latexit><latexit sha1_base64="3Qzcal0y08DaNm52uWPaJJIDTfI=">AAAB+XicbVDLSsNAFL2pr1pfUZduBosgCCURQZcFXbisYB/QhjCZTtqhk0mYmRRLyJ+4caGIW//EnX/jpM1CWw8MHM65l3vmBAlnSjvOt1VZW9/Y3Kpu13Z29/YP7MOjjopTSWibxDyWvQArypmgbc00p71EUhwFnHaDyW3hd6dUKhaLRz1LqBfhkWAhI1gbybftQYT1OAizp9zP9IWb+3bdaThzoFXilqQOJVq+/TUYxiSNqNCEY6X6rpNoL8NSM8JpXhukiiaYTPCI9g0VOKLKy+bJc3RmlCEKY2me0Giu/t7IcKTULArMZJFTLXuF+J/XT3V442VMJKmmgiwOhSlHOkZFDWjIJCWazwzBRDKTFZExlphoU1bNlOAuf3mVdC4brtNwH67qzbuyjiqcwCmcgwvX0IR7aEEbCEzhGV7hzcqsF+vd+liMVqxy5xj+wPr8AbYOk7I=</latexit><latexit sha1_base64="3Qzcal0y08DaNm52uWPaJJIDTfI=">AAAB+XicbVDLSsNAFL2pr1pfUZduBosgCCURQZcFXbisYB/QhjCZTtqhk0mYmRRLyJ+4caGIW//EnX/jpM1CWw8MHM65l3vmBAlnSjvOt1VZW9/Y3Kpu13Z29/YP7MOjjopTSWibxDyWvQArypmgbc00p71EUhwFnHaDyW3hd6dUKhaLRz1LqBfhkWAhI1gbybftQYT1OAizp9zP9IWb+3bdaThzoFXilqQOJVq+/TUYxiSNqNCEY6X6rpNoL8NSM8JpXhukiiaYTPCI9g0VOKLKy+bJc3RmlCEKY2me0Giu/t7IcKTULArMZJFTLXuF+J/XT3V442VMJKmmgiwOhSlHOkZFDWjIJCWazwzBRDKTFZExlphoU1bNlOAuf3mVdC4brtNwH67qzbuyjiqcwCmcgwvX0IR7aEEbCEzhGV7hzcqsF+vd+liMVqxy5xj+wPr8AbYOk7I=</latexit><latexit sha1_base64="3Qzcal0y08DaNm52uWPaJJIDTfI=">AAAB+XicbVDLSsNAFL2pr1pfUZduBosgCCURQZcFXbisYB/QhjCZTtqhk0mYmRRLyJ+4caGIW//EnX/jpM1CWw8MHM65l3vmBAlnSjvOt1VZW9/Y3Kpu13Z29/YP7MOjjopTSWibxDyWvQArypmgbc00p71EUhwFnHaDyW3hd6dUKhaLRz1LqBfhkWAhI1gbybftQYT1OAizp9zP9IWb+3bdaThzoFXilqQOJVq+/TUYxiSNqNCEY6X6rpNoL8NSM8JpXhukiiaYTPCI9g0VOKLKy+bJc3RmlCEKY2me0Giu/t7IcKTULArMZJFTLXuF+J/XT3V442VMJKmmgiwOhSlHOkZFDWjIJCWazwzBRDKTFZExlphoU1bNlOAuf3mVdC4brtNwH67qzbuyjiqcwCmcgwvX0IR7aEEbCEzhGV7hzcqsF+vd+liMVqxy5xj+wPr8AbYOk7I=</latexit>

xt�1<latexit sha1_base64="r7Ja+vaMGK+4jF4V61n23N6xGd4=">AAAB+XicbVDLSsNAFL2pr1pfUZduBovgxpKIoMuCLlxWsA9oQ5hMJ+3QySTMTIol5E/cuFDErX/izr9x0mahrQcGDufcyz1zgoQzpR3n26qsrW9sblW3azu7e/sH9uFRR8WpJLRNYh7LXoAV5UzQtmaa014iKY4CTrvB5Lbwu1MqFYvFo54l1IvwSLCQEayN5Nv2IMJ6HITZU+5n+sLNfbvuNJw50CpxS1KHEi3f/hoMY5JGVGjCsVJ910m0l2GpGeE0rw1SRRNMJnhE+4YKHFHlZfPkOTozyhCFsTRPaDRXf29kOFJqFgVmssiplr1C/M/rpzq88TImklRTQRaHwpQjHaOiBjRkkhLNZ4ZgIpnJisgYS0y0KatmSnCXv7xKOpcN12m4D1f15l1ZRxVO4BTOwYVraMI9tKANBKbwDK/wZmXWi/VufSxGK1a5cwx/YH3+ALkak7Q=</latexit><latexit sha1_base64="r7Ja+vaMGK+4jF4V61n23N6xGd4=">AAAB+XicbVDLSsNAFL2pr1pfUZduBovgxpKIoMuCLlxWsA9oQ5hMJ+3QySTMTIol5E/cuFDErX/izr9x0mahrQcGDufcyz1zgoQzpR3n26qsrW9sblW3azu7e/sH9uFRR8WpJLRNYh7LXoAV5UzQtmaa014iKY4CTrvB5Lbwu1MqFYvFo54l1IvwSLCQEayN5Nv2IMJ6HITZU+5n+sLNfbvuNJw50CpxS1KHEi3f/hoMY5JGVGjCsVJ910m0l2GpGeE0rw1SRRNMJnhE+4YKHFHlZfPkOTozyhCFsTRPaDRXf29kOFJqFgVmssiplr1C/M/rpzq88TImklRTQRaHwpQjHaOiBjRkkhLNZ4ZgIpnJisgYS0y0KatmSnCXv7xKOpcN12m4D1f15l1ZRxVO4BTOwYVraMI9tKANBKbwDK/wZmXWi/VufSxGK1a5cwx/YH3+ALkak7Q=</latexit><latexit sha1_base64="r7Ja+vaMGK+4jF4V61n23N6xGd4=">AAAB+XicbVDLSsNAFL2pr1pfUZduBovgxpKIoMuCLlxWsA9oQ5hMJ+3QySTMTIol5E/cuFDErX/izr9x0mahrQcGDufcyz1zgoQzpR3n26qsrW9sblW3azu7e/sH9uFRR8WpJLRNYh7LXoAV5UzQtmaa014iKY4CTrvB5Lbwu1MqFYvFo54l1IvwSLCQEayN5Nv2IMJ6HITZU+5n+sLNfbvuNJw50CpxS1KHEi3f/hoMY5JGVGjCsVJ910m0l2GpGeE0rw1SRRNMJnhE+4YKHFHlZfPkOTozyhCFsTRPaDRXf29kOFJqFgVmssiplr1C/M/rpzq88TImklRTQRaHwpQjHaOiBjRkkhLNZ4ZgIpnJisgYS0y0KatmSnCXv7xKOpcN12m4D1f15l1ZRxVO4BTOwYVraMI9tKANBKbwDK/wZmXWi/VufSxGK1a5cwx/YH3+ALkak7Q=</latexit><latexit sha1_base64="r7Ja+vaMGK+4jF4V61n23N6xGd4=">AAAB+XicbVDLSsNAFL2pr1pfUZduBovgxpKIoMuCLlxWsA9oQ5hMJ+3QySTMTIol5E/cuFDErX/izr9x0mahrQcGDufcyz1zgoQzpR3n26qsrW9sblW3azu7e/sH9uFRR8WpJLRNYh7LXoAV5UzQtmaa014iKY4CTrvB5Lbwu1MqFYvFo54l1IvwSLCQEayN5Nv2IMJ6HITZU+5n+sLNfbvuNJw50CpxS1KHEi3f/hoMY5JGVGjCsVJ910m0l2GpGeE0rw1SRRNMJnhE+4YKHFHlZfPkOTozyhCFsTRPaDRXf29kOFJqFgVmssiplr1C/M/rpzq88TImklRTQRaHwpQjHaOiBjRkkhLNZ4ZgIpnJisgYS0y0KatmSnCXv7xKOpcN12m4D1f15l1ZRxVO4BTOwYVraMI9tKANBKbwDK/wZmXWi/VufSxGK1a5cwx/YH3+ALkak7Q=</latexit>

xt<latexit sha1_base64="819Anbh0uhLi6S8LyhVR/kRaarQ=">AAAB9XicbVDLSsNAFL2pr1pfVZdugkVwVRIRdFnQhcsK9gFtLJPppB06mYSZG7WE/IcbF4q49V/c+TdO2iy09cDA4Zx7uWeOHwuu0XG+rdLK6tr6RnmzsrW9s7tX3T9o6yhRlLVoJCLV9YlmgkvWQo6CdWPFSOgL1vEnV7nfeWBK80je4TRmXkhGkgecEjTSfT8kOPaD9CkbpJgNqjWn7sxgLxO3IDUo0BxUv/rDiCYhk0gF0brnOjF6KVHIqWBZpZ9oFhM6ISPWM1SSkGkvnaXO7BOjDO0gUuZJtGfq742UhFpPQ99M5in1opeL/3m9BINLL+UyTpBJOj8UJMLGyM4rsIdcMYpiagihipusNh0TRSiaoiqmBHfxy8ukfVZ3nbp7e15rXBd1lOEIjuEUXLiABtxAE1pAQcEzvMKb9Wi9WO/Wx3y0ZBU7h/AH1ucPXR6TEQ==</latexit><latexit sha1_base64="819Anbh0uhLi6S8LyhVR/kRaarQ=">AAAB9XicbVDLSsNAFL2pr1pfVZdugkVwVRIRdFnQhcsK9gFtLJPppB06mYSZG7WE/IcbF4q49V/c+TdO2iy09cDA4Zx7uWeOHwuu0XG+rdLK6tr6RnmzsrW9s7tX3T9o6yhRlLVoJCLV9YlmgkvWQo6CdWPFSOgL1vEnV7nfeWBK80je4TRmXkhGkgecEjTSfT8kOPaD9CkbpJgNqjWn7sxgLxO3IDUo0BxUv/rDiCYhk0gF0brnOjF6KVHIqWBZpZ9oFhM6ISPWM1SSkGkvnaXO7BOjDO0gUuZJtGfq742UhFpPQ99M5in1opeL/3m9BINLL+UyTpBJOj8UJMLGyM4rsIdcMYpiagihipusNh0TRSiaoiqmBHfxy8ukfVZ3nbp7e15rXBd1lOEIjuEUXLiABtxAE1pAQcEzvMKb9Wi9WO/Wx3y0ZBU7h/AH1ucPXR6TEQ==</latexit><latexit sha1_base64="819Anbh0uhLi6S8LyhVR/kRaarQ=">AAAB9XicbVDLSsNAFL2pr1pfVZdugkVwVRIRdFnQhcsK9gFtLJPppB06mYSZG7WE/IcbF4q49V/c+TdO2iy09cDA4Zx7uWeOHwuu0XG+rdLK6tr6RnmzsrW9s7tX3T9o6yhRlLVoJCLV9YlmgkvWQo6CdWPFSOgL1vEnV7nfeWBK80je4TRmXkhGkgecEjTSfT8kOPaD9CkbpJgNqjWn7sxgLxO3IDUo0BxUv/rDiCYhk0gF0brnOjF6KVHIqWBZpZ9oFhM6ISPWM1SSkGkvnaXO7BOjDO0gUuZJtGfq742UhFpPQ99M5in1opeL/3m9BINLL+UyTpBJOj8UJMLGyM4rsIdcMYpiagihipusNh0TRSiaoiqmBHfxy8ukfVZ3nbp7e15rXBd1lOEIjuEUXLiABtxAE1pAQcEzvMKb9Wi9WO/Wx3y0ZBU7h/AH1ucPXR6TEQ==</latexit><latexit sha1_base64="819Anbh0uhLi6S8LyhVR/kRaarQ=">AAAB9XicbVDLSsNAFL2pr1pfVZdugkVwVRIRdFnQhcsK9gFtLJPppB06mYSZG7WE/IcbF4q49V/c+TdO2iy09cDA4Zx7uWeOHwuu0XG+rdLK6tr6RnmzsrW9s7tX3T9o6yhRlLVoJCLV9YlmgkvWQo6CdWPFSOgL1vEnV7nfeWBK80je4TRmXkhGkgecEjTSfT8kOPaD9CkbpJgNqjWn7sxgLxO3IDUo0BxUv/rDiCYhk0gF0brnOjF6KVHIqWBZpZ9oFhM6ISPWM1SSkGkvnaXO7BOjDO0gUuZJtGfq742UhFpPQ99M5in1opeL/3m9BINLL+UyTpBJOj8UJMLGyM4rsIdcMYpiagihipusNh0TRSiaoiqmBHfxy8ukfVZ3nbp7e15rXBd1lOEIjuEUXLiABtxAE1pAQcEzvMKb9Wi9WO/Wx3y0ZBU7h/AH1ucPXR6TEQ==</latexit>

yt
<latexit sha1_base64="nGhUO3bszbnA6Av42RDlzROMPpM=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GNBDx4rmFpoQ9lsN+3SzSbsToQQ+hu8eFDEqz/Im//GbZuDtj4YeLw3w8y8MJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUMUmmGfdZIhPdDanhUijuo0DJu6nmNA4lfwwnNzP/8YlrIxL1gHnKg5iOlIgEo2glPx8UOB3UG27TnYOsEq8kDSjRHtS/+sOEZTFXyCQ1pue5KQYF1SiY5NNaPzM8pWxCR7xnqaIxN0ExP3ZKzqwyJFGibSkkc/X3REFjY/I4tJ0xxbFZ9mbif14vw+g6KIRKM+SKLRZFmSSYkNnnZCg0ZyhzSyjTwt5K2JhqytDmU7MheMsvr5LORdNzm979ZaN1W8ZRhRM4hXPw4ApacAdt8IGBgGd4hTdHOS/Ou/OxaK045cwx/IHz+QM4Ro7y</latexit><latexit sha1_base64="nGhUO3bszbnA6Av42RDlzROMPpM=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GNBDx4rmFpoQ9lsN+3SzSbsToQQ+hu8eFDEqz/Im//GbZuDtj4YeLw3w8y8MJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUMUmmGfdZIhPdDanhUijuo0DJu6nmNA4lfwwnNzP/8YlrIxL1gHnKg5iOlIgEo2glPx8UOB3UG27TnYOsEq8kDSjRHtS/+sOEZTFXyCQ1pue5KQYF1SiY5NNaPzM8pWxCR7xnqaIxN0ExP3ZKzqwyJFGibSkkc/X3REFjY/I4tJ0xxbFZ9mbif14vw+g6KIRKM+SKLRZFmSSYkNnnZCg0ZyhzSyjTwt5K2JhqytDmU7MheMsvr5LORdNzm979ZaN1W8ZRhRM4hXPw4ApacAdt8IGBgGd4hTdHOS/Ou/OxaK045cwx/IHz+QM4Ro7y</latexit><latexit sha1_base64="nGhUO3bszbnA6Av42RDlzROMPpM=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GNBDx4rmFpoQ9lsN+3SzSbsToQQ+hu8eFDEqz/Im//GbZuDtj4YeLw3w8y8MJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUMUmmGfdZIhPdDanhUijuo0DJu6nmNA4lfwwnNzP/8YlrIxL1gHnKg5iOlIgEo2glPx8UOB3UG27TnYOsEq8kDSjRHtS/+sOEZTFXyCQ1pue5KQYF1SiY5NNaPzM8pWxCR7xnqaIxN0ExP3ZKzqwyJFGibSkkc/X3REFjY/I4tJ0xxbFZ9mbif14vw+g6KIRKM+SKLRZFmSSYkNnnZCg0ZyhzSyjTwt5K2JhqytDmU7MheMsvr5LORdNzm979ZaN1W8ZRhRM4hXPw4ApacAdt8IGBgGd4hTdHOS/Ou/OxaK045cwx/IHz+QM4Ro7y</latexit><latexit sha1_base64="nGhUO3bszbnA6Av42RDlzROMPpM=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GNBDx4rmFpoQ9lsN+3SzSbsToQQ+hu8eFDEqz/Im//GbZuDtj4YeLw3w8y8MJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUMUmmGfdZIhPdDanhUijuo0DJu6nmNA4lfwwnNzP/8YlrIxL1gHnKg5iOlIgEo2glPx8UOB3UG27TnYOsEq8kDSjRHtS/+sOEZTFXyCQ1pue5KQYF1SiY5NNaPzM8pWxCR7xnqaIxN0ExP3ZKzqwyJFGibSkkc/X3REFjY/I4tJ0xxbFZ9mbif14vw+g6KIRKM+SKLRZFmSSYkNnnZCg0ZyhzSyjTwt5K2JhqytDmU7MheMsvr5LORdNzm979ZaN1W8ZRhRM4hXPw4ApacAdt8IGBgGd4hTdHOS/Ou/OxaK045cwx/IHz+QM4Ro7y</latexit>

yt+1
<latexit sha1_base64="0RYV7gaK9Zm/L5nTq0k9CCIepjw=">AAAB7nicbVBNS8NAEJ3Ur1q/qh69LBZBEEoigh4LevBYwX5AG8pmu2mXbjZhdyKE0B/hxYMiXv093vw3btsctPXBwOO9GWbmBYkUBl332ymtrW9sbpW3Kzu7e/sH1cOjtolTzXiLxTLW3YAaLoXiLRQoeTfRnEaB5J1gcjvzO09cGxGrR8wS7kd0pEQoGEUrdbJBjhfedFCtuXV3DrJKvILUoEBzUP3qD2OWRlwhk9SYnucm6OdUo2CSTyv91PCEsgkd8Z6likbc+Pn83Ck5s8qQhLG2pZDM1d8TOY2MyaLAdkYUx2bZm4n/eb0Uwxs/FypJkSu2WBSmkmBMZr+TodCcocwsoUwLeythY6opQ5tQxYbgLb+8StqXdc+tew9XtcZdEUcZTuAUzsGDa2jAPTShBQwm8Ayv8OYkzovz7nwsWktOMXMMf+B8/gARtI9i</latexit><latexit sha1_base64="0RYV7gaK9Zm/L5nTq0k9CCIepjw=">AAAB7nicbVBNS8NAEJ3Ur1q/qh69LBZBEEoigh4LevBYwX5AG8pmu2mXbjZhdyKE0B/hxYMiXv093vw3btsctPXBwOO9GWbmBYkUBl332ymtrW9sbpW3Kzu7e/sH1cOjtolTzXiLxTLW3YAaLoXiLRQoeTfRnEaB5J1gcjvzO09cGxGrR8wS7kd0pEQoGEUrdbJBjhfedFCtuXV3DrJKvILUoEBzUP3qD2OWRlwhk9SYnucm6OdUo2CSTyv91PCEsgkd8Z6likbc+Pn83Ck5s8qQhLG2pZDM1d8TOY2MyaLAdkYUx2bZm4n/eb0Uwxs/FypJkSu2WBSmkmBMZr+TodCcocwsoUwLeythY6opQ5tQxYbgLb+8StqXdc+tew9XtcZdEUcZTuAUzsGDa2jAPTShBQwm8Ayv8OYkzovz7nwsWktOMXMMf+B8/gARtI9i</latexit><latexit sha1_base64="0RYV7gaK9Zm/L5nTq0k9CCIepjw=">AAAB7nicbVBNS8NAEJ3Ur1q/qh69LBZBEEoigh4LevBYwX5AG8pmu2mXbjZhdyKE0B/hxYMiXv093vw3btsctPXBwOO9GWbmBYkUBl332ymtrW9sbpW3Kzu7e/sH1cOjtolTzXiLxTLW3YAaLoXiLRQoeTfRnEaB5J1gcjvzO09cGxGrR8wS7kd0pEQoGEUrdbJBjhfedFCtuXV3DrJKvILUoEBzUP3qD2OWRlwhk9SYnucm6OdUo2CSTyv91PCEsgkd8Z6likbc+Pn83Ck5s8qQhLG2pZDM1d8TOY2MyaLAdkYUx2bZm4n/eb0Uwxs/FypJkSu2WBSmkmBMZr+TodCcocwsoUwLeythY6opQ5tQxYbgLb+8StqXdc+tew9XtcZdEUcZTuAUzsGDa2jAPTShBQwm8Ayv8OYkzovz7nwsWktOMXMMf+B8/gARtI9i</latexit><latexit sha1_base64="0RYV7gaK9Zm/L5nTq0k9CCIepjw=">AAAB7nicbVBNS8NAEJ3Ur1q/qh69LBZBEEoigh4LevBYwX5AG8pmu2mXbjZhdyKE0B/hxYMiXv093vw3btsctPXBwOO9GWbmBYkUBl332ymtrW9sbpW3Kzu7e/sH1cOjtolTzXiLxTLW3YAaLoXiLRQoeTfRnEaB5J1gcjvzO09cGxGrR8wS7kd0pEQoGEUrdbJBjhfedFCtuXV3DrJKvILUoEBzUP3qD2OWRlwhk9SYnucm6OdUo2CSTyv91PCEsgkd8Z6likbc+Pn83Ck5s8qQhLG2pZDM1d8TOY2MyaLAdkYUx2bZm4n/eb0Uwxs/FypJkSu2WBSmkmBMZr+TodCcocwsoUwLeythY6opQ5tQxYbgLb+8StqXdc+tew9XtcZdEUcZTuAUzsGDa2jAPTShBQwm8Ayv8OYkzovz7nwsWktOMXMMf+B8/gARtI9i</latexit>

yt�1
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Fig. 4.3 The unrolled BLSTM model.
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BLSTM is a suitable model for confidence score estimation on one-best hypotheses. Each
word and its associated features in the one-best sequence can be combined as the input feature
x to the network. Forward and backward passes allow the context in the one-best sequence to
be fully captured.

4.2 LATTICERNN

Compared with lattices and confusion networks, one-best sequences contain the least amount
of information about all other competing hypotheses produced by ASR systems. In order to
incorporate the information missed by one-best sequences, previous models based on linear
chains must be adapted to accommodate more general data structures, e.g. DAGs. To this end,
LATTICERNN , a form of recursive recurrent neural networks, is employed. LATTICERNN
traverses the graph in its topological order [15] and the detailed information flow is described
in the following sections. The designed characteristics of LATTICERNN include

• the input can be any valid directed acyclic graphs of variable structures;

• the feature vector associated with each arc could contain an arbitrary number of features
mentioned in § 3.2.1;
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h Se<latexit sha1_base64="4MVt1Ye+fxTRrKkl2lhQs6k2iqE=">AAACCnicbVDLSsNAFJ3UV62vqEs3o0VwVRIRdFnQhcuK9gFNCJPppB06mQkzE6WErN34K25cKOLWL3Dn3zhps9DWAxcO59zLvfeECaNKO863VVlaXlldq67XNja3tnfs3b2OEqnEpI0FE7IXIkUY5aStqWakl0iC4pCRbji+LPzuPZGKCn6nJwnxYzTkNKIYaSMF9qEnjC3pcKSRlOIh82KkR2GUjfI8yG4Dkgd23Wk4U8BF4pakDkq0AvvLGwicxoRrzJBSfddJtJ8hqSlmJK95qSIJwmM0JH1DOYqJ8rPpKzk8NsoARkKa4hpO1d8TGYqVmsSh6SwOVfNeIf7n9VMdXfgZ5UmqCcezRVHKoBawyAUOqCRYs4khCEtqboV4hCTC2qRXMyG48y8vks5pw3Ua7s1ZvXlVxlEFB+AInAAXnIMmuAYt0AYYPIJn8ArerCfrxXq3PmatFauc2Qd/YH3+AFNMm+w=</latexit><latexit sha1_base64="4MVt1Ye+fxTRrKkl2lhQs6k2iqE=">AAACCnicbVDLSsNAFJ3UV62vqEs3o0VwVRIRdFnQhcuK9gFNCJPppB06mQkzE6WErN34K25cKOLWL3Dn3zhps9DWAxcO59zLvfeECaNKO863VVlaXlldq67XNja3tnfs3b2OEqnEpI0FE7IXIkUY5aStqWakl0iC4pCRbji+LPzuPZGKCn6nJwnxYzTkNKIYaSMF9qEnjC3pcKSRlOIh82KkR2GUjfI8yG4Dkgd23Wk4U8BF4pakDkq0AvvLGwicxoRrzJBSfddJtJ8hqSlmJK95qSIJwmM0JH1DOYqJ8rPpKzk8NsoARkKa4hpO1d8TGYqVmsSh6SwOVfNeIf7n9VMdXfgZ5UmqCcezRVHKoBawyAUOqCRYs4khCEtqboV4hCTC2qRXMyG48y8vks5pw3Ua7s1ZvXlVxlEFB+AInAAXnIMmuAYt0AYYPIJn8ArerCfrxXq3PmatFauc2Qd/YH3+AFNMm+w=</latexit><latexit sha1_base64="4MVt1Ye+fxTRrKkl2lhQs6k2iqE=">AAACCnicbVDLSsNAFJ3UV62vqEs3o0VwVRIRdFnQhcuK9gFNCJPppB06mQkzE6WErN34K25cKOLWL3Dn3zhps9DWAxcO59zLvfeECaNKO863VVlaXlldq67XNja3tnfs3b2OEqnEpI0FE7IXIkUY5aStqWakl0iC4pCRbji+LPzuPZGKCn6nJwnxYzTkNKIYaSMF9qEnjC3pcKSRlOIh82KkR2GUjfI8yG4Dkgd23Wk4U8BF4pakDkq0AvvLGwicxoRrzJBSfddJtJ8hqSlmJK95qSIJwmM0JH1DOYqJ8rPpKzk8NsoARkKa4hpO1d8TGYqVmsSh6SwOVfNeIf7n9VMdXfgZ5UmqCcezRVHKoBawyAUOqCRYs4khCEtqboV4hCTC2qRXMyG48y8vks5pw3Ua7s1ZvXlVxlEFB+AInAAXnIMmuAYt0AYYPIJn8ArerCfrxXq3PmatFauc2Qd/YH3+AFNMm+w=</latexit><latexit sha1_base64="4MVt1Ye+fxTRrKkl2lhQs6k2iqE=">AAACCnicbVDLSsNAFJ3UV62vqEs3o0VwVRIRdFnQhcuK9gFNCJPppB06mQkzE6WErN34K25cKOLWL3Dn3zhps9DWAxcO59zLvfeECaNKO863VVlaXlldq67XNja3tnfs3b2OEqnEpI0FE7IXIkUY5aStqWakl0iC4pCRbji+LPzuPZGKCn6nJwnxYzTkNKIYaSMF9qEnjC3pcKSRlOIh82KkR2GUjfI8yG4Dkgd23Wk4U8BF4pakDkq0AvvLGwicxoRrzJBSfddJtJ8hqSlmJK95qSIJwmM0JH1DOYqJ8rPpKzk8NsoARkKa4hpO1d8TGYqVmsSh6SwOVfNeIf7n9VMdXfgZ5UmqCcezRVHKoBawyAUOqCRYs4khCEtqboV4hCTC2qRXMyG48y8vks5pw3Ua7s1ZvXlVxlEFB+AInAAXnIMmuAYt0AYYPIJn8ArerCfrxXq3PmatFauc2Qd/YH3+AFNMm+w=</latexit>

xei1
<latexit sha1_base64="0J//OkyGS1GHwrbk+TZXfhVRgek=">AAAB+3icbVDLSsNAFJ34rPUV69LNYBFclUQEXRZ04bKCfUAbw2R60w6dTMLMRFpCfsWNC0Xc+iPu/BsnbRbaemDgcM693DMnSDhT2nG+rbX1jc2t7cpOdXdv/+DQPqp1VJxKCm0a81j2AqKAMwFtzTSHXiKBRAGHbjC5KfzuE0jFYvGgZwl4ERkJFjJKtJF8uzaIiB4HYTbN/Qx895Hlvl13Gs4ceJW4JamjEi3f/hoMY5pGIDTlRKm+6yTay4jUjHLIq4NUQULohIygb6ggESgvm2fP8ZlRhjiMpXlC47n6eyMjkVKzKDCTRVK17BXif14/1eG1lzGRpBoEXRwKU451jIsi8JBJoJrPDCFUMpMV0zGRhGpTV9WU4C5/eZV0Lhqu03DvL+vN27KOCjpBp+gcuegKNdEdaqE2omiKntErerNy68V6tz4Wo2tWuXOM/sD6/AFzmpSy</latexit><latexit sha1_base64="0J//OkyGS1GHwrbk+TZXfhVRgek=">AAAB+3icbVDLSsNAFJ34rPUV69LNYBFclUQEXRZ04bKCfUAbw2R60w6dTMLMRFpCfsWNC0Xc+iPu/BsnbRbaemDgcM693DMnSDhT2nG+rbX1jc2t7cpOdXdv/+DQPqp1VJxKCm0a81j2AqKAMwFtzTSHXiKBRAGHbjC5KfzuE0jFYvGgZwl4ERkJFjJKtJF8uzaIiB4HYTbN/Qx895Hlvl13Gs4ceJW4JamjEi3f/hoMY5pGIDTlRKm+6yTay4jUjHLIq4NUQULohIygb6ggESgvm2fP8ZlRhjiMpXlC47n6eyMjkVKzKDCTRVK17BXif14/1eG1lzGRpBoEXRwKU451jIsi8JBJoJrPDCFUMpMV0zGRhGpTV9WU4C5/eZV0Lhqu03DvL+vN27KOCjpBp+gcuegKNdEdaqE2omiKntErerNy68V6tz4Wo2tWuXOM/sD6/AFzmpSy</latexit><latexit sha1_base64="0J//OkyGS1GHwrbk+TZXfhVRgek=">AAAB+3icbVDLSsNAFJ34rPUV69LNYBFclUQEXRZ04bKCfUAbw2R60w6dTMLMRFpCfsWNC0Xc+iPu/BsnbRbaemDgcM693DMnSDhT2nG+rbX1jc2t7cpOdXdv/+DQPqp1VJxKCm0a81j2AqKAMwFtzTSHXiKBRAGHbjC5KfzuE0jFYvGgZwl4ERkJFjJKtJF8uzaIiB4HYTbN/Qx895Hlvl13Gs4ceJW4JamjEi3f/hoMY5pGIDTlRKm+6yTay4jUjHLIq4NUQULohIygb6ggESgvm2fP8ZlRhjiMpXlC47n6eyMjkVKzKDCTRVK17BXif14/1eG1lzGRpBoEXRwKU451jIsi8JBJoJrPDCFUMpMV0zGRhGpTV9WU4C5/eZV0Lhqu03DvL+vN27KOCjpBp+gcuegKNdEdaqE2omiKntErerNy68V6tz4Wo2tWuXOM/sD6/AFzmpSy</latexit><latexit sha1_base64="0J//OkyGS1GHwrbk+TZXfhVRgek=">AAAB+3icbVDLSsNAFJ34rPUV69LNYBFclUQEXRZ04bKCfUAbw2R60w6dTMLMRFpCfsWNC0Xc+iPu/BsnbRbaemDgcM693DMnSDhT2nG+rbX1jc2t7cpOdXdv/+DQPqp1VJxKCm0a81j2AqKAMwFtzTSHXiKBRAGHbjC5KfzuE0jFYvGgZwl4ERkJFjJKtJF8uzaIiB4HYTbN/Qx895Hlvl13Gs4ceJW4JamjEi3f/hoMY5pGIDTlRKm+6yTay4jUjHLIq4NUQULohIygb6ggESgvm2fP8ZlRhjiMpXlC47n6eyMjkVKzKDCTRVK17BXif14/1eG1lzGRpBoEXRwKU451jIsi8JBJoJrPDCFUMpMV0zGRhGpTV9WU4C5/eZV0Lhqu03DvL+vN27KOCjpBp+gcuegKNdEdaqE2omiKntErerNy68V6tz4Wo2tWuXOM/sD6/AFzmpSy</latexit>

xein
<latexit sha1_base64="BqFWIdUuUqJwUYW2OSQsMmq68l8=">AAAB+3icbVDLSsNAFL3xWesr1qWbwSK4KokIuizowmUF+4A2hsl00g6dTMLMRFpCfsWNC0Xc+iPu/BsnbRbaemDgcM693DMnSDhT2nG+rbX1jc2t7cpOdXdv/+DQPqp1VJxKQtsk5rHsBVhRzgRta6Y57SWS4ijgtBtMbgq/+0SlYrF40LOEehEeCRYygrWRfLs2iLAeB2E2zf2M+uKR5b5ddxrOHGiVuCWpQ4mWb38NhjFJIyo04Vipvusk2suw1IxwmlcHqaIJJhM8on1DBY6o8rJ59hydGWWIwliaJzSaq783MhwpNYsCM1kkVcteIf7n9VMdXnsZE0mqqSCLQ2HKkY5RUQQaMkmJ5jNDMJHMZEVkjCUm2tRVNSW4y19eJZ2Lhus03PvLevO2rKMCJ3AK5+DCFTThDlrQBgJTeIZXeLNy68V6tz4Wo2tWuXMMf2B9/gDQxZTv</latexit><latexit sha1_base64="BqFWIdUuUqJwUYW2OSQsMmq68l8=">AAAB+3icbVDLSsNAFL3xWesr1qWbwSK4KokIuizowmUF+4A2hsl00g6dTMLMRFpCfsWNC0Xc+iPu/BsnbRbaemDgcM693DMnSDhT2nG+rbX1jc2t7cpOdXdv/+DQPqp1VJxKQtsk5rHsBVhRzgRta6Y57SWS4ijgtBtMbgq/+0SlYrF40LOEehEeCRYygrWRfLs2iLAeB2E2zf2M+uKR5b5ddxrOHGiVuCWpQ4mWb38NhjFJIyo04Vipvusk2suw1IxwmlcHqaIJJhM8on1DBY6o8rJ59hydGWWIwliaJzSaq783MhwpNYsCM1kkVcteIf7n9VMdXnsZE0mqqSCLQ2HKkY5RUQQaMkmJ5jNDMJHMZEVkjCUm2tRVNSW4y19eJZ2Lhus03PvLevO2rKMCJ3AK5+DCFTThDlrQBgJTeIZXeLNy68V6tz4Wo2tWuXMMf2B9/gDQxZTv</latexit><latexit sha1_base64="BqFWIdUuUqJwUYW2OSQsMmq68l8=">AAAB+3icbVDLSsNAFL3xWesr1qWbwSK4KokIuizowmUF+4A2hsl00g6dTMLMRFpCfsWNC0Xc+iPu/BsnbRbaemDgcM693DMnSDhT2nG+rbX1jc2t7cpOdXdv/+DQPqp1VJxKQtsk5rHsBVhRzgRta6Y57SWS4ijgtBtMbgq/+0SlYrF40LOEehEeCRYygrWRfLs2iLAeB2E2zf2M+uKR5b5ddxrOHGiVuCWpQ4mWb38NhjFJIyo04Vipvusk2suw1IxwmlcHqaIJJhM8on1DBY6o8rJ59hydGWWIwliaJzSaq783MhwpNYsCM1kkVcteIf7n9VMdXnsZE0mqqSCLQ2HKkY5RUQQaMkmJ5jNDMJHMZEVkjCUm2tRVNSW4y19eJZ2Lhus03PvLevO2rKMCJ3AK5+DCFTThDlrQBgJTeIZXeLNy68V6tz4Wo2tWuXMMf2B9/gDQxZTv</latexit><latexit sha1_base64="BqFWIdUuUqJwUYW2OSQsMmq68l8=">AAAB+3icbVDLSsNAFL3xWesr1qWbwSK4KokIuizowmUF+4A2hsl00g6dTMLMRFpCfsWNC0Xc+iPu/BsnbRbaemDgcM693DMnSDhT2nG+rbX1jc2t7cpOdXdv/+DQPqp1VJxKQtsk5rHsBVhRzgRta6Y57SWS4ijgtBtMbgq/+0SlYrF40LOEehEeCRYygrWRfLs2iLAeB2E2zf2M+uKR5b5ddxrOHGiVuCWpQ4mWb38NhjFJIyo04Vipvusk2suw1IxwmlcHqaIJJhM8on1DBY6o8rJ59hydGWWIwliaJzSaq783MhwpNYsCM1kkVcteIf7n9VMdXnsZE0mqqSCLQ2HKkY5RUQQaMkmJ5jNDMJHMZEVkjCUm2tRVNSW4y19eJZ2Lhus03PvLevO2rKMCJ3AK5+DCFTThDlrQBgJTeIZXeLNy68V6tz4Wo2tWuXMMf2B9/gDQxZTv</latexit>

xeom<latexit sha1_base64="DBzPW2DNVxVeucyGmBbi8XQbxHc=">AAAB+3icbVDLSsNAFJ34rPUV69LNYBFclUQEXRZ04bKCfUAbw2Q6aYfOI8xMpCXkV9y4UMStP+LOv3HSZqGtBwYO59zLPXOihFFtPO/bWVvf2NzaruxUd/f2Dw7do1pHy1Rh0saSSdWLkCaMCtI21DDSSxRBPGKkG01uCr/7RJSmUjyYWUICjkaCxhQjY6XQrQ04MuMozqZ5mJGQP8o8dOtew5sDrhK/JHVQohW6X4OhxCknwmCGtO77XmKCDClDMSN5dZBqkiA8QSPSt1QgTnSQzbPn8MwqQxhLZZ8wcK7+3sgQ13rGIztZJNXLXiH+5/VTE18HGRVJaojAi0NxyqCRsCgCDqki2LCZJQgrarNCPEYKYWPrqtoS/OUvr5LORcP3Gv79Zb15W9ZRASfgFJwDH1yBJrgDLdAGGEzBM3gFb07uvDjvzsdidM0pd47BHzifP9hclPQ=</latexit><latexit sha1_base64="DBzPW2DNVxVeucyGmBbi8XQbxHc=">AAAB+3icbVDLSsNAFJ34rPUV69LNYBFclUQEXRZ04bKCfUAbw2Q6aYfOI8xMpCXkV9y4UMStP+LOv3HSZqGtBwYO59zLPXOihFFtPO/bWVvf2NzaruxUd/f2Dw7do1pHy1Rh0saSSdWLkCaMCtI21DDSSxRBPGKkG01uCr/7RJSmUjyYWUICjkaCxhQjY6XQrQ04MuMozqZ5mJGQP8o8dOtew5sDrhK/JHVQohW6X4OhxCknwmCGtO77XmKCDClDMSN5dZBqkiA8QSPSt1QgTnSQzbPn8MwqQxhLZZ8wcK7+3sgQ13rGIztZJNXLXiH+5/VTE18HGRVJaojAi0NxyqCRsCgCDqki2LCZJQgrarNCPEYKYWPrqtoS/OUvr5LORcP3Gv79Zb15W9ZRASfgFJwDH1yBJrgDLdAGGEzBM3gFb07uvDjvzsdidM0pd47BHzifP9hclPQ=</latexit><latexit sha1_base64="DBzPW2DNVxVeucyGmBbi8XQbxHc=">AAAB+3icbVDLSsNAFJ34rPUV69LNYBFclUQEXRZ04bKCfUAbw2Q6aYfOI8xMpCXkV9y4UMStP+LOv3HSZqGtBwYO59zLPXOihFFtPO/bWVvf2NzaruxUd/f2Dw7do1pHy1Rh0saSSdWLkCaMCtI21DDSSxRBPGKkG01uCr/7RJSmUjyYWUICjkaCxhQjY6XQrQ04MuMozqZ5mJGQP8o8dOtew5sDrhK/JHVQohW6X4OhxCknwmCGtO77XmKCDClDMSN5dZBqkiA8QSPSt1QgTnSQzbPn8MwqQxhLZZ8wcK7+3sgQ13rGIztZJNXLXiH+5/VTE18HGRVJaojAi0NxyqCRsCgCDqki2LCZJQgrarNCPEYKYWPrqtoS/OUvr5LORcP3Gv79Zb15W9ZRASfgFJwDH1yBJrgDLdAGGEzBM3gFb07uvDjvzsdidM0pd47BHzifP9hclPQ=</latexit><latexit sha1_base64="DBzPW2DNVxVeucyGmBbi8XQbxHc=">AAAB+3icbVDLSsNAFJ34rPUV69LNYBFclUQEXRZ04bKCfUAbw2Q6aYfOI8xMpCXkV9y4UMStP+LOv3HSZqGtBwYO59zLPXOihFFtPO/bWVvf2NzaruxUd/f2Dw7do1pHy1Rh0saSSdWLkCaMCtI21DDSSxRBPGKkG01uCr/7RJSmUjyYWUICjkaCxhQjY6XQrQ04MuMozqZ5mJGQP8o8dOtew5sDrhK/JHVQohW6X4OhxCknwmCGtO77XmKCDClDMSN5dZBqkiA8QSPSt1QgTnSQzbPn8MwqQxhLZZ8wcK7+3sgQ13rGIztZJNXLXiH+5/VTE18HGRVJaojAi0NxyqCRsCgCDqki2LCZJQgrarNCPEYKYWPrqtoS/OUvr5LORcP3Gv79Zb15W9ZRASfgFJwDH1yBJrgDLdAGGEzBM3gFb07uvDjvzsdidM0pd47BHzifP9hclPQ=</latexit>

xeo1
<latexit sha1_base64="PSUqnYvZlET+XmL5PNAKrtBwCrM=">AAAB+3icbVDLSsNAFJ34rPUV69JNsAiuSiKCLgu6cFnBPqCNYTK9aYdOZsLMRFpCfsWNC0Xc+iPu/BsnbRbaemDgcM693DMnTBhV2nW/rbX1jc2t7cpOdXdv/+DQPqp1lEglgTYRTMheiBUwyqGtqWbQSyTgOGTQDSc3hd99Aqmo4A96loAf4xGnESVYGymwa4MY63EYZdM8yCDwHkUe2HW34c7hrBKvJHVUohXYX4OhIGkMXBOGlep7bqL9DEtNCYO8OkgVJJhM8Aj6hnIcg/KzefbcOTPK0ImENI9rZ67+3shwrNQsDs1kkVQte4X4n9dPdXTtZ5QnqQZOFoeilDlaOEURzpBKIJrNDMFEUpPVIWMsMdGmrqopwVv+8irpXDQ8t+HdX9abt2UdFXSCTtE58tAVaqI71EJtRNAUPaNX9Gbl1ov1bn0sRtescucY/YH1+QN8uJS4</latexit><latexit sha1_base64="PSUqnYvZlET+XmL5PNAKrtBwCrM=">AAAB+3icbVDLSsNAFJ34rPUV69JNsAiuSiKCLgu6cFnBPqCNYTK9aYdOZsLMRFpCfsWNC0Xc+iPu/BsnbRbaemDgcM693DMnTBhV2nW/rbX1jc2t7cpOdXdv/+DQPqp1lEglgTYRTMheiBUwyqGtqWbQSyTgOGTQDSc3hd99Aqmo4A96loAf4xGnESVYGymwa4MY63EYZdM8yCDwHkUe2HW34c7hrBKvJHVUohXYX4OhIGkMXBOGlep7bqL9DEtNCYO8OkgVJJhM8Aj6hnIcg/KzefbcOTPK0ImENI9rZ67+3shwrNQsDs1kkVQte4X4n9dPdXTtZ5QnqQZOFoeilDlaOEURzpBKIJrNDMFEUpPVIWMsMdGmrqopwVv+8irpXDQ8t+HdX9abt2UdFXSCTtE58tAVaqI71EJtRNAUPaNX9Gbl1ov1bn0sRtescucY/YH1+QN8uJS4</latexit><latexit sha1_base64="PSUqnYvZlET+XmL5PNAKrtBwCrM=">AAAB+3icbVDLSsNAFJ34rPUV69JNsAiuSiKCLgu6cFnBPqCNYTK9aYdOZsLMRFpCfsWNC0Xc+iPu/BsnbRbaemDgcM693DMnTBhV2nW/rbX1jc2t7cpOdXdv/+DQPqp1lEglgTYRTMheiBUwyqGtqWbQSyTgOGTQDSc3hd99Aqmo4A96loAf4xGnESVYGymwa4MY63EYZdM8yCDwHkUe2HW34c7hrBKvJHVUohXYX4OhIGkMXBOGlep7bqL9DEtNCYO8OkgVJJhM8Aj6hnIcg/KzefbcOTPK0ImENI9rZ67+3shwrNQsDs1kkVQte4X4n9dPdXTtZ5QnqQZOFoeilDlaOEURzpBKIJrNDMFEUpPVIWMsMdGmrqopwVv+8irpXDQ8t+HdX9abt2UdFXSCTtE58tAVaqI71EJtRNAUPaNX9Gbl1ov1bn0sRtescucY/YH1+QN8uJS4</latexit><latexit sha1_base64="PSUqnYvZlET+XmL5PNAKrtBwCrM=">AAAB+3icbVDLSsNAFJ34rPUV69JNsAiuSiKCLgu6cFnBPqCNYTK9aYdOZsLMRFpCfsWNC0Xc+iPu/BsnbRbaemDgcM693DMnTBhV2nW/rbX1jc2t7cpOdXdv/+DQPqp1lEglgTYRTMheiBUwyqGtqWbQSyTgOGTQDSc3hd99Aqmo4A96loAf4xGnESVYGymwa4MY63EYZdM8yCDwHkUe2HW34c7hrBKvJHVUohXYX4OhIGkMXBOGlep7bqL9DEtNCYO8OkgVJJhM8Aj6hnIcg/KzefbcOTPK0ImENI9rZ67+3shwrNQsDs1kkVQte4X4n9dPdXTtZ5QnqQZOFoeilDlaOEURzpBKIJrNDMFEUpPVIWMsMdGmrqopwVv+8irpXDQ8t+HdX9abt2UdFXSCTtE58tAVaqI71EJtRNAUPaNX9Gbl1ov1bn0sRtescucY/YH1+QN8uJS4</latexit>

 �
h e<latexit sha1_base64="PcoPgS6o/v0ORzY+1+3+d96dQsE=">AAACBXicbVBNS8NAEN3Ur1q/oh71sFgETyURQY8FPXisYFuhCWGznbRLN9mwu1FK6MWLf8WLB0W8+h+8+W/ctDlo64OBx3szzMwLU86Udpxvq7K0vLK6Vl2vbWxube/Yu3sdJTJJoU0FF/IuJAo4S6CtmeZwl0ogccihG44uC797D1IxkdzqcQp+TAYJixgl2kiBfegJY3OINJFSPOReTPQwjPLhZBJAYNedhjMFXiRuSeqoRCuwv7y+oFkMiaacKNVznVT7OZGaUQ6TmpcpSAkdkQH0DE1IDMrPp19M8LFR+jgS0lSi8VT9PZGTWKlxHJrO4kg17xXif14v09GFn7MkzTQkdLYoyjjWAheR4D6TQDUfG0KoZOZWTIdEEqpNcDUTgjv/8iLpnDZcp+HenNWbV2UcVXSAjtAJctE5aqJr1EJtRNEjekav6M16sl6sd+tj1lqxypl99AfW5w8k5Zmd</latexit><latexit sha1_base64="PcoPgS6o/v0ORzY+1+3+d96dQsE=">AAACBXicbVBNS8NAEN3Ur1q/oh71sFgETyURQY8FPXisYFuhCWGznbRLN9mwu1FK6MWLf8WLB0W8+h+8+W/ctDlo64OBx3szzMwLU86Udpxvq7K0vLK6Vl2vbWxube/Yu3sdJTJJoU0FF/IuJAo4S6CtmeZwl0ogccihG44uC797D1IxkdzqcQp+TAYJixgl2kiBfegJY3OINJFSPOReTPQwjPLhZBJAYNedhjMFXiRuSeqoRCuwv7y+oFkMiaacKNVznVT7OZGaUQ6TmpcpSAkdkQH0DE1IDMrPp19M8LFR+jgS0lSi8VT9PZGTWKlxHJrO4kg17xXif14v09GFn7MkzTQkdLYoyjjWAheR4D6TQDUfG0KoZOZWTIdEEqpNcDUTgjv/8iLpnDZcp+HenNWbV2UcVXSAjtAJctE5aqJr1EJtRNEjekav6M16sl6sd+tj1lqxypl99AfW5w8k5Zmd</latexit><latexit sha1_base64="PcoPgS6o/v0ORzY+1+3+d96dQsE=">AAACBXicbVBNS8NAEN3Ur1q/oh71sFgETyURQY8FPXisYFuhCWGznbRLN9mwu1FK6MWLf8WLB0W8+h+8+W/ctDlo64OBx3szzMwLU86Udpxvq7K0vLK6Vl2vbWxube/Yu3sdJTJJoU0FF/IuJAo4S6CtmeZwl0ogccihG44uC797D1IxkdzqcQp+TAYJixgl2kiBfegJY3OINJFSPOReTPQwjPLhZBJAYNedhjMFXiRuSeqoRCuwv7y+oFkMiaacKNVznVT7OZGaUQ6TmpcpSAkdkQH0DE1IDMrPp19M8LFR+jgS0lSi8VT9PZGTWKlxHJrO4kg17xXif14v09GFn7MkzTQkdLYoyjjWAheR4D6TQDUfG0KoZOZWTIdEEqpNcDUTgjv/8iLpnDZcp+HenNWbV2UcVXSAjtAJctE5aqJr1EJtRNEjekav6M16sl6sd+tj1lqxypl99AfW5w8k5Zmd</latexit><latexit sha1_base64="PcoPgS6o/v0ORzY+1+3+d96dQsE=">AAACBXicbVBNS8NAEN3Ur1q/oh71sFgETyURQY8FPXisYFuhCWGznbRLN9mwu1FK6MWLf8WLB0W8+h+8+W/ctDlo64OBx3szzMwLU86Udpxvq7K0vLK6Vl2vbWxube/Yu3sdJTJJoU0FF/IuJAo4S6CtmeZwl0ogccihG44uC797D1IxkdzqcQp+TAYJixgl2kiBfegJY3OINJFSPOReTPQwjPLhZBJAYNedhjMFXiRuSeqoRCuwv7y+oFkMiaacKNVznVT7OZGaUQ6TmpcpSAkdkQH0DE1IDMrPp19M8LFR+jgS0lSi8VT9PZGTWKlxHJrO4kg17xXif14v09GFn7MkzTQkdLYoyjjWAheR4D6TQDUfG0KoZOZWTIdEEqpNcDUTgjv/8iLpnDZcp+HenNWbV2UcVXSAjtAJctE5aqJr1EJtRNEjekav6M16sl6sd+tj1lqxypl99AfW5w8k5Zmd</latexit>

 �
hDe<latexit sha1_base64="3+LoOknyNqiPTa/M5FIR4CGvKSY=">AAACCXicbVBNS8NAEN34WetX1KOXxSJ4KokIeizYg8cK9gPaEDbbSbt0kw27G6WEXL34V7x4UMSr/8Cb/8ZNm4O2Phh4vDfDzLwg4Uxpx/m2VlbX1jc2K1vV7Z3dvX374LCjRCoptKngQvYCooCzGNqaaQ69RAKJAg7dYHJd+N17kIqJ+E5PE/AiMopZyCjRRvJtPBDG5hBqIqV4yAYR0eMgzMZ57mdNH3Lfrjl1Zwa8TNyS1FCJlm9/DYaCphHEmnKiVN91Eu1lRGpGOeTVQaogIXRCRtA3NCYRKC+bfZLjU6MMcSikqVjjmfp7IiORUtMoMJ3FoWrRK8T/vH6qwysvY3GSaojpfFGYcqwFLmLBQyaBaj41hFDJzK2YjokkVJvwqiYEd/HlZdI5r7tO3b29qDWaZRwVdIxO0Bly0SVqoBvUQm1E0SN6Rq/ozXqyXqx362PeumKVM0foD6zPH1qVm2A=</latexit><latexit sha1_base64="3+LoOknyNqiPTa/M5FIR4CGvKSY=">AAACCXicbVBNS8NAEN34WetX1KOXxSJ4KokIeizYg8cK9gPaEDbbSbt0kw27G6WEXL34V7x4UMSr/8Cb/8ZNm4O2Phh4vDfDzLwg4Uxpx/m2VlbX1jc2K1vV7Z3dvX374LCjRCoptKngQvYCooCzGNqaaQ69RAKJAg7dYHJd+N17kIqJ+E5PE/AiMopZyCjRRvJtPBDG5hBqIqV4yAYR0eMgzMZ57mdNH3Lfrjl1Zwa8TNyS1FCJlm9/DYaCphHEmnKiVN91Eu1lRGpGOeTVQaogIXRCRtA3NCYRKC+bfZLjU6MMcSikqVjjmfp7IiORUtMoMJ3FoWrRK8T/vH6qwysvY3GSaojpfFGYcqwFLmLBQyaBaj41hFDJzK2YjokkVJvwqiYEd/HlZdI5r7tO3b29qDWaZRwVdIxO0Bly0SVqoBvUQm1E0SN6Rq/ozXqyXqx362PeumKVM0foD6zPH1qVm2A=</latexit><latexit sha1_base64="3+LoOknyNqiPTa/M5FIR4CGvKSY=">AAACCXicbVBNS8NAEN34WetX1KOXxSJ4KokIeizYg8cK9gPaEDbbSbt0kw27G6WEXL34V7x4UMSr/8Cb/8ZNm4O2Phh4vDfDzLwg4Uxpx/m2VlbX1jc2K1vV7Z3dvX374LCjRCoptKngQvYCooCzGNqaaQ69RAKJAg7dYHJd+N17kIqJ+E5PE/AiMopZyCjRRvJtPBDG5hBqIqV4yAYR0eMgzMZ57mdNH3Lfrjl1Zwa8TNyS1FCJlm9/DYaCphHEmnKiVN91Eu1lRGpGOeTVQaogIXRCRtA3NCYRKC+bfZLjU6MMcSikqVjjmfp7IiORUtMoMJ3FoWrRK8T/vH6qwysvY3GSaojpfFGYcqwFLmLBQyaBaj41hFDJzK2YjokkVJvwqiYEd/HlZdI5r7tO3b29qDWaZRwVdIxO0Bly0SVqoBvUQm1E0SN6Rq/ozXqyXqx362PeumKVM0foD6zPH1qVm2A=</latexit><latexit sha1_base64="3+LoOknyNqiPTa/M5FIR4CGvKSY=">AAACCXicbVBNS8NAEN34WetX1KOXxSJ4KokIeizYg8cK9gPaEDbbSbt0kw27G6WEXL34V7x4UMSr/8Cb/8ZNm4O2Phh4vDfDzLwg4Uxpx/m2VlbX1jc2K1vV7Z3dvX374LCjRCoptKngQvYCooCzGNqaaQ69RAKJAg7dYHJd+N17kIqJ+E5PE/AiMopZyCjRRvJtPBDG5hBqIqV4yAYR0eMgzMZ57mdNH3Lfrjl1Zwa8TNyS1FCJlm9/DYaCphHEmnKiVN91Eu1lRGpGOeTVQaogIXRCRtA3NCYRKC+bfZLjU6MMcSikqVjjmfp7IiORUtMoMJ3FoWrRK8T/vH6qwysvY3GSaojpfFGYcqwFLmLBQyaBaj41hFDJzK2YjokkVJvwqiYEd/HlZdI5r7tO3b29qDWaZRwVdIxO0Bly0SVqoBvUQm1E0SN6Rq/ozXqyXqx362PeumKVM0foD6zPH1qVm2A=</latexit>

 �
h eo1

<latexit sha1_base64="I2LZ7+IX1BpLd4XoG330psjDKSo=">AAACC3icbVBNS8NAEN3Ur1q/oh69hBbBU0lE0GNBDx4r2A9oYthsJ+3STTbsbpQScvfiX/HiQRGv/gFv/hs3bQ7a+mDg8d4MM/OChFGpbPvbqKysrq1vVDdrW9s7u3vm/kFX8lQQ6BDOuOgHWAKjMXQUVQz6iQAcBQx6weSy8Hv3ICTl8a2aJuBFeBTTkBKstOSbdZdrm0GosBD8IXMjrMZBmI3z3M/Ad+547psNu2nPYC0TpyQNVKLtm1/ukJM0glgRhqUcOHaivAwLRQmDvOamEhJMJngEA01jHIH0stkvuXWslaEVcqErVtZM/T2R4UjKaRTozuJUuegV4n/eIFXhhZfROEkVxGS+KEyZpbhVBGMNqQCi2FQTTATVt1pkjAUmSsdX0yE4iy8vk+5p07Gbzs1Zo3VVxlFFR6iOTpCDzlELXaM26iCCHtEzekVvxpPxYrwbH/PWilHOHKI/MD5/ANownC4=</latexit><latexit sha1_base64="I2LZ7+IX1BpLd4XoG330psjDKSo=">AAACC3icbVBNS8NAEN3Ur1q/oh69hBbBU0lE0GNBDx4r2A9oYthsJ+3STTbsbpQScvfiX/HiQRGv/gFv/hs3bQ7a+mDg8d4MM/OChFGpbPvbqKysrq1vVDdrW9s7u3vm/kFX8lQQ6BDOuOgHWAKjMXQUVQz6iQAcBQx6weSy8Hv3ICTl8a2aJuBFeBTTkBKstOSbdZdrm0GosBD8IXMjrMZBmI3z3M/Ad+547psNu2nPYC0TpyQNVKLtm1/ukJM0glgRhqUcOHaivAwLRQmDvOamEhJMJngEA01jHIH0stkvuXWslaEVcqErVtZM/T2R4UjKaRTozuJUuegV4n/eIFXhhZfROEkVxGS+KEyZpbhVBGMNqQCi2FQTTATVt1pkjAUmSsdX0yE4iy8vk+5p07Gbzs1Zo3VVxlFFR6iOTpCDzlELXaM26iCCHtEzekVvxpPxYrwbH/PWilHOHKI/MD5/ANownC4=</latexit><latexit sha1_base64="I2LZ7+IX1BpLd4XoG330psjDKSo=">AAACC3icbVBNS8NAEN3Ur1q/oh69hBbBU0lE0GNBDx4r2A9oYthsJ+3STTbsbpQScvfiX/HiQRGv/gFv/hs3bQ7a+mDg8d4MM/OChFGpbPvbqKysrq1vVDdrW9s7u3vm/kFX8lQQ6BDOuOgHWAKjMXQUVQz6iQAcBQx6weSy8Hv3ICTl8a2aJuBFeBTTkBKstOSbdZdrm0GosBD8IXMjrMZBmI3z3M/Ad+547psNu2nPYC0TpyQNVKLtm1/ukJM0glgRhqUcOHaivAwLRQmDvOamEhJMJngEA01jHIH0stkvuXWslaEVcqErVtZM/T2R4UjKaRTozuJUuegV4n/eIFXhhZfROEkVxGS+KEyZpbhVBGMNqQCi2FQTTATVt1pkjAUmSsdX0yE4iy8vk+5p07Gbzs1Zo3VVxlFFR6iOTpCDzlELXaM26iCCHtEzekVvxpPxYrwbH/PWilHOHKI/MD5/ANownC4=</latexit><latexit sha1_base64="I2LZ7+IX1BpLd4XoG330psjDKSo=">AAACC3icbVBNS8NAEN3Ur1q/oh69hBbBU0lE0GNBDx4r2A9oYthsJ+3STTbsbpQScvfiX/HiQRGv/gFv/hs3bQ7a+mDg8d4MM/OChFGpbPvbqKysrq1vVDdrW9s7u3vm/kFX8lQQ6BDOuOgHWAKjMXQUVQz6iQAcBQx6weSy8Hv3ICTl8a2aJuBFeBTTkBKstOSbdZdrm0GosBD8IXMjrMZBmI3z3M/Ad+547psNu2nPYC0TpyQNVKLtm1/ukJM0glgRhqUcOHaivAwLRQmDvOamEhJMJngEA01jHIH0stkvuXWslaEVcqErVtZM/T2R4UjKaRTozuJUuegV4n/eIFXhhZfROEkVxGS+KEyZpbhVBGMNqQCi2FQTTATVt1pkjAUmSsdX0yE4iy8vk+5p07Gbzs1Zo3VVxlFFR6iOTpCDzlELXaM26iCCHtEzekVvxpPxYrwbH/PWilHOHKI/MD5/ANownC4=</latexit>

 �
h eom<latexit sha1_base64="UAqn3+T4mI8L/PJNZ7Cwz/yU+YU=">AAACC3icbVBNS8NAEN3Ur1q/oh69hBbBU0lE0GNBDx4r2A9oYthsJ+3STTbsbpQScvfiX/HiQRGv/gFv/hs3bQ7a+mDg8d4MM/OChFGpbPvbqKysrq1vVDdrW9s7u3vm/kFX8lQQ6BDOuOgHWAKjMXQUVQz6iQAcBQx6weSy8Hv3ICTl8a2aJuBFeBTTkBKstOSbdZdrm0GosBD8IXMjrMZBmI3z3M/Aj+547psNu2nPYC0TpyQNVKLtm1/ukJM0glgRhqUcOHaivAwLRQmDvOamEhJMJngEA01jHIH0stkvuXWslaEVcqErVtZM/T2R4UjKaRTozuJUuegV4n/eIFXhhZfROEkVxGS+KEyZpbhVBGMNqQCi2FQTTATVt1pkjAUmSsdX0yE4iy8vk+5p07Gbzs1Zo3VVxlFFR6iOTpCDzlELXaM26iCCHtEzekVvxpPxYrwbH/PWilHOHKI/MD5/ADXjnGo=</latexit><latexit sha1_base64="UAqn3+T4mI8L/PJNZ7Cwz/yU+YU=">AAACC3icbVBNS8NAEN3Ur1q/oh69hBbBU0lE0GNBDx4r2A9oYthsJ+3STTbsbpQScvfiX/HiQRGv/gFv/hs3bQ7a+mDg8d4MM/OChFGpbPvbqKysrq1vVDdrW9s7u3vm/kFX8lQQ6BDOuOgHWAKjMXQUVQz6iQAcBQx6weSy8Hv3ICTl8a2aJuBFeBTTkBKstOSbdZdrm0GosBD8IXMjrMZBmI3z3M/Aj+547psNu2nPYC0TpyQNVKLtm1/ukJM0glgRhqUcOHaivAwLRQmDvOamEhJMJngEA01jHIH0stkvuXWslaEVcqErVtZM/T2R4UjKaRTozuJUuegV4n/eIFXhhZfROEkVxGS+KEyZpbhVBGMNqQCi2FQTTATVt1pkjAUmSsdX0yE4iy8vk+5p07Gbzs1Zo3VVxlFFR6iOTpCDzlELXaM26iCCHtEzekVvxpPxYrwbH/PWilHOHKI/MD5/ADXjnGo=</latexit><latexit sha1_base64="UAqn3+T4mI8L/PJNZ7Cwz/yU+YU=">AAACC3icbVBNS8NAEN3Ur1q/oh69hBbBU0lE0GNBDx4r2A9oYthsJ+3STTbsbpQScvfiX/HiQRGv/gFv/hs3bQ7a+mDg8d4MM/OChFGpbPvbqKysrq1vVDdrW9s7u3vm/kFX8lQQ6BDOuOgHWAKjMXQUVQz6iQAcBQx6weSy8Hv3ICTl8a2aJuBFeBTTkBKstOSbdZdrm0GosBD8IXMjrMZBmI3z3M/Aj+547psNu2nPYC0TpyQNVKLtm1/ukJM0glgRhqUcOHaivAwLRQmDvOamEhJMJngEA01jHIH0stkvuXWslaEVcqErVtZM/T2R4UjKaRTozuJUuegV4n/eIFXhhZfROEkVxGS+KEyZpbhVBGMNqQCi2FQTTATVt1pkjAUmSsdX0yE4iy8vk+5p07Gbzs1Zo3VVxlFFR6iOTpCDzlELXaM26iCCHtEzekVvxpPxYrwbH/PWilHOHKI/MD5/ADXjnGo=</latexit><latexit sha1_base64="UAqn3+T4mI8L/PJNZ7Cwz/yU+YU=">AAACC3icbVBNS8NAEN3Ur1q/oh69hBbBU0lE0GNBDx4r2A9oYthsJ+3STTbsbpQScvfiX/HiQRGv/gFv/hs3bQ7a+mDg8d4MM/OChFGpbPvbqKysrq1vVDdrW9s7u3vm/kFX8lQQ6BDOuOgHWAKjMXQUVQz6iQAcBQx6weSy8Hv3ICTl8a2aJuBFeBTTkBKstOSbdZdrm0GosBD8IXMjrMZBmI3z3M/Aj+547psNu2nPYC0TpyQNVKLtm1/ukJM0glgRhqUcOHaivAwLRQmDvOamEhJMJngEA01jHIH0stkvuXWslaEVcqErVtZM/T2R4UjKaRTozuJUuegV4n/eIFXhhZfROEkVxGS+KEyZpbhVBGMNqQCi2FQTTATVt1pkjAUmSsdX0yE4iy8vk+5p07Gbzs1Zo3VVxlFFR6iOTpCDzlELXaM26iCCHtEzekVvxpPxYrwbH/PWilHOHKI/MD5/ADXjnGo=</latexit>
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⇤
<latexit sha1_base64="/tTbQcLQGm+LaWRbu3jqugj7r4s=">AAACMXicbVDLSsNAFJ34rPUVdekmWAQXUhIRdFnQRZcV7AOaUCbTm3boJBNmJkoJ+SU3/om46UIRt/6EkzQLbXtg4HDOvXfuPX7MqFS2PTPW1jc2t7YrO9Xdvf2DQ/PouCN5Igi0CWdc9HwsgdEI2ooqBr1YAA59Bl1/cpf73ScQkvLoUU1j8EI8imhACVZaGphN16ejvst1jaCjscJC8OfUDbEa+0E6zrJBCtll4TMIVtv5CG9g1uy6XcBaJk5JaqhEa2C+uUNOkhAiRRiWsu/YsfJSLBQlDLKqm0iIMZngEfQ1jXAI0kuLizPrXCtDK+BCv0hZhfq3I8WhlNPQ15X5rnLRy8VVXj9Rwa2X0ihOFERk/lGQMEtxK4/PGlIBRLGpJpgIqne1yBgLTJQOuapDcBZPXiadq7pj152H61rjvoyjgk7RGbpADrpBDdRELdRGBL2gd/SBPo1XY2Z8Gd/z0jWj7DlB/2D8/AK9uq2Q</latexit><latexit sha1_base64="/tTbQcLQGm+LaWRbu3jqugj7r4s=">AAACMXicbVDLSsNAFJ34rPUVdekmWAQXUhIRdFnQRZcV7AOaUCbTm3boJBNmJkoJ+SU3/om46UIRt/6EkzQLbXtg4HDOvXfuPX7MqFS2PTPW1jc2t7YrO9Xdvf2DQ/PouCN5Igi0CWdc9HwsgdEI2ooqBr1YAA59Bl1/cpf73ScQkvLoUU1j8EI8imhACVZaGphN16ejvst1jaCjscJC8OfUDbEa+0E6zrJBCtll4TMIVtv5CG9g1uy6XcBaJk5JaqhEa2C+uUNOkhAiRRiWsu/YsfJSLBQlDLKqm0iIMZngEfQ1jXAI0kuLizPrXCtDK+BCv0hZhfq3I8WhlNPQ15X5rnLRy8VVXj9Rwa2X0ihOFERk/lGQMEtxK4/PGlIBRLGpJpgIqne1yBgLTJQOuapDcBZPXiadq7pj152H61rjvoyjgk7RGbpADrpBDdRELdRGBL2gd/SBPo1XY2Z8Gd/z0jWj7DlB/2D8/AK9uq2Q</latexit><latexit sha1_base64="/tTbQcLQGm+LaWRbu3jqugj7r4s=">AAACMXicbVDLSsNAFJ34rPUVdekmWAQXUhIRdFnQRZcV7AOaUCbTm3boJBNmJkoJ+SU3/om46UIRt/6EkzQLbXtg4HDOvXfuPX7MqFS2PTPW1jc2t7YrO9Xdvf2DQ/PouCN5Igi0CWdc9HwsgdEI2ooqBr1YAA59Bl1/cpf73ScQkvLoUU1j8EI8imhACVZaGphN16ejvst1jaCjscJC8OfUDbEa+0E6zrJBCtll4TMIVtv5CG9g1uy6XcBaJk5JaqhEa2C+uUNOkhAiRRiWsu/YsfJSLBQlDLKqm0iIMZngEfQ1jXAI0kuLizPrXCtDK+BCv0hZhfq3I8WhlNPQ15X5rnLRy8VVXj9Rwa2X0ihOFERk/lGQMEtxK4/PGlIBRLGpJpgIqne1yBgLTJQOuapDcBZPXiadq7pj152H61rjvoyjgk7RGbpADrpBDdRELdRGBL2gd/SBPo1XY2Z8Gd/z0jWj7DlB/2D8/AK9uq2Q</latexit><latexit sha1_base64="/tTbQcLQGm+LaWRbu3jqugj7r4s=">AAACMXicbVDLSsNAFJ34rPUVdekmWAQXUhIRdFnQRZcV7AOaUCbTm3boJBNmJkoJ+SU3/om46UIRt/6EkzQLbXtg4HDOvXfuPX7MqFS2PTPW1jc2t7YrO9Xdvf2DQ/PouCN5Igi0CWdc9HwsgdEI2ooqBr1YAA59Bl1/cpf73ScQkvLoUU1j8EI8imhACVZaGphN16ejvst1jaCjscJC8OfUDbEa+0E6zrJBCtll4TMIVtv5CG9g1uy6XcBaJk5JaqhEa2C+uUNOkhAiRRiWsu/YsfJSLBQlDLKqm0iIMZngEfQ1jXAI0kuLizPrXCtDK+BCv0hZhfq3I8WhlNPQ15X5rnLRy8VVXj9Rwa2X0ihOFERk/lGQMEtxK4/PGlIBRLGpJpgIqne1yBgLTJQOuapDcBZPXiadq7pj152H61rjvoyjgk7RGbpADrpBDdRELdRGBL2gd/SBPo1XY2Z8Gd/z0jWj7DlB/2D8/AK9uq2Q</latexit>
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eo1
<latexit sha1_base64="Htqdo/+EGkIS6DMHkaNUYZIqSH0=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69BIvgqSQi6LGgB48VTFtoY9lsJ+3SzW7Y3Qgl9Dd48aCIV3+QN/+N2zYHbX0w8Hhvhpl5UcqZNp737ZTW1jc2t8rblZ3dvf2D6uFRS8tMUQyo5FJ1IqKRM4GBYYZjJ1VIkohjOxrfzPz2EyrNpHgwkxTDhAwFixklxkoB9v1H2a/WvLo3h7tK/ILUoECzX/3qDSTNEhSGcqJ11/dSE+ZEGUY5Tiu9TGNK6JgMsWupIAnqMJ8fO3XPrDJwY6lsCePO1d8TOUm0niSR7UyIGellbyb+53UzE1+HORNpZlDQxaI4466R7uxzd8AUUsMnlhCqmL3VpSOiCDU2n4oNwV9+eZW0Luq+V/fvL2uN2yKOMpzAKZyDD1fQgDtoQgAUGDzDK7w5wnlx3p2PRWvJKWaO4Q+czx9yNY5w</latexit><latexit sha1_base64="Htqdo/+EGkIS6DMHkaNUYZIqSH0=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69BIvgqSQi6LGgB48VTFtoY9lsJ+3SzW7Y3Qgl9Dd48aCIV3+QN/+N2zYHbX0w8Hhvhpl5UcqZNp737ZTW1jc2t8rblZ3dvf2D6uFRS8tMUQyo5FJ1IqKRM4GBYYZjJ1VIkohjOxrfzPz2EyrNpHgwkxTDhAwFixklxkoB9v1H2a/WvLo3h7tK/ILUoECzX/3qDSTNEhSGcqJ11/dSE+ZEGUY5Tiu9TGNK6JgMsWupIAnqMJ8fO3XPrDJwY6lsCePO1d8TOUm0niSR7UyIGellbyb+53UzE1+HORNpZlDQxaI4466R7uxzd8AUUsMnlhCqmL3VpSOiCDU2n4oNwV9+eZW0Luq+V/fvL2uN2yKOMpzAKZyDD1fQgDtoQgAUGDzDK7w5wnlx3p2PRWvJKWaO4Q+czx9yNY5w</latexit><latexit sha1_base64="Htqdo/+EGkIS6DMHkaNUYZIqSH0=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69BIvgqSQi6LGgB48VTFtoY9lsJ+3SzW7Y3Qgl9Dd48aCIV3+QN/+N2zYHbX0w8Hhvhpl5UcqZNp737ZTW1jc2t8rblZ3dvf2D6uFRS8tMUQyo5FJ1IqKRM4GBYYZjJ1VIkohjOxrfzPz2EyrNpHgwkxTDhAwFixklxkoB9v1H2a/WvLo3h7tK/ILUoECzX/3qDSTNEhSGcqJ11/dSE+ZEGUY5Tiu9TGNK6JgMsWupIAnqMJ8fO3XPrDJwY6lsCePO1d8TOUm0niSR7UyIGellbyb+53UzE1+HORNpZlDQxaI4466R7uxzd8AUUsMnlhCqmL3VpSOiCDU2n4oNwV9+eZW0Luq+V/fvL2uN2yKOMpzAKZyDD1fQgDtoQgAUGDzDK7w5wnlx3p2PRWvJKWaO4Q+czx9yNY5w</latexit><latexit sha1_base64="Htqdo/+EGkIS6DMHkaNUYZIqSH0=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69BIvgqSQi6LGgB48VTFtoY9lsJ+3SzW7Y3Qgl9Dd48aCIV3+QN/+N2zYHbX0w8Hhvhpl5UcqZNp737ZTW1jc2t8rblZ3dvf2D6uFRS8tMUQyo5FJ1IqKRM4GBYYZjJ1VIkohjOxrfzPz2EyrNpHgwkxTDhAwFixklxkoB9v1H2a/WvLo3h7tK/ILUoECzX/3qDSTNEhSGcqJ11/dSE+ZEGUY5Tiu9TGNK6JgMsWupIAnqMJ8fO3XPrDJwY6lsCePO1d8TOUm0niSR7UyIGellbyb+53UzE1+HORNpZlDQxaI4466R7uxzd8AUUsMnlhCqmL3VpSOiCDU2n4oNwV9+eZW0Luq+V/fvL2uN2yKOMpzAKZyDD1fQgDtoQgAUGDzDK7w5wnlx3p2PRWvJKWaO4Q+czx9yNY5w</latexit>

eom
<latexit sha1_base64="9NX4RDaX2NVkWs7E/E/CzrMI3wY=">AAAB7HicbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMeAHjxGcJNAsobZSW8yZB7LzKwQlnyDFw+KePWDvPk3TpI9aGJBQ1HVTXdXnHJmrO9/e6W19Y3NrfJ2ZWd3b/+genjUMirTFEKquNKdmBjgTEJomeXQSTUQEXNox+Obmd9+Am2Ykg92kkIkyFCyhFFinRRCXzyqfrXm1/058CoJClJDBZr96ldvoGgmQFrKiTHdwE9tlBNtGeUwrfQyAymhYzKErqOSCDBRPj92is+cMsCJ0q6kxXP190ROhDETEbtOQezILHsz8T+vm9nkOsqZTDMLki4WJRnHVuHZ53jANFDLJ44Qqpm7FdMR0YRal0/FhRAsv7xKWhf1wK8H95e1xm0RRxmdoFN0jgJ0hRroDjVRiChi6Bm9ojdPei/eu/exaC15xcwx+gPv8wfNnY6s</latexit><latexit sha1_base64="9NX4RDaX2NVkWs7E/E/CzrMI3wY=">AAAB7HicbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMeAHjxGcJNAsobZSW8yZB7LzKwQlnyDFw+KePWDvPk3TpI9aGJBQ1HVTXdXnHJmrO9/e6W19Y3NrfJ2ZWd3b/+genjUMirTFEKquNKdmBjgTEJomeXQSTUQEXNox+Obmd9+Am2Ykg92kkIkyFCyhFFinRRCXzyqfrXm1/058CoJClJDBZr96ldvoGgmQFrKiTHdwE9tlBNtGeUwrfQyAymhYzKErqOSCDBRPj92is+cMsCJ0q6kxXP190ROhDETEbtOQezILHsz8T+vm9nkOsqZTDMLki4WJRnHVuHZ53jANFDLJ44Qqpm7FdMR0YRal0/FhRAsv7xKWhf1wK8H95e1xm0RRxmdoFN0jgJ0hRroDjVRiChi6Bm9ojdPei/eu/exaC15xcwx+gPv8wfNnY6s</latexit><latexit sha1_base64="9NX4RDaX2NVkWs7E/E/CzrMI3wY=">AAAB7HicbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMeAHjxGcJNAsobZSW8yZB7LzKwQlnyDFw+KePWDvPk3TpI9aGJBQ1HVTXdXnHJmrO9/e6W19Y3NrfJ2ZWd3b/+genjUMirTFEKquNKdmBjgTEJomeXQSTUQEXNox+Obmd9+Am2Ykg92kkIkyFCyhFFinRRCXzyqfrXm1/058CoJClJDBZr96ldvoGgmQFrKiTHdwE9tlBNtGeUwrfQyAymhYzKErqOSCDBRPj92is+cMsCJ0q6kxXP190ROhDETEbtOQezILHsz8T+vm9nkOsqZTDMLki4WJRnHVuHZ53jANFDLJ44Qqpm7FdMR0YRal0/FhRAsv7xKWhf1wK8H95e1xm0RRxmdoFN0jgJ0hRroDjVRiChi6Bm9ojdPei/eu/exaC15xcwx+gPv8wfNnY6s</latexit><latexit sha1_base64="9NX4RDaX2NVkWs7E/E/CzrMI3wY=">AAAB7HicbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMeAHjxGcJNAsobZSW8yZB7LzKwQlnyDFw+KePWDvPk3TpI9aGJBQ1HVTXdXnHJmrO9/e6W19Y3NrfJ2ZWd3b/+genjUMirTFEKquNKdmBjgTEJomeXQSTUQEXNox+Obmd9+Am2Ykg92kkIkyFCyhFFinRRCXzyqfrXm1/058CoJClJDBZr96ldvoGgmQFrKiTHdwE9tlBNtGeUwrfQyAymhYzKErqOSCDBRPj92is+cMsCJ0q6kxXP190ROhDETEbtOQezILHsz8T+vm9nkOsqZTDMLki4WJRnHVuHZ53jANFDLJ44Qqpm7FdMR0YRal0/FhRAsv7xKWhf1wK8H95e1xm0RRxmdoFN0jgJ0hRroDjVRiChi6Bm9ojdPei/eu/exaC15xcwx+gPv8wfNnY6s</latexit>

...<latexit sha1_base64="x0GuWRL/T18stdJmnj/jlAwmYT4=">AAAB7XicbVBNS8NAEJ34WetX1aOXYBE8lUQEPRb04LGC/YA2lM1m067d7IbdSaGE/gcvHhTx6v/x5r9x2+agrQ8GHu/NMDMvTAU36Hnfztr6xubWdmmnvLu3f3BYOTpuGZVpyppUCaU7ITFMcMmayFGwTqoZSULB2uHodua3x0wbruQjTlIWJGQgecwpQSu1euNIoelXql7Nm8NdJX5BqlCg0a989SJFs4RJpIIY0/W9FIOcaORUsGm5lxmWEjoiA9a1VJKEmSCfXzt1z60SubHStiS6c/X3RE4SYyZJaDsTgkOz7M3E/7xuhvFNkHOZZsgkXSyKM+GicmevuxHXjKKYWEKo5vZWlw6JJhRtQGUbgr/88ippXdZ8r+Y/XFXrd0UcJTiFM7gAH66hDvfQgCZQeIJneIU3RzkvzrvzsWhdc4qZE/gD5/MHzAmPRA==</latexit><latexit sha1_base64="x0GuWRL/T18stdJmnj/jlAwmYT4=">AAAB7XicbVBNS8NAEJ34WetX1aOXYBE8lUQEPRb04LGC/YA2lM1m067d7IbdSaGE/gcvHhTx6v/x5r9x2+agrQ8GHu/NMDMvTAU36Hnfztr6xubWdmmnvLu3f3BYOTpuGZVpyppUCaU7ITFMcMmayFGwTqoZSULB2uHodua3x0wbruQjTlIWJGQgecwpQSu1euNIoelXql7Nm8NdJX5BqlCg0a989SJFs4RJpIIY0/W9FIOcaORUsGm5lxmWEjoiA9a1VJKEmSCfXzt1z60SubHStiS6c/X3RE4SYyZJaDsTgkOz7M3E/7xuhvFNkHOZZsgkXSyKM+GicmevuxHXjKKYWEKo5vZWlw6JJhRtQGUbgr/88ippXdZ8r+Y/XFXrd0UcJTiFM7gAH66hDvfQgCZQeIJneIU3RzkvzrvzsWhdc4qZE/gD5/MHzAmPRA==</latexit><latexit sha1_base64="x0GuWRL/T18stdJmnj/jlAwmYT4=">AAAB7XicbVBNS8NAEJ34WetX1aOXYBE8lUQEPRb04LGC/YA2lM1m067d7IbdSaGE/gcvHhTx6v/x5r9x2+agrQ8GHu/NMDMvTAU36Hnfztr6xubWdmmnvLu3f3BYOTpuGZVpyppUCaU7ITFMcMmayFGwTqoZSULB2uHodua3x0wbruQjTlIWJGQgecwpQSu1euNIoelXql7Nm8NdJX5BqlCg0a989SJFs4RJpIIY0/W9FIOcaORUsGm5lxmWEjoiA9a1VJKEmSCfXzt1z60SubHStiS6c/X3RE4SYyZJaDsTgkOz7M3E/7xuhvFNkHOZZsgkXSyKM+GicmevuxHXjKKYWEKo5vZWlw6JJhRtQGUbgr/88ippXdZ8r+Y/XFXrd0UcJTiFM7gAH66hDvfQgCZQeIJneIU3RzkvzrvzsWhdc4qZE/gD5/MHzAmPRA==</latexit><latexit sha1_base64="x0GuWRL/T18stdJmnj/jlAwmYT4=">AAAB7XicbVBNS8NAEJ34WetX1aOXYBE8lUQEPRb04LGC/YA2lM1m067d7IbdSaGE/gcvHhTx6v/x5r9x2+agrQ8GHu/NMDMvTAU36Hnfztr6xubWdmmnvLu3f3BYOTpuGZVpyppUCaU7ITFMcMmayFGwTqoZSULB2uHodua3x0wbruQjTlIWJGQgecwpQSu1euNIoelXql7Nm8NdJX5BqlCg0a989SJFs4RJpIIY0/W9FIOcaORUsGm5lxmWEjoiA9a1VJKEmSCfXzt1z60SubHStiS6c/X3RE4SYyZJaDsTgkOz7M3E/7xuhvFNkHOZZsgkXSyKM+GicmevuxHXjKKYWEKo5vZWlw6JJhRtQGUbgr/88ippXdZ8r+Y/XFXrd0UcJTiFM7gAH66hDvfQgCZQeIJneIU3RzkvzrvzsWhdc4qZE/gD5/MHzAmPRA==</latexit>

ei1
<latexit sha1_base64="To94+4fqGaA4xhsS6upnoG0pxMg=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GNBDx4rmLbQxrLZTtqlm03Y3Qgl9Dd48aCIV3+QN/+N2zYHbX0w8Hhvhpl5YSq4Nq777ZTW1jc2t8rblZ3dvf2D6uFRSyeZYuizRCSqE1KNgkv0DTcCO6lCGocC2+H4Zua3n1BpnsgHM0kxiOlQ8ogzaqzkY9975P1qza27c5BV4hWkBgWa/epXb5CwLEZpmKBadz03NUFOleFM4LTSyzSmlI3pELuWShqjDvL5sVNyZpUBiRJlSxoyV39P5DTWehKHtjOmZqSXvZn4n9fNTHQd5FymmUHJFouiTBCTkNnnZMAVMiMmllCmuL2VsBFVlBmbT8WG4C2/vEpaF3XPrXv3l7XGbRFHGU7gFM7BgytowB00wQcGHJ7hFd4c6bw4787HorXkFDPH8AfO5w9pHY5q</latexit><latexit sha1_base64="To94+4fqGaA4xhsS6upnoG0pxMg=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GNBDx4rmLbQxrLZTtqlm03Y3Qgl9Dd48aCIV3+QN/+N2zYHbX0w8Hhvhpl5YSq4Nq777ZTW1jc2t8rblZ3dvf2D6uFRSyeZYuizRCSqE1KNgkv0DTcCO6lCGocC2+H4Zua3n1BpnsgHM0kxiOlQ8ogzaqzkY9975P1qza27c5BV4hWkBgWa/epXb5CwLEZpmKBadz03NUFOleFM4LTSyzSmlI3pELuWShqjDvL5sVNyZpUBiRJlSxoyV39P5DTWehKHtjOmZqSXvZn4n9fNTHQd5FymmUHJFouiTBCTkNnnZMAVMiMmllCmuL2VsBFVlBmbT8WG4C2/vEpaF3XPrXv3l7XGbRFHGU7gFM7BgytowB00wQcGHJ7hFd4c6bw4787HorXkFDPH8AfO5w9pHY5q</latexit><latexit sha1_base64="To94+4fqGaA4xhsS6upnoG0pxMg=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GNBDx4rmLbQxrLZTtqlm03Y3Qgl9Dd48aCIV3+QN/+N2zYHbX0w8Hhvhpl5YSq4Nq777ZTW1jc2t8rblZ3dvf2D6uFRSyeZYuizRCSqE1KNgkv0DTcCO6lCGocC2+H4Zua3n1BpnsgHM0kxiOlQ8ogzaqzkY9975P1qza27c5BV4hWkBgWa/epXb5CwLEZpmKBadz03NUFOleFM4LTSyzSmlI3pELuWShqjDvL5sVNyZpUBiRJlSxoyV39P5DTWehKHtjOmZqSXvZn4n9fNTHQd5FymmUHJFouiTBCTkNnnZMAVMiMmllCmuL2VsBFVlBmbT8WG4C2/vEpaF3XPrXv3l7XGbRFHGU7gFM7BgytowB00wQcGHJ7hFd4c6bw4787HorXkFDPH8AfO5w9pHY5q</latexit><latexit sha1_base64="To94+4fqGaA4xhsS6upnoG0pxMg=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GNBDx4rmLbQxrLZTtqlm03Y3Qgl9Dd48aCIV3+QN/+N2zYHbX0w8Hhvhpl5YSq4Nq777ZTW1jc2t8rblZ3dvf2D6uFRSyeZYuizRCSqE1KNgkv0DTcCO6lCGocC2+H4Zua3n1BpnsgHM0kxiOlQ8ogzaqzkY9975P1qza27c5BV4hWkBgWa/epXb5CwLEZpmKBadz03NUFOleFM4LTSyzSmlI3pELuWShqjDvL5sVNyZpUBiRJlSxoyV39P5DTWehKHtjOmZqSXvZn4n9fNTHQd5FymmUHJFouiTBCTkNnnZMAVMiMmllCmuL2VsBFVlBmbT8WG4C2/vEpaF3XPrXv3l7XGbRFHGU7gFM7BgytowB00wQcGHJ7hFd4c6bw4787HorXkFDPH8AfO5w9pHY5q</latexit>

ein
<latexit sha1_base64="b13CYf7rT5AWWXH2+cyOq44Gjlk=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GNBDx4rmLbQxrLZTtqlm03Y3Qgl9Dd48aCIV3+QN/+N2zYHbX0w8Hhvhpl5YSq4Nq777ZTW1jc2t8rblZ3dvf2D6uFRSyeZYuizRCSqE1KNgkv0DTcCO6lCGocC2+H4Zua3n1BpnsgHM0kxiOlQ8ogzaqzkY18+8n615tbdOcgq8QpSgwLNfvWrN0hYFqM0TFCtu56bmiCnynAmcFrpZRpTysZ0iF1LJY1RB/n82Ck5s8qARImyJQ2Zq78nchprPYlD2xlTM9LL3kz8z+tmJroOci7TzKBki0VRJohJyOxzMuAKmRETSyhT3N5K2IgqyozNp2JD8JZfXiWti7rn1r37y1rjtoijDCdwCufgwRU04A6a4AMDDs/wCm+OdF6cd+dj0Vpyiplj+APn8wfGC46n</latexit><latexit sha1_base64="b13CYf7rT5AWWXH2+cyOq44Gjlk=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GNBDx4rmLbQxrLZTtqlm03Y3Qgl9Dd48aCIV3+QN/+N2zYHbX0w8Hhvhpl5YSq4Nq777ZTW1jc2t8rblZ3dvf2D6uFRSyeZYuizRCSqE1KNgkv0DTcCO6lCGocC2+H4Zua3n1BpnsgHM0kxiOlQ8ogzaqzkY18+8n615tbdOcgq8QpSgwLNfvWrN0hYFqM0TFCtu56bmiCnynAmcFrpZRpTysZ0iF1LJY1RB/n82Ck5s8qARImyJQ2Zq78nchprPYlD2xlTM9LL3kz8z+tmJroOci7TzKBki0VRJohJyOxzMuAKmRETSyhT3N5K2IgqyozNp2JD8JZfXiWti7rn1r37y1rjtoijDCdwCufgwRU04A6a4AMDDs/wCm+OdF6cd+dj0Vpyiplj+APn8wfGC46n</latexit><latexit sha1_base64="b13CYf7rT5AWWXH2+cyOq44Gjlk=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GNBDx4rmLbQxrLZTtqlm03Y3Qgl9Dd48aCIV3+QN/+N2zYHbX0w8Hhvhpl5YSq4Nq777ZTW1jc2t8rblZ3dvf2D6uFRSyeZYuizRCSqE1KNgkv0DTcCO6lCGocC2+H4Zua3n1BpnsgHM0kxiOlQ8ogzaqzkY18+8n615tbdOcgq8QpSgwLNfvWrN0hYFqM0TFCtu56bmiCnynAmcFrpZRpTysZ0iF1LJY1RB/n82Ck5s8qARImyJQ2Zq78nchprPYlD2xlTM9LL3kz8z+tmJroOci7TzKBki0VRJohJyOxzMuAKmRETSyhT3N5K2IgqyozNp2JD8JZfXiWti7rn1r37y1rjtoijDCdwCufgwRU04A6a4AMDDs/wCm+OdF6cd+dj0Vpyiplj+APn8wfGC46n</latexit><latexit sha1_base64="b13CYf7rT5AWWXH2+cyOq44Gjlk=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GNBDx4rmLbQxrLZTtqlm03Y3Qgl9Dd48aCIV3+QN/+N2zYHbX0w8Hhvhpl5YSq4Nq777ZTW1jc2t8rblZ3dvf2D6uFRSyeZYuizRCSqE1KNgkv0DTcCO6lCGocC2+H4Zua3n1BpnsgHM0kxiOlQ8ogzaqzkY18+8n615tbdOcgq8QpSgwLNfvWrN0hYFqM0TFCtu56bmiCnynAmcFrpZRpTysZ0iF1LJY1RB/n82Ck5s8qARImyJQ2Zq78nchprPYlD2xlTM9LL3kz8z+tmJroOci7TzKBki0VRJohJyOxzMuAKmRETSyhT3N5K2IgqyozNp2JD8JZfXiWti7rn1r37y1rjtoijDCdwCufgwRU04A6a4AMDDs/wCm+OdF6cd+dj0Vpyiplj+APn8wfGC46n</latexit>

...<latexit sha1_base64="x0GuWRL/T18stdJmnj/jlAwmYT4=">AAAB7XicbVBNS8NAEJ34WetX1aOXYBE8lUQEPRb04LGC/YA2lM1m067d7IbdSaGE/gcvHhTx6v/x5r9x2+agrQ8GHu/NMDMvTAU36Hnfztr6xubWdmmnvLu3f3BYOTpuGZVpyppUCaU7ITFMcMmayFGwTqoZSULB2uHodua3x0wbruQjTlIWJGQgecwpQSu1euNIoelXql7Nm8NdJX5BqlCg0a989SJFs4RJpIIY0/W9FIOcaORUsGm5lxmWEjoiA9a1VJKEmSCfXzt1z60SubHStiS6c/X3RE4SYyZJaDsTgkOz7M3E/7xuhvFNkHOZZsgkXSyKM+GicmevuxHXjKKYWEKo5vZWlw6JJhRtQGUbgr/88ippXdZ8r+Y/XFXrd0UcJTiFM7gAH66hDvfQgCZQeIJneIU3RzkvzrvzsWhdc4qZE/gD5/MHzAmPRA==</latexit><latexit sha1_base64="x0GuWRL/T18stdJmnj/jlAwmYT4=">AAAB7XicbVBNS8NAEJ34WetX1aOXYBE8lUQEPRb04LGC/YA2lM1m067d7IbdSaGE/gcvHhTx6v/x5r9x2+agrQ8GHu/NMDMvTAU36Hnfztr6xubWdmmnvLu3f3BYOTpuGZVpyppUCaU7ITFMcMmayFGwTqoZSULB2uHodua3x0wbruQjTlIWJGQgecwpQSu1euNIoelXql7Nm8NdJX5BqlCg0a989SJFs4RJpIIY0/W9FIOcaORUsGm5lxmWEjoiA9a1VJKEmSCfXzt1z60SubHStiS6c/X3RE4SYyZJaDsTgkOz7M3E/7xuhvFNkHOZZsgkXSyKM+GicmevuxHXjKKYWEKo5vZWlw6JJhRtQGUbgr/88ippXdZ8r+Y/XFXrd0UcJTiFM7gAH66hDvfQgCZQeIJneIU3RzkvzrvzsWhdc4qZE/gD5/MHzAmPRA==</latexit><latexit sha1_base64="x0GuWRL/T18stdJmnj/jlAwmYT4=">AAAB7XicbVBNS8NAEJ34WetX1aOXYBE8lUQEPRb04LGC/YA2lM1m067d7IbdSaGE/gcvHhTx6v/x5r9x2+agrQ8GHu/NMDMvTAU36Hnfztr6xubWdmmnvLu3f3BYOTpuGZVpyppUCaU7ITFMcMmayFGwTqoZSULB2uHodua3x0wbruQjTlIWJGQgecwpQSu1euNIoelXql7Nm8NdJX5BqlCg0a989SJFs4RJpIIY0/W9FIOcaORUsGm5lxmWEjoiA9a1VJKEmSCfXzt1z60SubHStiS6c/X3RE4SYyZJaDsTgkOz7M3E/7xuhvFNkHOZZsgkXSyKM+GicmevuxHXjKKYWEKo5vZWlw6JJhRtQGUbgr/88ippXdZ8r+Y/XFXrd0UcJTiFM7gAH66hDvfQgCZQeIJneIU3RzkvzrvzsWhdc4qZE/gD5/MHzAmPRA==</latexit><latexit sha1_base64="x0GuWRL/T18stdJmnj/jlAwmYT4=">AAAB7XicbVBNS8NAEJ34WetX1aOXYBE8lUQEPRb04LGC/YA2lM1m067d7IbdSaGE/gcvHhTx6v/x5r9x2+agrQ8GHu/NMDMvTAU36Hnfztr6xubWdmmnvLu3f3BYOTpuGZVpyppUCaU7ITFMcMmayFGwTqoZSULB2uHodua3x0wbruQjTlIWJGQgecwpQSu1euNIoelXql7Nm8NdJX5BqlCg0a989SJFs4RJpIIY0/W9FIOcaORUsGm5lxmWEjoiA9a1VJKEmSCfXzt1z60SubHStiS6c/X3RE4SYyZJaDsTgkOz7M3E/7xuhvFNkHOZZsgkXSyKM+GicmevuxHXjKKYWEKo5vZWlw6JJhRtQGUbgr/88ippXdZ8r+Y/XFXrd0UcJTiFM7gAH66hDvfQgCZQeIJneIU3RzkvzrvzsWhdc4qZE/gD5/MHzAmPRA==</latexit>
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Fig. 4.4 The LATTICERNN model.

• each dimension of the feature vector is not subject to independence assumption;

• the model could be applied to different levels of granularity, i.e. the sub-word level, the
word level and the utterance level;

• the model could capture both long term and short term dependencies using context in the
structured input.

4.2.1 Model

The structure of the LATTICERNN is inspired by the forward-backward algorithm for com-
puting arc posteriors in the lattice described in § 3.1.1 and the LSTM network for modelling
sequential information. For each arc e in the lattices or confusion networks, multiple features
could be concatenated into the feature vector xe.

LATTICERNN applies LSTM-like recurrence on the lattice structure in a topological order
both forwards and backwards as shown in Fig. 4.4. Different from a linear chain, each node
and each edge in the graph have their associated hidden states.

In a forward pass, the hidden state of an arc
−→
h e is the output of the recurrence with the

input being the hidden state of its source node
−→
h Se and the input feature vector xe. The hidden
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state of the source node
−→
h Se is a weighted sum of the hidden states of n incoming arcs

−→
h eij

for
j = 1, . . . , n.

−→
h Se =

n∑
j=1

aj
−→
h eij

(4.11)

−→
h e = LSTM(

−→
h Se ,xe) (4.12)

where aj are the weights for the forward weighted sum operation where
∑

j aj = 1.

Similarly in a backward pass, the hidden state of an arc
←−
h e is the output of the recurrent

unit which takes the hidden state of its destination node
←−
h De and the input feature vector xe.

The hidden state of the destination node
←−
h De is a weighted sum of the hidden states of m

outgoing arcs
←−
h eok

for k = 1, . . . ,m.

←−
h De =

m∑
k=1

bk
←−
h eok

(4.13)

←−
h e = LSTM(

←−
h De ,xe) (4.14)

where bk are the weights for the backward weighted sum operation where
∑

k bk = 1.
After finishing the forward pass and the backward pass, the hidden representation of an arc

is the concatenation of the forward hidden state
−→
h e and the backward hidden state

←−
h e. The

output prediction ye is a function of this hidden representation.

ye = F(
−→
h e,
←−
h e) (4.15)

Table 4.1 highlights the analogies and distinctions of LATTICERNN comparing to the
forward-backward algorithm on lattices. It is worth noting that there is no normalisation
term in LATTICERNN as the p(O) term in forward-backward algorithm. In the forward-
backward algorithm, since the probabilities are additive at merging point and multiplicative
as the probabilities are pushed through the lattice, global normalisation is required to yield
a valid probability distribution for arc posteriors. However, at each node in LATTICERNN
where there are multiple incoming arcs, the hidden states are summed with weights that adds
up to 1. The recurrent unit also ensures that the range of the hidden state to be consistent.
By normalising at each merging point and keeping the range to be invariant during message
propagation, the overall normalisation is no longer necessary. Unlike the posterior probabilities
in the forward-backward algorithm, LATTICERNN encodes the messages as hidden states,
which are not readily interpretable.
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forward-backward algorithm LATTICERNN

input AM & LM scores feature vector
message content path log-probability hidden state
message propagation probability accumulation recurrent unit
message merging log add weighted average
message flow forward & backward bidirectional
normalisation explicit implicit
output arc posteriors hidden representation

Table 4.1 Comparison between forward-backward algorithm and LATTICERNN .

4.2.2 Arc Merging Functions

For the weighted sum at each node with multiple incoming arcs, the following functions that
yields positive weights with sum-to-one constraint are used:

• Max function based on arc posteriors

aj =

1 if j = argmaxj′ p(e
i
j′ |O)

0 otherwise
bk =

1 if k = argmaxk′ p(e
o
k′ |O)

0 otherwise
(4.16)

• Mean function
aj =

1

n
bk =

1

m
(4.17)

• Normalised arc posteriors [15]

aj =
p(eij|O)∑
j′ p(e

i
j′ |O)

bk =
p(eok|O)∑
k′ p(e

o
k′ |O)

(4.18)

The max function can effectively reduce the lattice to the one-best sequence as the max
operation on arc posteriors follows the same procedure as the Viterbi algorithm. It will give
no advantage of LATTICERNN over BLSTM models as it incorporates no extra information.
The mean function assumes that the hidden state of the arc itself carries its importance, i.e. the
magnitude of each dimension would be smaller if it believes this arc provides little evidence
for confidence scores. However, this assumption is hard to be justified or to be imposed on
the network. Using normalised arc posteriors as weights is a more sensible approach where
the importance of each arc is assumed to be proportional to the arc posteriors. If the arc
posterior is relatively high, then the speech recogniser believes the corresponding word is more
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likely to be correct, hence high confidence. However, this correlation between significance
and arc posteriors may not be linear. To dynamically allocate weights on merging arcs,
attention mechanism, which is particularly successful in image captioning [35] and machine
translation [28], could be used.

Softmax
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<latexit sha1_base64="zAwh6rFkUmceLr9MJ5dxzMf4Vx8=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBZBEEoigh4LevDYgv2ANpTNdtKu3WzC7kYoob/AiwdFvPqTvPlv3LY5aOuDgcd7M8zMCxLBtXHdb6ewtr6xuVXcLu3s7u0flA+PWjpOFcMmi0WsOgHVKLjEpuFGYCdRSKNAYDsY38789hMqzWP5YCYJ+hEdSh5yRo2VGhf9csWtunOQVeLlpAI56v3yV28QszRCaZigWnc9NzF+RpXhTOC01Es1JpSN6RC7lkoaofaz+aFTcmaVAQljZUsaMld/T2Q00noSBbYzomakl72Z+J/XTU1442dcJqlByRaLwlQQE5PZ12TAFTIjJpZQpri9lbARVZQZm03JhuAtv7xKWpdVz616jatK7S6PowgncArn4ME11OAe6tAEBgjP8ApvzqPz4rw7H4vWgpPPHMMfOJ8/ch+MsQ==</latexit><latexit sha1_base64="zAwh6rFkUmceLr9MJ5dxzMf4Vx8=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBZBEEoigh4LevDYgv2ANpTNdtKu3WzC7kYoob/AiwdFvPqTvPlv3LY5aOuDgcd7M8zMCxLBtXHdb6ewtr6xuVXcLu3s7u0flA+PWjpOFcMmi0WsOgHVKLjEpuFGYCdRSKNAYDsY38789hMqzWP5YCYJ+hEdSh5yRo2VGhf9csWtunOQVeLlpAI56v3yV28QszRCaZigWnc9NzF+RpXhTOC01Es1JpSN6RC7lkoaofaz+aFTcmaVAQljZUsaMld/T2Q00noSBbYzomakl72Z+J/XTU1442dcJqlByRaLwlQQE5PZ12TAFTIjJpZQpri9lbARVZQZm03JhuAtv7xKWpdVz616jatK7S6PowgncArn4ME11OAe6tAEBgjP8ApvzqPz4rw7H4vWgpPPHMMfOJ8/ch+MsQ==</latexit><latexit sha1_base64="zAwh6rFkUmceLr9MJ5dxzMf4Vx8=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBZBEEoigh4LevDYgv2ANpTNdtKu3WzC7kYoob/AiwdFvPqTvPlv3LY5aOuDgcd7M8zMCxLBtXHdb6ewtr6xuVXcLu3s7u0flA+PWjpOFcMmi0WsOgHVKLjEpuFGYCdRSKNAYDsY38789hMqzWP5YCYJ+hEdSh5yRo2VGhf9csWtunOQVeLlpAI56v3yV28QszRCaZigWnc9NzF+RpXhTOC01Es1JpSN6RC7lkoaofaz+aFTcmaVAQljZUsaMld/T2Q00noSBbYzomakl72Z+J/XTU1442dcJqlByRaLwlQQE5PZ12TAFTIjJpZQpri9lbARVZQZm03JhuAtv7xKWpdVz616jatK7S6PowgncArn4ME11OAe6tAEBgjP8ApvzqPz4rw7H4vWgpPPHMMfOJ8/ch+MsQ==</latexit><latexit sha1_base64="zAwh6rFkUmceLr9MJ5dxzMf4Vx8=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBZBEEoigh4LevDYgv2ANpTNdtKu3WzC7kYoob/AiwdFvPqTvPlv3LY5aOuDgcd7M8zMCxLBtXHdb6ewtr6xuVXcLu3s7u0flA+PWjpOFcMmi0WsOgHVKLjEpuFGYCdRSKNAYDsY38789hMqzWP5YCYJ+hEdSh5yRo2VGhf9csWtunOQVeLlpAI56v3yV28QszRCaZigWnc9NzF+RpXhTOC01Es1JpSN6RC7lkoaofaz+aFTcmaVAQljZUsaMld/T2Q00noSBbYzomakl72Z+J/XTU1442dcJqlByRaLwlQQE5PZ12TAFTIjJpZQpri9lbARVZQZm03JhuAtv7xKWpdVz616jatK7S6PowgncArn4ME11OAe6tAEBgjP8ApvzqPz4rw7H4vWgpPPHMMfOJ8/ch+MsQ==</latexit>

a1<latexit sha1_base64="8XDQPyAvm4TEFxNcOialAp9p4yc=">AAAB6nicbVBNS8NAEJ3Ur1q/oh69LBbBU0lE0GNBDx4r2g9oQ5lsN+3SzSbsboQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8MBVcG8/7dkpr6xubW+Xtys7u3v6Be3jU0kmmKGvSRCSqE6JmgkvWNNwI1kkVwzgUrB2Ob2Z++4kpzRP5aCYpC2IcSh5xisZKD9j3+27Vq3lzkFXiF6QKBRp996s3SGgWM2moQK27vpeaIEdlOBVsWullmqVIxzhkXUslxkwH+fzUKTmzyoBEibIlDZmrvydyjLWexKHtjNGM9LI3E//zupmJroOcyzQzTNLFoigTxCRk9jcZcMWoERNLkCpubyV0hAqpselUbAj+8surpHVR872af39Zrd8WcZThBE7hHHy4gjrcQQOaQGEIz/AKb45wXpx352PRWnKKmWP4A+fzB+kxjYs=</latexit><latexit sha1_base64="8XDQPyAvm4TEFxNcOialAp9p4yc=">AAAB6nicbVBNS8NAEJ3Ur1q/oh69LBbBU0lE0GNBDx4r2g9oQ5lsN+3SzSbsboQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8MBVcG8/7dkpr6xubW+Xtys7u3v6Be3jU0kmmKGvSRCSqE6JmgkvWNNwI1kkVwzgUrB2Ob2Z++4kpzRP5aCYpC2IcSh5xisZKD9j3+27Vq3lzkFXiF6QKBRp996s3SGgWM2moQK27vpeaIEdlOBVsWullmqVIxzhkXUslxkwH+fzUKTmzyoBEibIlDZmrvydyjLWexKHtjNGM9LI3E//zupmJroOcyzQzTNLFoigTxCRk9jcZcMWoERNLkCpubyV0hAqpselUbAj+8surpHVR872af39Zrd8WcZThBE7hHHy4gjrcQQOaQGEIz/AKb45wXpx352PRWnKKmWP4A+fzB+kxjYs=</latexit><latexit sha1_base64="8XDQPyAvm4TEFxNcOialAp9p4yc=">AAAB6nicbVBNS8NAEJ3Ur1q/oh69LBbBU0lE0GNBDx4r2g9oQ5lsN+3SzSbsboQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8MBVcG8/7dkpr6xubW+Xtys7u3v6Be3jU0kmmKGvSRCSqE6JmgkvWNNwI1kkVwzgUrB2Ob2Z++4kpzRP5aCYpC2IcSh5xisZKD9j3+27Vq3lzkFXiF6QKBRp996s3SGgWM2moQK27vpeaIEdlOBVsWullmqVIxzhkXUslxkwH+fzUKTmzyoBEibIlDZmrvydyjLWexKHtjNGM9LI3E//zupmJroOcyzQzTNLFoigTxCRk9jcZcMWoERNLkCpubyV0hAqpselUbAj+8surpHVR872af39Zrd8WcZThBE7hHHy4gjrcQQOaQGEIz/AKb45wXpx352PRWnKKmWP4A+fzB+kxjYs=</latexit><latexit sha1_base64="8XDQPyAvm4TEFxNcOialAp9p4yc=">AAAB6nicbVBNS8NAEJ3Ur1q/oh69LBbBU0lE0GNBDx4r2g9oQ5lsN+3SzSbsboQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8MBVcG8/7dkpr6xubW+Xtys7u3v6Be3jU0kmmKGvSRCSqE6JmgkvWNNwI1kkVwzgUrB2Ob2Z++4kpzRP5aCYpC2IcSh5xisZKD9j3+27Vq3lzkFXiF6QKBRp996s3SGgWM2moQK27vpeaIEdlOBVsWullmqVIxzhkXUslxkwH+fzUKTmzyoBEibIlDZmrvydyjLWexKHtjNGM9LI3E//zupmJroOcyzQzTNLFoigTxCRk9jcZcMWoERNLkCpubyV0hAqpselUbAj+8surpHVR872af39Zrd8WcZThBE7hHHy4gjrcQQOaQGEIz/AKb45wXpx352PRWnKKmWP4A+fzB+kxjYs=</latexit>

a2<latexit sha1_base64="3v3F2/CcyOcU2j9utSQgGGhbasg=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKUI8FPXisaD+gDWWy3bRLN5uwuxFK6E/w4kERr/4ib/4bt20O2vpg4PHeDDPzgkRwbVz32ylsbG5t7xR3S3v7B4dH5eOTto5TRVmLxiJW3QA1E1yyluFGsG6iGEaBYJ1gcjP3O09MaR7LRzNNmB/hSPKQUzRWesBBbVCuuFV3AbJOvJxUIEdzUP7qD2OaRkwaKlDrnucmxs9QGU4Fm5X6qWYJ0gmOWM9SiRHTfrY4dUYurDIkYaxsSUMW6u+JDCOtp1FgOyM0Y73qzcX/vF5qwms/4zJJDZN0uShMBTExmf9NhlwxasTUEqSK21sJHaNCamw6JRuCt/ryOmnXqp5b9e6vKo3bPI4inME5XIIHdWjAHTShBRRG8Ayv8OYI58V5dz6WrQUnnzmFP3A+fwDqtY2M</latexit><latexit sha1_base64="3v3F2/CcyOcU2j9utSQgGGhbasg=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKUI8FPXisaD+gDWWy3bRLN5uwuxFK6E/w4kERr/4ib/4bt20O2vpg4PHeDDPzgkRwbVz32ylsbG5t7xR3S3v7B4dH5eOTto5TRVmLxiJW3QA1E1yyluFGsG6iGEaBYJ1gcjP3O09MaR7LRzNNmB/hSPKQUzRWesBBbVCuuFV3AbJOvJxUIEdzUP7qD2OaRkwaKlDrnucmxs9QGU4Fm5X6qWYJ0gmOWM9SiRHTfrY4dUYurDIkYaxsSUMW6u+JDCOtp1FgOyM0Y73qzcX/vF5qwms/4zJJDZN0uShMBTExmf9NhlwxasTUEqSK21sJHaNCamw6JRuCt/ryOmnXqp5b9e6vKo3bPI4inME5XIIHdWjAHTShBRRG8Ayv8OYI58V5dz6WrQUnnzmFP3A+fwDqtY2M</latexit><latexit sha1_base64="3v3F2/CcyOcU2j9utSQgGGhbasg=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKUI8FPXisaD+gDWWy3bRLN5uwuxFK6E/w4kERr/4ib/4bt20O2vpg4PHeDDPzgkRwbVz32ylsbG5t7xR3S3v7B4dH5eOTto5TRVmLxiJW3QA1E1yyluFGsG6iGEaBYJ1gcjP3O09MaR7LRzNNmB/hSPKQUzRWesBBbVCuuFV3AbJOvJxUIEdzUP7qD2OaRkwaKlDrnucmxs9QGU4Fm5X6qWYJ0gmOWM9SiRHTfrY4dUYurDIkYaxsSUMW6u+JDCOtp1FgOyM0Y73qzcX/vF5qwms/4zJJDZN0uShMBTExmf9NhlwxasTUEqSK21sJHaNCamw6JRuCt/ryOmnXqp5b9e6vKo3bPI4inME5XIIHdWjAHTShBRRG8Ayv8OYI58V5dz6WrQUnnzmFP3A+fwDqtY2M</latexit><latexit sha1_base64="3v3F2/CcyOcU2j9utSQgGGhbasg=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKUI8FPXisaD+gDWWy3bRLN5uwuxFK6E/w4kERr/4ib/4bt20O2vpg4PHeDDPzgkRwbVz32ylsbG5t7xR3S3v7B4dH5eOTto5TRVmLxiJW3QA1E1yyluFGsG6iGEaBYJ1gcjP3O09MaR7LRzNNmB/hSPKQUzRWesBBbVCuuFV3AbJOvJxUIEdzUP7qD2OaRkwaKlDrnucmxs9QGU4Fm5X6qWYJ0gmOWM9SiRHTfrY4dUYurDIkYaxsSUMW6u+JDCOtp1FgOyM0Y73qzcX/vF5qwms/4zJJDZN0uShMBTExmf9NhlwxasTUEqSK21sJHaNCamw6JRuCt/ryOmnXqp5b9e6vKo3bPI4inME5XIIHdWjAHTShBRRG8Ayv8OYI58V5dz6WrQUnnzmFP3A+fwDqtY2M</latexit>

an<latexit sha1_base64="ZVKTrSkmnCFTzBACWjhVjpan/44=">AAAB6nicbVBNS8NAEJ3Ur1q/oh69LBbBU0lE0GNBDx4r2g9oQ9lsJ+3SzSbsboQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8MBVcG8/7dkpr6xubW+Xtys7u3v6Be3jU0kmmGDZZIhLVCalGwSU2DTcCO6lCGocC2+H4Zua3n1BpnshHM0kxiOlQ8ogzaqz0QPuy71a9mjcHWSV+QapQoNF3v3qDhGUxSsME1brre6kJcqoMZwKnlV6mMaVsTIfYtVTSGHWQz0+dkjOrDEiUKFvSkLn6eyKnsdaTOLSdMTUjvezNxP+8bmai6yDnMs0MSrZYFGWCmITM/iYDrpAZMbGEMsXtrYSNqKLM2HQqNgR/+eVV0rqo+V7Nv7+s1m+LOMpwAqdwDj5cQR3uoAFNYDCEZ3iFN0c4L86787FoLTnFzDH8gfP5A0W0jcg=</latexit><latexit sha1_base64="ZVKTrSkmnCFTzBACWjhVjpan/44=">AAAB6nicbVBNS8NAEJ3Ur1q/oh69LBbBU0lE0GNBDx4r2g9oQ9lsJ+3SzSbsboQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8MBVcG8/7dkpr6xubW+Xtys7u3v6Be3jU0kmmGDZZIhLVCalGwSU2DTcCO6lCGocC2+H4Zua3n1BpnshHM0kxiOlQ8ogzaqz0QPuy71a9mjcHWSV+QapQoNF3v3qDhGUxSsME1brre6kJcqoMZwKnlV6mMaVsTIfYtVTSGHWQz0+dkjOrDEiUKFvSkLn6eyKnsdaTOLSdMTUjvezNxP+8bmai6yDnMs0MSrZYFGWCmITM/iYDrpAZMbGEMsXtrYSNqKLM2HQqNgR/+eVV0rqo+V7Nv7+s1m+LOMpwAqdwDj5cQR3uoAFNYDCEZ3iFN0c4L86787FoLTnFzDH8gfP5A0W0jcg=</latexit><latexit sha1_base64="ZVKTrSkmnCFTzBACWjhVjpan/44=">AAAB6nicbVBNS8NAEJ3Ur1q/oh69LBbBU0lE0GNBDx4r2g9oQ9lsJ+3SzSbsboQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8MBVcG8/7dkpr6xubW+Xtys7u3v6Be3jU0kmmGDZZIhLVCalGwSU2DTcCO6lCGocC2+H4Zua3n1BpnshHM0kxiOlQ8ogzaqz0QPuy71a9mjcHWSV+QapQoNF3v3qDhGUxSsME1brre6kJcqoMZwKnlV6mMaVsTIfYtVTSGHWQz0+dkjOrDEiUKFvSkLn6eyKnsdaTOLSdMTUjvezNxP+8bmai6yDnMs0MSrZYFGWCmITM/iYDrpAZMbGEMsXtrYSNqKLM2HQqNgR/+eVV0rqo+V7Nv7+s1m+LOMpwAqdwDj5cQR3uoAFNYDCEZ3iFN0c4L86787FoLTnFzDH8gfP5A0W0jcg=</latexit><latexit sha1_base64="ZVKTrSkmnCFTzBACWjhVjpan/44=">AAAB6nicbVBNS8NAEJ3Ur1q/oh69LBbBU0lE0GNBDx4r2g9oQ9lsJ+3SzSbsboQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8MBVcG8/7dkpr6xubW+Xtys7u3v6Be3jU0kmmGDZZIhLVCalGwSU2DTcCO6lCGocC2+H4Zua3n1BpnshHM0kxiOlQ8ogzaqz0QPuy71a9mjcHWSV+QapQoNF3v3qDhGUxSsME1brre6kJcqoMZwKnlV6mMaVsTIfYtVTSGHWQz0+dkjOrDEiUKFvSkLn6eyKnsdaTOLSdMTUjvezNxP+8bmai6yDnMs0MSrZYFGWCmITM/iYDrpAZMbGEMsXtrYSNqKLM2HQqNgR/+eVV0rqo+V7Nv7+s1m+LOMpwAqdwDj5cQR3uoAFNYDCEZ3iFN0c4L86787FoLTnFzDH8gfP5A0W0jcg=</latexit>

hn<latexit sha1_base64="qvj0f/0lpNLmfa/xATyWAHueTQA=">AAAB83icbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCHjxWsLXQhLLZbtqlm03YfRFK6N/w4kERr/4Zb/4bN20O2jqwMMy8x5udMJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUNUmmGe+wRCa6F1LDpVC8gwIl76Wa0ziU/DGc3BT+4xPXRiTqAacpD2I6UiISjKKVfD+mOA6jfDwbqEG94TbdOcgq8UrSgBLtQf3LHyYsi7lCJqkxfc9NMcipRsEkn9X8zPCUsgkd8b6lisbcBPk884ycWWVIokTbp5DM1d8bOY2NmcahnSwymmWvEP/z+hlG10EuVJohV2xxKMokwYQUBZCh0JyhnFpCmRY2K2FjqilDW1PNluAtf3mVdC+antv07i8brduyjiqcwCmcgwdX0II7aEMHGKTwDK/w5mTOi/PufCxGK065cwx/4Hz+AG7+ke8=</latexit><latexit sha1_base64="qvj0f/0lpNLmfa/xATyWAHueTQA=">AAAB83icbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCHjxWsLXQhLLZbtqlm03YfRFK6N/w4kERr/4Zb/4bN20O2jqwMMy8x5udMJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUNUmmGe+wRCa6F1LDpVC8gwIl76Wa0ziU/DGc3BT+4xPXRiTqAacpD2I6UiISjKKVfD+mOA6jfDwbqEG94TbdOcgq8UrSgBLtQf3LHyYsi7lCJqkxfc9NMcipRsEkn9X8zPCUsgkd8b6lisbcBPk884ycWWVIokTbp5DM1d8bOY2NmcahnSwymmWvEP/z+hlG10EuVJohV2xxKMokwYQUBZCh0JyhnFpCmRY2K2FjqilDW1PNluAtf3mVdC+antv07i8brduyjiqcwCmcgwdX0II7aEMHGKTwDK/w5mTOi/PufCxGK065cwx/4Hz+AG7+ke8=</latexit><latexit sha1_base64="qvj0f/0lpNLmfa/xATyWAHueTQA=">AAAB83icbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCHjxWsLXQhLLZbtqlm03YfRFK6N/w4kERr/4Zb/4bN20O2jqwMMy8x5udMJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUNUmmGe+wRCa6F1LDpVC8gwIl76Wa0ziU/DGc3BT+4xPXRiTqAacpD2I6UiISjKKVfD+mOA6jfDwbqEG94TbdOcgq8UrSgBLtQf3LHyYsi7lCJqkxfc9NMcipRsEkn9X8zPCUsgkd8b6lisbcBPk884ycWWVIokTbp5DM1d8bOY2NmcahnSwymmWvEP/z+hlG10EuVJohV2xxKMokwYQUBZCh0JyhnFpCmRY2K2FjqilDW1PNluAtf3mVdC+antv07i8brduyjiqcwCmcgwdX0II7aEMHGKTwDK/w5mTOi/PufCxGK065cwx/4Hz+AG7+ke8=</latexit><latexit sha1_base64="qvj0f/0lpNLmfa/xATyWAHueTQA=">AAAB83icbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCHjxWsLXQhLLZbtqlm03YfRFK6N/w4kERr/4Zb/4bN20O2jqwMMy8x5udMJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUNUmmGe+wRCa6F1LDpVC8gwIl76Wa0ziU/DGc3BT+4xPXRiTqAacpD2I6UiISjKKVfD+mOA6jfDwbqEG94TbdOcgq8UrSgBLtQf3LHyYsi7lCJqkxfc9NMcipRsEkn9X8zPCUsgkd8b6lisbcBPk884ycWWVIokTbp5DM1d8bOY2NmcahnSwymmWvEP/z+hlG10EuVJohV2xxKMokwYQUBZCh0JyhnFpCmRY2K2FjqilDW1PNluAtf3mVdC+antv07i8brduyjiqcwCmcgwdX0II7aEMHGKTwDK/w5mTOi/PufCxGK065cwx/4Hz+AG7+ke8=</latexit>

h1<latexit sha1_base64="7jr6j+WsgI4sa1ZLQEeu6qcnFAo=">AAAB83icbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCHjxWsLXQhLLZbtqlm03YfRFK6N/w4kERr/4Zb/4bN20O2jqwMMy8x5udMJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUNUmmGe+wRCa6F1LDpVC8gwIl76Wa0ziU/DGc3BT+4xPXRiTqAacpD2I6UiISjKKVfD+mOA6jfDwbeIN6w226c5BV4pWkASXag/qXP0xYFnOFTFJj+p6bYpBTjYJJPqv5meEpZRM64n1LFY25CfJ55hk5s8qQRIm2TyGZq783chobM41DO1lkNMteIf7n9TOMroNcqDRDrtjiUJRJggkpCiBDoTlDObWEMi1sVsLGVFOGtqaaLcFb/vIq6V40Pbfp3V82WrdlHVU4gVM4Bw+uoAV30IYOMEjhGV7hzcmcF+fd+ViMVpxy5xj+wPn8ARKKkbI=</latexit><latexit sha1_base64="7jr6j+WsgI4sa1ZLQEeu6qcnFAo=">AAAB83icbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCHjxWsLXQhLLZbtqlm03YfRFK6N/w4kERr/4Zb/4bN20O2jqwMMy8x5udMJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUNUmmGe+wRCa6F1LDpVC8gwIl76Wa0ziU/DGc3BT+4xPXRiTqAacpD2I6UiISjKKVfD+mOA6jfDwbeIN6w226c5BV4pWkASXag/qXP0xYFnOFTFJj+p6bYpBTjYJJPqv5meEpZRM64n1LFY25CfJ55hk5s8qQRIm2TyGZq783chobM41DO1lkNMteIf7n9TOMroNcqDRDrtjiUJRJggkpCiBDoTlDObWEMi1sVsLGVFOGtqaaLcFb/vIq6V40Pbfp3V82WrdlHVU4gVM4Bw+uoAV30IYOMEjhGV7hzcmcF+fd+ViMVpxy5xj+wPn8ARKKkbI=</latexit><latexit sha1_base64="7jr6j+WsgI4sa1ZLQEeu6qcnFAo=">AAAB83icbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCHjxWsLXQhLLZbtqlm03YfRFK6N/w4kERr/4Zb/4bN20O2jqwMMy8x5udMJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUNUmmGe+wRCa6F1LDpVC8gwIl76Wa0ziU/DGc3BT+4xPXRiTqAacpD2I6UiISjKKVfD+mOA6jfDwbeIN6w226c5BV4pWkASXag/qXP0xYFnOFTFJj+p6bYpBTjYJJPqv5meEpZRM64n1LFY25CfJ55hk5s8qQRIm2TyGZq783chobM41DO1lkNMteIf7n9TOMroNcqDRDrtjiUJRJggkpCiBDoTlDObWEMi1sVsLGVFOGtqaaLcFb/vIq6V40Pbfp3V82WrdlHVU4gVM4Bw+uoAV30IYOMEjhGV7hzcmcF+fd+ViMVpxy5xj+wPn8ARKKkbI=</latexit><latexit sha1_base64="7jr6j+WsgI4sa1ZLQEeu6qcnFAo=">AAAB83icbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCHjxWsLXQhLLZbtqlm03YfRFK6N/w4kERr/4Zb/4bN20O2jqwMMy8x5udMJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUNUmmGe+wRCa6F1LDpVC8gwIl76Wa0ziU/DGc3BT+4xPXRiTqAacpD2I6UiISjKKVfD+mOA6jfDwbeIN6w226c5BV4pWkASXag/qXP0xYFnOFTFJj+p6bYpBTjYJJPqv5meEpZRM64n1LFY25CfJ55hk5s8qQRIm2TyGZq783chobM41DO1lkNMteIf7n9TOMroNcqDRDrtjiUJRJggkpCiBDoTlDObWEMi1sVsLGVFOGtqaaLcFb/vIq6V40Pbfp3V82WrdlHVU4gVM4Bw+uoAV30IYOMEjhGV7hzcmcF+fd+ViMVpxy5xj+wPn8ARKKkbI=</latexit>

h2<latexit sha1_base64="6vDL4kM1KvJeWqNu+JuSaX5IjYI=">AAAB83icbVDLSsNAFL2pr1pfVZduBovgqiRF0GVBFy4r2Ac0pUymk3boZBJmboQS+htuXCji1p9x5984abPQ1gMDh3Pu5Z45QSKFQdf9dkobm1vbO+Xdyt7+weFR9fikY+JUM95msYx1L6CGS6F4GwVK3ks0p1EgeTeY3uZ+94lrI2L1iLOEDyI6ViIUjKKVfD+iOAnCbDIfNobVmlt3FyDrxCtIDQq0htUvfxSzNOIKmaTG9D03wUFGNQom+bzip4YnlE3pmPctVTTiZpAtMs/JhVVGJIy1fQrJQv29kdHImFkU2Mk8o1n1cvE/r59ieDPIhEpS5IotD4WpJBiTvAAyEpozlDNLKNPCZiVsQjVlaGuq2BK81S+vk06j7rl17+Gq1rwr6ijDGZzDJXhwDU24hxa0gUECz/AKb07qvDjvzsdytOQUO6fwB87nDxQOkbM=</latexit><latexit sha1_base64="6vDL4kM1KvJeWqNu+JuSaX5IjYI=">AAAB83icbVDLSsNAFL2pr1pfVZduBovgqiRF0GVBFy4r2Ac0pUymk3boZBJmboQS+htuXCji1p9x5984abPQ1gMDh3Pu5Z45QSKFQdf9dkobm1vbO+Xdyt7+weFR9fikY+JUM95msYx1L6CGS6F4GwVK3ks0p1EgeTeY3uZ+94lrI2L1iLOEDyI6ViIUjKKVfD+iOAnCbDIfNobVmlt3FyDrxCtIDQq0htUvfxSzNOIKmaTG9D03wUFGNQom+bzip4YnlE3pmPctVTTiZpAtMs/JhVVGJIy1fQrJQv29kdHImFkU2Mk8o1n1cvE/r59ieDPIhEpS5IotD4WpJBiTvAAyEpozlDNLKNPCZiVsQjVlaGuq2BK81S+vk06j7rl17+Gq1rwr6ijDGZzDJXhwDU24hxa0gUECz/AKb07qvDjvzsdytOQUO6fwB87nDxQOkbM=</latexit><latexit sha1_base64="6vDL4kM1KvJeWqNu+JuSaX5IjYI=">AAAB83icbVDLSsNAFL2pr1pfVZduBovgqiRF0GVBFy4r2Ac0pUymk3boZBJmboQS+htuXCji1p9x5984abPQ1gMDh3Pu5Z45QSKFQdf9dkobm1vbO+Xdyt7+weFR9fikY+JUM95msYx1L6CGS6F4GwVK3ks0p1EgeTeY3uZ+94lrI2L1iLOEDyI6ViIUjKKVfD+iOAnCbDIfNobVmlt3FyDrxCtIDQq0htUvfxSzNOIKmaTG9D03wUFGNQom+bzip4YnlE3pmPctVTTiZpAtMs/JhVVGJIy1fQrJQv29kdHImFkU2Mk8o1n1cvE/r59ieDPIhEpS5IotD4WpJBiTvAAyEpozlDNLKNPCZiVsQjVlaGuq2BK81S+vk06j7rl17+Gq1rwr6ijDGZzDJXhwDU24hxa0gUECz/AKb07qvDjvzsdytOQUO6fwB87nDxQOkbM=</latexit><latexit sha1_base64="6vDL4kM1KvJeWqNu+JuSaX5IjYI=">AAAB83icbVDLSsNAFL2pr1pfVZduBovgqiRF0GVBFy4r2Ac0pUymk3boZBJmboQS+htuXCji1p9x5984abPQ1gMDh3Pu5Z45QSKFQdf9dkobm1vbO+Xdyt7+weFR9fikY+JUM95msYx1L6CGS6F4GwVK3ks0p1EgeTeY3uZ+94lrI2L1iLOEDyI6ViIUjKKVfD+iOAnCbDIfNobVmlt3FyDrxCtIDQq0htUvfxSzNOIKmaTG9D03wUFGNQom+bzip4YnlE3pmPctVTTiZpAtMs/JhVVGJIy1fQrJQv29kdHImFkU2Mk8o1n1cvE/r59ieDPIhEpS5IotD4WpJBiTvAAyEpozlDNLKNPCZiVsQjVlaGuq2BK81S+vk06j7rl17+Gq1rwr6ijDGZzDJXhwDU24hxa0gUECz/AKb07qvDjvzsdytOQUO6fwB87nDxQOkbM=</latexit>

h̃<latexit sha1_base64="vy7uyCRqBJl1O3lkL2bA7VOMPSM=">AAAB+3icbVDLSsNAFJ34rPUV69LNYBFclUQEXRZ04bKCfUATymQyaYdOJmHmRiwhv+LGhSJu/RF3/o2TNgttPTBwOOde7pkTpIJrcJxva219Y3Nru7ZT393bPzi0jxo9nWSKsi5NRKIGAdFMcMm6wEGwQaoYiQPB+sH0pvT7j0xpnsgHmKXMj8lY8ohTAkYa2Q0PuAhZ7sUEJkGUT4piZDedljMHXiVuRZqoQmdkf3lhQrOYSaCCaD10nRT8nCjgVLCi7mWapYROyZgNDZUkZtrP59kLfGaUEEeJMk8Cnqu/N3ISaz2LAzNZRtTLXin+5w0ziK79nMs0Aybp4lCUCQwJLovAIVeMgpgZQqjiJiumE6IIBVNX3ZTgLn95lfQuWq7Tcu8vm+3bqo4aOkGn6By56Aq10R3qoC6i6Ak9o1f0ZhXWi/VufSxG16xq5xj9gfX5A9kwlPU=</latexit><latexit sha1_base64="vy7uyCRqBJl1O3lkL2bA7VOMPSM=">AAAB+3icbVDLSsNAFJ34rPUV69LNYBFclUQEXRZ04bKCfUATymQyaYdOJmHmRiwhv+LGhSJu/RF3/o2TNgttPTBwOOde7pkTpIJrcJxva219Y3Nru7ZT393bPzi0jxo9nWSKsi5NRKIGAdFMcMm6wEGwQaoYiQPB+sH0pvT7j0xpnsgHmKXMj8lY8ohTAkYa2Q0PuAhZ7sUEJkGUT4piZDedljMHXiVuRZqoQmdkf3lhQrOYSaCCaD10nRT8nCjgVLCi7mWapYROyZgNDZUkZtrP59kLfGaUEEeJMk8Cnqu/N3ISaz2LAzNZRtTLXin+5w0ziK79nMs0Aybp4lCUCQwJLovAIVeMgpgZQqjiJiumE6IIBVNX3ZTgLn95lfQuWq7Tcu8vm+3bqo4aOkGn6By56Aq10R3qoC6i6Ak9o1f0ZhXWi/VufSxG16xq5xj9gfX5A9kwlPU=</latexit><latexit sha1_base64="vy7uyCRqBJl1O3lkL2bA7VOMPSM=">AAAB+3icbVDLSsNAFJ34rPUV69LNYBFclUQEXRZ04bKCfUATymQyaYdOJmHmRiwhv+LGhSJu/RF3/o2TNgttPTBwOOde7pkTpIJrcJxva219Y3Nru7ZT393bPzi0jxo9nWSKsi5NRKIGAdFMcMm6wEGwQaoYiQPB+sH0pvT7j0xpnsgHmKXMj8lY8ohTAkYa2Q0PuAhZ7sUEJkGUT4piZDedljMHXiVuRZqoQmdkf3lhQrOYSaCCaD10nRT8nCjgVLCi7mWapYROyZgNDZUkZtrP59kLfGaUEEeJMk8Cnqu/N3ISaz2LAzNZRtTLXin+5w0ziK79nMs0Aybp4lCUCQwJLovAIVeMgpgZQqjiJiumE6IIBVNX3ZTgLn95lfQuWq7Tcu8vm+3bqo4aOkGn6By56Aq10R3qoC6i6Ak9o1f0ZhXWi/VufSxG16xq5xj9gfX5A9kwlPU=</latexit><latexit sha1_base64="vy7uyCRqBJl1O3lkL2bA7VOMPSM=">AAAB+3icbVDLSsNAFJ34rPUV69LNYBFclUQEXRZ04bKCfUATymQyaYdOJmHmRiwhv+LGhSJu/RF3/o2TNgttPTBwOOde7pkTpIJrcJxva219Y3Nru7ZT393bPzi0jxo9nWSKsi5NRKIGAdFMcMm6wEGwQaoYiQPB+sH0pvT7j0xpnsgHmKXMj8lY8ohTAkYa2Q0PuAhZ7sUEJkGUT4piZDedljMHXiVuRZqoQmdkf3lhQrOYSaCCaD10nRT8nCjgVLCi7mWapYROyZgNDZUkZtrP59kLfGaUEEeJMk8Cnqu/N3ISaz2LAzNZRtTLXin+5w0ziK79nMs0Aybp4lCUCQwJLovAIVeMgpgZQqjiJiumE6IIBVNX3ZTgLn95lfQuWq7Tcu8vm+3bqo4aOkGn6By56Aq10R3qoC6i6Ak9o1f0ZhXWi/VufSxG16xq5xj9gfX5A9kwlPU=</latexit>

k<latexit sha1_base64="Sxy2jYk0/Xsx8JSEzdeAbdgLcaY=">AAAB8XicbVDLSsNAFL2pr1pfVZduBovgqiQi6LKgC5cV7APbUCbTSTt0MgkzN0IJ/Qs3LhRx69+482+ctFlo64GBwzn3MueeIJHCoOt+O6W19Y3NrfJ2ZWd3b/+genjUNnGqGW+xWMa6G1DDpVC8hQIl7yaa0yiQvBNMbnK/88S1EbF6wGnC/YiOlAgFo2ilx35EcRyE2WQ2qNbcujsHWSVeQWpQoDmofvWHMUsjrpBJakzPcxP0M6pRMMlnlX5qeELZhI54z1JFI278bJ54Rs6sMiRhrO1TSObq742MRsZMo8BO5gnNspeL/3m9FMNrPxMqSZErtvgoTCXBmOTnk6HQnKGcWkKZFjYrYWOqKUNbUsWW4C2fvEraF3XPrXv3l7XGbVFHGU7gFM7BgytowB00oQUMFDzDK7w5xnlx3p2PxWjJKXaO4Q+czx/qEpER</latexit><latexit sha1_base64="Sxy2jYk0/Xsx8JSEzdeAbdgLcaY=">AAAB8XicbVDLSsNAFL2pr1pfVZduBovgqiQi6LKgC5cV7APbUCbTSTt0MgkzN0IJ/Qs3LhRx69+482+ctFlo64GBwzn3MueeIJHCoOt+O6W19Y3NrfJ2ZWd3b/+genjUNnGqGW+xWMa6G1DDpVC8hQIl7yaa0yiQvBNMbnK/88S1EbF6wGnC/YiOlAgFo2ilx35EcRyE2WQ2qNbcujsHWSVeQWpQoDmofvWHMUsjrpBJakzPcxP0M6pRMMlnlX5qeELZhI54z1JFI278bJ54Rs6sMiRhrO1TSObq742MRsZMo8BO5gnNspeL/3m9FMNrPxMqSZErtvgoTCXBmOTnk6HQnKGcWkKZFjYrYWOqKUNbUsWW4C2fvEraF3XPrXv3l7XGbVFHGU7gFM7BgytowB00oQUMFDzDK7w5xnlx3p2PxWjJKXaO4Q+czx/qEpER</latexit><latexit sha1_base64="Sxy2jYk0/Xsx8JSEzdeAbdgLcaY=">AAAB8XicbVDLSsNAFL2pr1pfVZduBovgqiQi6LKgC5cV7APbUCbTSTt0MgkzN0IJ/Qs3LhRx69+482+ctFlo64GBwzn3MueeIJHCoOt+O6W19Y3NrfJ2ZWd3b/+genjUNnGqGW+xWMa6G1DDpVC8hQIl7yaa0yiQvBNMbnK/88S1EbF6wGnC/YiOlAgFo2ilx35EcRyE2WQ2qNbcujsHWSVeQWpQoDmofvWHMUsjrpBJakzPcxP0M6pRMMlnlX5qeELZhI54z1JFI278bJ54Rs6sMiRhrO1TSObq742MRsZMo8BO5gnNspeL/3m9FMNrPxMqSZErtvgoTCXBmOTnk6HQnKGcWkKZFjYrYWOqKUNbUsWW4C2fvEraF3XPrXv3l7XGbVFHGU7gFM7BgytowB00oQUMFDzDK7w5xnlx3p2PxWjJKXaO4Q+czx/qEpER</latexit><latexit sha1_base64="Sxy2jYk0/Xsx8JSEzdeAbdgLcaY=">AAAB8XicbVDLSsNAFL2pr1pfVZduBovgqiQi6LKgC5cV7APbUCbTSTt0MgkzN0IJ/Qs3LhRx69+482+ctFlo64GBwzn3MueeIJHCoOt+O6W19Y3NrfJ2ZWd3b/+genjUNnGqGW+xWMa6G1DDpVC8hQIl7yaa0yiQvBNMbnK/88S1EbF6wGnC/YiOlAgFo2ilx35EcRyE2WQ2qNbcujsHWSVeQWpQoDmofvWHMUsjrpBJakzPcxP0M6pRMMlnlX5qeELZhI54z1JFI278bJ54Rs6sMiRhrO1TSObq742MRsZMo8BO5gnNspeL/3m9FMNrPxMqSZErtvgoTCXBmOTnk6HQnKGcWkKZFjYrYWOqKUNbUsWW4C2fvEraF3XPrXv3l7XGbVFHGU7gFM7BgytowB00oQUMFDzDK7w5xnlx3p2PxWjJKXaO4Q+czx/qEpER</latexit>

⇥
k,h1

⇤
<latexit sha1_base64="bG5oxAEmQ/RWBm07mxolAtUlebQ=">AAACCnicbZDLSsNAFIZP6q3WW9Slm2gRXEhJRNBlQRcuK9gLJCFMppN26GQSZiZCCV278VXcuFDErU/gzrdx0kbQ1gMDH/9/DnPOH6aMSmXbX0ZlaXllda26XtvY3NreMXf3OjLJBCZtnLBE9EIkCaOctBVVjPRSQVAcMtINR1eF370nQtKE36lxSvwYDTiNKEZKS4F56IV04HoxUsMwykeT0x8cTgKn8PzArNsNe1rWIjgl1KGsVmB+ev0EZzHhCjMkpevYqfJzJBTFjExqXiZJivAIDYirkaOYSD+fnjKxjrXSt6JE6MeVNVV/T+QolnIch7qzWFTOe4X4n+dmKrr0c8rTTBGOZx9FGbNUYhW5WH0qCFZsrAFhQfWuFh4igbDS6dV0CM78yYvQOWs4dsO5Pa83r8s4qnAAR3ACDlxAE26gBW3A8ABP8AKvxqPxbLwZ77PWilHO7MOfMj6+AbcbmuY=</latexit><latexit sha1_base64="bG5oxAEmQ/RWBm07mxolAtUlebQ=">AAACCnicbZDLSsNAFIZP6q3WW9Slm2gRXEhJRNBlQRcuK9gLJCFMppN26GQSZiZCCV278VXcuFDErU/gzrdx0kbQ1gMDH/9/DnPOH6aMSmXbX0ZlaXllda26XtvY3NreMXf3OjLJBCZtnLBE9EIkCaOctBVVjPRSQVAcMtINR1eF370nQtKE36lxSvwYDTiNKEZKS4F56IV04HoxUsMwykeT0x8cTgKn8PzArNsNe1rWIjgl1KGsVmB+ev0EZzHhCjMkpevYqfJzJBTFjExqXiZJivAIDYirkaOYSD+fnjKxjrXSt6JE6MeVNVV/T+QolnIch7qzWFTOe4X4n+dmKrr0c8rTTBGOZx9FGbNUYhW5WH0qCFZsrAFhQfWuFh4igbDS6dV0CM78yYvQOWs4dsO5Pa83r8s4qnAAR3ACDlxAE26gBW3A8ABP8AKvxqPxbLwZ77PWilHO7MOfMj6+AbcbmuY=</latexit><latexit sha1_base64="bG5oxAEmQ/RWBm07mxolAtUlebQ=">AAACCnicbZDLSsNAFIZP6q3WW9Slm2gRXEhJRNBlQRcuK9gLJCFMppN26GQSZiZCCV278VXcuFDErU/gzrdx0kbQ1gMDH/9/DnPOH6aMSmXbX0ZlaXllda26XtvY3NreMXf3OjLJBCZtnLBE9EIkCaOctBVVjPRSQVAcMtINR1eF370nQtKE36lxSvwYDTiNKEZKS4F56IV04HoxUsMwykeT0x8cTgKn8PzArNsNe1rWIjgl1KGsVmB+ev0EZzHhCjMkpevYqfJzJBTFjExqXiZJivAIDYirkaOYSD+fnjKxjrXSt6JE6MeVNVV/T+QolnIch7qzWFTOe4X4n+dmKrr0c8rTTBGOZx9FGbNUYhW5WH0qCFZsrAFhQfWuFh4igbDS6dV0CM78yYvQOWs4dsO5Pa83r8s4qnAAR3ACDlxAE26gBW3A8ABP8AKvxqPxbLwZ77PWilHO7MOfMj6+AbcbmuY=</latexit><latexit sha1_base64="bG5oxAEmQ/RWBm07mxolAtUlebQ=">AAACCnicbZDLSsNAFIZP6q3WW9Slm2gRXEhJRNBlQRcuK9gLJCFMppN26GQSZiZCCV278VXcuFDErU/gzrdx0kbQ1gMDH/9/DnPOH6aMSmXbX0ZlaXllda26XtvY3NreMXf3OjLJBCZtnLBE9EIkCaOctBVVjPRSQVAcMtINR1eF370nQtKE36lxSvwYDTiNKEZKS4F56IV04HoxUsMwykeT0x8cTgKn8PzArNsNe1rWIjgl1KGsVmB+ev0EZzHhCjMkpevYqfJzJBTFjExqXiZJivAIDYirkaOYSD+fnjKxjrXSt6JE6MeVNVV/T+QolnIch7qzWFTOe4X4n+dmKrr0c8rTTBGOZx9FGbNUYhW5WH0qCFZsrAFhQfWuFh4igbDS6dV0CM78yYvQOWs4dsO5Pa83r8s4qnAAR3ACDlxAE26gBW3A8ABP8AKvxqPxbLwZ77PWilHO7MOfMj6+AbcbmuY=</latexit>

⇥
k,h2

⇤
<latexit sha1_base64="RDHReQA4Y03voh0w4F+AePmvh0g=">AAACCnicbZDLSsNAFIZPvNZ6i7p0M1oEF1KSIuiyoAuXFewF0hAm00k7dHJhZiKUkLUbX8WNC0Xc+gTufBsnbQRtPTDw8f/nMOf8fsKZVJb1ZSwtr6yurVc2qptb2zu75t5+R8apILRNYh6Lno8l5SyibcUUp71EUBz6nHb98VXhd++pkCyO7tQkoW6IhxELGMFKS5551PfZ0OmHWI38IBvnZz84yr1G4bmeWbPq1rTQItgl1KCslmd+9gcxSUMaKcKxlI5tJcrNsFCMcJpX+6mkCSZjPKSOxgiHVLrZ9JQcnWhlgIJY6BcpNFV/T2Q4lHIS+rqzWFTOe4X4n+ekKrh0MxYlqaIRmX0UpBypGBW5oAETlCg+0YCJYHpXREZYYKJ0elUdgj1/8iJ0GnXbqtu357XmdRlHBQ7hGE7Bhgtowg20oA0EHuAJXuDVeDSejTfjfda6ZJQzB/CnjI9vuKSa5w==</latexit><latexit sha1_base64="RDHReQA4Y03voh0w4F+AePmvh0g=">AAACCnicbZDLSsNAFIZPvNZ6i7p0M1oEF1KSIuiyoAuXFewF0hAm00k7dHJhZiKUkLUbX8WNC0Xc+gTufBsnbQRtPTDw8f/nMOf8fsKZVJb1ZSwtr6yurVc2qptb2zu75t5+R8apILRNYh6Lno8l5SyibcUUp71EUBz6nHb98VXhd++pkCyO7tQkoW6IhxELGMFKS5551PfZ0OmHWI38IBvnZz84yr1G4bmeWbPq1rTQItgl1KCslmd+9gcxSUMaKcKxlI5tJcrNsFCMcJpX+6mkCSZjPKSOxgiHVLrZ9JQcnWhlgIJY6BcpNFV/T2Q4lHIS+rqzWFTOe4X4n+ekKrh0MxYlqaIRmX0UpBypGBW5oAETlCg+0YCJYHpXREZYYKJ0elUdgj1/8iJ0GnXbqtu357XmdRlHBQ7hGE7Bhgtowg20oA0EHuAJXuDVeDSejTfjfda6ZJQzB/CnjI9vuKSa5w==</latexit><latexit sha1_base64="RDHReQA4Y03voh0w4F+AePmvh0g=">AAACCnicbZDLSsNAFIZPvNZ6i7p0M1oEF1KSIuiyoAuXFewF0hAm00k7dHJhZiKUkLUbX8WNC0Xc+gTufBsnbQRtPTDw8f/nMOf8fsKZVJb1ZSwtr6yurVc2qptb2zu75t5+R8apILRNYh6Lno8l5SyibcUUp71EUBz6nHb98VXhd++pkCyO7tQkoW6IhxELGMFKS5551PfZ0OmHWI38IBvnZz84yr1G4bmeWbPq1rTQItgl1KCslmd+9gcxSUMaKcKxlI5tJcrNsFCMcJpX+6mkCSZjPKSOxgiHVLrZ9JQcnWhlgIJY6BcpNFV/T2Q4lHIS+rqzWFTOe4X4n+ekKrh0MxYlqaIRmX0UpBypGBW5oAETlCg+0YCJYHpXREZYYKJ0elUdgj1/8iJ0GnXbqtu357XmdRlHBQ7hGE7Bhgtowg20oA0EHuAJXuDVeDSejTfjfda6ZJQzB/CnjI9vuKSa5w==</latexit><latexit sha1_base64="RDHReQA4Y03voh0w4F+AePmvh0g=">AAACCnicbZDLSsNAFIZPvNZ6i7p0M1oEF1KSIuiyoAuXFewF0hAm00k7dHJhZiKUkLUbX8WNC0Xc+gTufBsnbQRtPTDw8f/nMOf8fsKZVJb1ZSwtr6yurVc2qptb2zu75t5+R8apILRNYh6Lno8l5SyibcUUp71EUBz6nHb98VXhd++pkCyO7tQkoW6IhxELGMFKS5551PfZ0OmHWI38IBvnZz84yr1G4bmeWbPq1rTQItgl1KCslmd+9gcxSUMaKcKxlI5tJcrNsFCMcJpX+6mkCSZjPKSOxgiHVLrZ9JQcnWhlgIJY6BcpNFV/T2Q4lHIS+rqzWFTOe4X4n+ekKrh0MxYlqaIRmX0UpBypGBW5oAETlCg+0YCJYHpXREZYYKJ0elUdgj1/8iJ0GnXbqtu357XmdRlHBQ7hGE7Bhgtowg20oA0EHuAJXuDVeDSejTfjfda6ZJQzB/CnjI9vuKSa5w==</latexit>

⇥
k,hn

⇤
<latexit sha1_base64="tCACIC/N6FyAHytXJ1vkruaLxxQ=">AAACCnicbZDLSsNAFIZP6q3WW9Slm2gRXEhJRNBlQRcuK9gLJCFMppN26GQSZiZCCV278VXcuFDErU/gzrdx0kbQ1gMDH/9/DnPOH6aMSmXbX0ZlaXllda26XtvY3NreMXf3OjLJBCZtnLBE9EIkCaOctBVVjPRSQVAcMtINR1eF370nQtKE36lxSvwYDTiNKEZKS4F56IV04HoxUsMwykeT0x8cTgJeeH5g1u2GPS1rEZwS6lBWKzA/vX6Cs5hwhRmS0nXsVPk5EopiRiY1L5MkRXiEBsTVyFFMpJ9PT5lYx1rpW1Ei9OPKmqq/J3IUSzmOQ91ZLCrnvUL8z3MzFV36OeVppgjHs4+ijFkqsYpcrD4VBCs21oCwoHpXCw+RQFjp9Go6BGf+5EXonDUcu+Hcnteb12UcVTiAIzgBBy6gCTfQgjZgeIAneIFX49F4Nt6M91lrxShn9uFPGR/fFM+bIw==</latexit><latexit sha1_base64="tCACIC/N6FyAHytXJ1vkruaLxxQ=">AAACCnicbZDLSsNAFIZP6q3WW9Slm2gRXEhJRNBlQRcuK9gLJCFMppN26GQSZiZCCV278VXcuFDErU/gzrdx0kbQ1gMDH/9/DnPOH6aMSmXbX0ZlaXllda26XtvY3NreMXf3OjLJBCZtnLBE9EIkCaOctBVVjPRSQVAcMtINR1eF370nQtKE36lxSvwYDTiNKEZKS4F56IV04HoxUsMwykeT0x8cTgJeeH5g1u2GPS1rEZwS6lBWKzA/vX6Cs5hwhRmS0nXsVPk5EopiRiY1L5MkRXiEBsTVyFFMpJ9PT5lYx1rpW1Ei9OPKmqq/J3IUSzmOQ91ZLCrnvUL8z3MzFV36OeVppgjHs4+ijFkqsYpcrD4VBCs21oCwoHpXCw+RQFjp9Go6BGf+5EXonDUcu+Hcnteb12UcVTiAIzgBBy6gCTfQgjZgeIAneIFX49F4Nt6M91lrxShn9uFPGR/fFM+bIw==</latexit><latexit sha1_base64="tCACIC/N6FyAHytXJ1vkruaLxxQ=">AAACCnicbZDLSsNAFIZP6q3WW9Slm2gRXEhJRNBlQRcuK9gLJCFMppN26GQSZiZCCV278VXcuFDErU/gzrdx0kbQ1gMDH/9/DnPOH6aMSmXbX0ZlaXllda26XtvY3NreMXf3OjLJBCZtnLBE9EIkCaOctBVVjPRSQVAcMtINR1eF370nQtKE36lxSvwYDTiNKEZKS4F56IV04HoxUsMwykeT0x8cTgJeeH5g1u2GPS1rEZwS6lBWKzA/vX6Cs5hwhRmS0nXsVPk5EopiRiY1L5MkRXiEBsTVyFFMpJ9PT5lYx1rpW1Ei9OPKmqq/J3IUSzmOQ91ZLCrnvUL8z3MzFV36OeVppgjHs4+ijFkqsYpcrD4VBCs21oCwoHpXCw+RQFjp9Go6BGf+5EXonDUcu+Hcnteb12UcVTiAIzgBBy6gCTfQgjZgeIAneIFX49F4Nt6M91lrxShn9uFPGR/fFM+bIw==</latexit><latexit sha1_base64="tCACIC/N6FyAHytXJ1vkruaLxxQ=">AAACCnicbZDLSsNAFIZP6q3WW9Slm2gRXEhJRNBlQRcuK9gLJCFMppN26GQSZiZCCV278VXcuFDErU/gzrdx0kbQ1gMDH/9/DnPOH6aMSmXbX0ZlaXllda26XtvY3NreMXf3OjLJBCZtnLBE9EIkCaOctBVVjPRSQVAcMtINR1eF370nQtKE36lxSvwYDTiNKEZKS4F56IV04HoxUsMwykeT0x8cTgJeeH5g1u2GPS1rEZwS6lBWKzA/vX6Cs5hwhRmS0nXsVPk5EopiRiY1L5MkRXiEBsTVyFFMpJ9PT5lYx1rpW1Ei9OPKmqq/J3IUSzmOQ91ZLCrnvUL8z3MzFV36OeVppgjHs4+ijFkqsYpcrD4VBCs21oCwoHpXCw+RQFjp9Go6BGf+5EXonDUcu+Hcnteb12UcVTiAIzgBBy6gCTfQgjZgeIAneIFX49F4Nt6M91lrxShn9uFPGR/fFM+bIw==</latexit>

Fig. 4.5 The attention mechanism.

As shown in Fig. 4.5, the general attention mechanism takes all the inputs about to be
combined, along with a common key vector k. The concatenated vector of each input and the
key vector yields a scalar via some non-linear transform. a1, . . . , an are then passed through
a softmax layer which normalises all the weights into a valid probability mass function. For
LATTICERNN , the number of inputs varies as the number of incoming arcs are different at
each node, but the key vector must be of fixed length. One of the appropriate key vectors for
confidence scores is the first and second moments of the arc posterior probabilities of all the
merging arcs. Therefore, the concatenated input for forward merging becomes[

µei , σei , p(e
i
j|O)︸ ︷︷ ︸

kj

,
−→
h eij︸︷︷︸
hj

]
(4.19)

where µei and σei are the mean and standard deviation of the incoming arc posteriors. The
attention mechanism for backward merging is similar.
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4.2.3 Training

During the forward pass, nodes in a lattice are visited following the topological order. In
Algorithm 1, topological_sort() gives the list of nodes following topological order
on the input graph; in_arcs() and out_arcs() returns a set containing all the incoming
arcs and outgoing arcs w.r.t. to the node of interest respectively; arc_merge() is a function
described in § 4.2.2 that merges the hidden states of input arcs; and LSTM() is the LSTM
recurrence function.

Algorithm 1 LATTICERNN forward pass

1: for node n ∈ topological_sort(G) do
2: if in_arcs(n) ̸= ∅ then
3:

−→
h n = arc_merge(in_arcs(n))

4: else
5:

−→
h n = 0

6: end if

7: for e ∈ out_arcs(n) do
8:

−→
he = LSTM(

−→
h n,xe)

9: end for
10: end for

The backward pass is analogous, except the nodes are visited in the reversed topological
order.

For error backpropagation, stochastic gradient descent (SGD) is used. Similar to training a
BLSTM network by BPTT, the optimal parameters for LATTICERNN are found by backpropa-
gation through structure (BPTS) [7] where the DAG topology of lattices becomes useful since
a general recursion could be implemented on arbitrary input structures.



Chapter 5

Implementation

From data processing to network training, efficient data handling is of paramount importance.
Computationally, the data structure of the lattice must be both compact for storage and flexible
for bidirectional traversing. For supervised training, labels are needed for either the arcs on
the one-best path or all the arcs in the lattice, which proved to be non-trivial. Since each
training sample may have its individual structure, using batches or mini-batches is virtually
impossible. Furthermore, the recursive nature of the network impedes the full advantage of
GPU acceleration to be taken. This chapter reveals the implementation details that would allow
LATTICERNN to work practically and efficiently.

Python is chosen to be the main language for prototyping as it is the most compatible
language with the widely used and supported open-source deep learning libraries. PyTorch
library1 provides the core building blocks of deep learning modules for this project. One
major advantage of PyTorch over other libraries, e.g. TensorFlow, Caffe, and CNTK, is that
computation graphs are dynamic using reverse-mode auto-differentiation, which is well-suited
for models with variable input structures such as LATTICERNN .

5.1 Data Preprocessing

Data preprocessing is used as an offline stage where the pre-computation of features and
conversion of data structures are finished before being fed into the neural networks. Although
it will take some disk space to store the preprocessed data, it significantly saves computational
overhead for data processing upon loading and some global features could be obtained. Since
there are no natural training labels available for words in lattices, alignment with the ASR
reference is required.

1http://pytorch.org/

http://pytorch.org/
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5.1.1 Data Structure

The data structure is compatible with both lattices and confusion networks. Different from
lattices, confusion networks allows more than one arc between the adjacent pair of nodes. In
this project, conversion tools are implemented to convert from compressed HTK-style lattice
.lat.gz [38] and confusion network .scf.gz to a consistent and compressed NumPy format
.npz. In the converted format, the following attributes are available:

• topo_order – a list of node indices that follows a topological order;

• child_2_parent – a dictionary that maps from a node index to a dictionary, whose
key is the index of the parent node and the value is the index of the connecting edge for
lattices or a list indices of the connecting edges for confusion network. This is used for
the forward recursion;

• parent_2_child – a dictionary that maps from a node index to a dictionary, whose
key is the index of the child node and the value is the index of the connecting edge for
lattices or a list indices of the connecting edges for confusion network. This is used for
the backward recursion;

• edge_data – a matrix containing all relevant information from the source file indexed
by the edge index. For an arc in a lattice, the information includes the word, the start
time and the end time, LM and AM scores. For an arc in a confusion network, the arc
posterior probability, the start and the end time are available;

• ignore – a list of edge indices whose corresponding word is one of the following <s>,
</s>, !NULL, <hes>, which are due to be skipped during training of the network.

5.1.2 Word Embeddings

To represent the word identity, using one-hot encoding would be inefficient when the vocabu-
lary size gets large. Alternatively, word embeddings is a low-dimensional continuous space
representation mapped from one-hot encoded words [19]. In this project, fastText model [3] is
adopted to train the word embeddings in an unsupervised fashion. Building upon the skipgram
model [18], this model represents each word as a bag of character n-grams. A vector represen-
tation is associated with each character n-gram and words being represented as the sum of these
representations. FastText model allows sub-word information to be captured and consequently,
word embeddings for out-of-vocabulary words could be computed [3]. It has been shown that
the fastText model produces word vectors that achieve state-of-the-art performance on word
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similarity and analogy tasks. Operating on the sub-word level, the word embeddings by fastText
might contain implicit information such as the length of the word by adding character n-gram
representations, and pronunciation similarity due to the close relation between sub-word strings
and phonetics. FastText embeddings could be correlated to the acoustic model and could be
complementary to the word-level language model used for recognition.

5.1.3 Data Normalisation

One advantage of LATTICERNN for confidence score estimation is the use of an arbitrary
number of features with different dynamic ranges. Data whitening is employed by dividing
each dimension of the data by its standard deviation after the mean has been removed. For
numerical stability when computing the sum of squares, a two-pass algorithm is normally used.
The first step is to compute the sample mean, and then the variance is computed as the sum of
the squares of the differences from the mean. However, for a very large dataset, two passes
might be expensive. An online algorithm is used to estimate the statistics in a numerically
stable manner [30]. The recurrence relation is shown as follows.

x̄n = x̄n−1 +
xn − x̄n−1

n
(5.1)

Mn =
n∑

i=1

(x− x̄n−1)
2 = Mn−1 + (xn − x̄n−1)(xn − x̄n) (5.2)

s2n =
Mn

n− 1
(5.3)

σ2
n =

Mn

n
(5.4)

where x̄n denotes the sample mean, s2n is the sample variance, and σ2
n is the population variance.

5.1.4 Arc Tagging

Since LATTICERNN is a supervised training task for classification, words associated with each
arc in lattices and confusion networks need to be labelled to compute the loss function. There
are two approaches for arc tagging:

• Partial tagging on one-best sequences using Levenshtein distance. For any lattice or
confusion network, Viterbi algorithm could be employed to find the indices of arcs along
the one-best path. Having the one best sequences and training transcriptions for the
ASR system, the Levenshtein distance between two strings a, b could be computed as
leva,b(|a|, |b|), where leva,b(i, j) is defined as
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if min(i, j) = 0, then
leva,b(i, j) = max{i, j}

else

leva,b(i, j) = min


leva,b(i− 1, j) + 1 (deletion)

leva,b(i, j − 1) + 1 (insertion)

leva,b(i− 1, j − 1) + 1(ai ̸=bj) (substitution if ai ̸= bj)

In the one-best sequences from lattices or confusion networks, all insertions and substitu-
tions are tagged as 0 (incorrect) or 1 (correct) otherwise since no deletions will appear in
one-best sequences.

• Full tagging on all arcs using timestamp information. Since each arc is associated with a
start frame ts and an end frame te, and the reference word-level time alignment (rs, re)
for the transcription is available, it is reasonable to classify the arc if the words are
the same and there is some overlap between these two time intervals. The degree of
overlapping is defined as

η = max

{
0,
|min{re, te}| − |max{rs, ts}|
|max{re, te}| − |min{rs, ts}|

}
(5.5)

arc

reference

ts<latexit sha1_base64="grG0t/hNEhHLQS5UL60ztvomEgE=">AAAB6nicbVBNS8NAEJ3Ur1q/oh69LBbBU0lE0GNBDx4r2g9oQ9lsN+3SzSbsToQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8MJXCoOd9O6W19Y3NrfJ2ZWd3b//APTxqmSTTjDdZIhPdCanhUijeRIGSd1LNaRxK3g7HNzO//cS1EYl6xEnKg5gOlYgEo2ilB+ybvlv1at4cZJX4BalCgUbf/eoNEpbFXCGT1Jiu76UY5FSjYJJPK73M8JSyMR3yrqWKxtwE+fzUKTmzyoBEibalkMzV3xM5jY2ZxKHtjCmOzLI3E//zuhlG10EuVJohV2yxKMokwYTM/iYDoTlDObGEMi3srYSNqKYMbToVG4K//PIqaV3UfK/m319W67dFHGU4gVM4Bx+uoA530IAmMBjCM7zCmyOdF+fd+Vi0lpxi5hj+wPn8AWo6jeA=</latexit><latexit sha1_base64="grG0t/hNEhHLQS5UL60ztvomEgE=">AAAB6nicbVBNS8NAEJ3Ur1q/oh69LBbBU0lE0GNBDx4r2g9oQ9lsN+3SzSbsToQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8MJXCoOd9O6W19Y3NrfJ2ZWd3b//APTxqmSTTjDdZIhPdCanhUijeRIGSd1LNaRxK3g7HNzO//cS1EYl6xEnKg5gOlYgEo2ilB+ybvlv1at4cZJX4BalCgUbf/eoNEpbFXCGT1Jiu76UY5FSjYJJPK73M8JSyMR3yrqWKxtwE+fzUKTmzyoBEibalkMzV3xM5jY2ZxKHtjCmOzLI3E//zuhlG10EuVJohV2yxKMokwYTM/iYDoTlDObGEMi3srYSNqKYMbToVG4K//PIqaV3UfK/m319W67dFHGU4gVM4Bx+uoA530IAmMBjCM7zCmyOdF+fd+Vi0lpxi5hj+wPn8AWo6jeA=</latexit><latexit sha1_base64="grG0t/hNEhHLQS5UL60ztvomEgE=">AAAB6nicbVBNS8NAEJ3Ur1q/oh69LBbBU0lE0GNBDx4r2g9oQ9lsN+3SzSbsToQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8MJXCoOd9O6W19Y3NrfJ2ZWd3b//APTxqmSTTjDdZIhPdCanhUijeRIGSd1LNaRxK3g7HNzO//cS1EYl6xEnKg5gOlYgEo2ilB+ybvlv1at4cZJX4BalCgUbf/eoNEpbFXCGT1Jiu76UY5FSjYJJPK73M8JSyMR3yrqWKxtwE+fzUKTmzyoBEibalkMzV3xM5jY2ZxKHtjCmOzLI3E//zuhlG10EuVJohV2yxKMokwYTM/iYDoTlDObGEMi3srYSNqKYMbToVG4K//PIqaV3UfK/m319W67dFHGU4gVM4Bx+uoA530IAmMBjCM7zCmyOdF+fd+Vi0lpxi5hj+wPn8AWo6jeA=</latexit><latexit sha1_base64="grG0t/hNEhHLQS5UL60ztvomEgE=">AAAB6nicbVBNS8NAEJ3Ur1q/oh69LBbBU0lE0GNBDx4r2g9oQ9lsN+3SzSbsToQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8MJXCoOd9O6W19Y3NrfJ2ZWd3b//APTxqmSTTjDdZIhPdCanhUijeRIGSd1LNaRxK3g7HNzO//cS1EYl6xEnKg5gOlYgEo2ilB+ybvlv1at4cZJX4BalCgUbf/eoNEpbFXCGT1Jiu76UY5FSjYJJPK73M8JSyMR3yrqWKxtwE+fzUKTmzyoBEibalkMzV3xM5jY2ZxKHtjCmOzLI3E//zuhlG10EuVJohV2yxKMokwYTM/iYDoTlDObGEMi3srYSNqKYMbToVG4K//PIqaV3UfK/m319W67dFHGU4gVM4Bx+uoA530IAmMBjCM7zCmyOdF+fd+Vi0lpxi5hj+wPn8AWo6jeA=</latexit>

te<latexit sha1_base64="g7EvxxYumwFvLi7PO96h+58m6AI=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69BIvgqSQi6LGgB48V7Qe0oWy2k3bpZhN2J0Ip/QlePCji1V/kzX/jts1BWx8MPN6bYWZemEphyPO+ncLa+sbmVnG7tLO7t39QPjxqmiTTHBs8kYluh8ygFAobJEhiO9XI4lBiKxzdzPzWE2ojEvVI4xSDmA2UiARnZKUH6mGvXPGq3hzuKvFzUoEc9V75q9tPeBajIi6ZMR3fSymYME2CS5yWupnBlPERG2DHUsViNMFkfurUPbNK340SbUuRO1d/T0xYbMw4Dm1nzGholr2Z+J/XySi6DiZCpRmh4otFUSZdStzZ325faOQkx5YwroW91eVDphknm07JhuAvv7xKmhdV36v695eV2m0eRxFO4BTOwYcrqMEd1KEBHAbwDK/w5kjnxXl3PhatBSefOYY/cD5/AFUCjdI=</latexit><latexit sha1_base64="g7EvxxYumwFvLi7PO96h+58m6AI=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69BIvgqSQi6LGgB48V7Qe0oWy2k3bpZhN2J0Ip/QlePCji1V/kzX/jts1BWx8MPN6bYWZemEphyPO+ncLa+sbmVnG7tLO7t39QPjxqmiTTHBs8kYluh8ygFAobJEhiO9XI4lBiKxzdzPzWE2ojEvVI4xSDmA2UiARnZKUH6mGvXPGq3hzuKvFzUoEc9V75q9tPeBajIi6ZMR3fSymYME2CS5yWupnBlPERG2DHUsViNMFkfurUPbNK340SbUuRO1d/T0xYbMw4Dm1nzGholr2Z+J/XySi6DiZCpRmh4otFUSZdStzZ325faOQkx5YwroW91eVDphknm07JhuAvv7xKmhdV36v695eV2m0eRxFO4BTOwYcrqMEd1KEBHAbwDK/w5kjnxXl3PhatBSefOYY/cD5/AFUCjdI=</latexit><latexit sha1_base64="g7EvxxYumwFvLi7PO96h+58m6AI=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69BIvgqSQi6LGgB48V7Qe0oWy2k3bpZhN2J0Ip/QlePCji1V/kzX/jts1BWx8MPN6bYWZemEphyPO+ncLa+sbmVnG7tLO7t39QPjxqmiTTHBs8kYluh8ygFAobJEhiO9XI4lBiKxzdzPzWE2ojEvVI4xSDmA2UiARnZKUH6mGvXPGq3hzuKvFzUoEc9V75q9tPeBajIi6ZMR3fSymYME2CS5yWupnBlPERG2DHUsViNMFkfurUPbNK340SbUuRO1d/T0xYbMw4Dm1nzGholr2Z+J/XySi6DiZCpRmh4otFUSZdStzZ325faOQkx5YwroW91eVDphknm07JhuAvv7xKmhdV36v695eV2m0eRxFO4BTOwYcrqMEd1KEBHAbwDK/w5kjnxXl3PhatBSefOYY/cD5/AFUCjdI=</latexit><latexit sha1_base64="g7EvxxYumwFvLi7PO96h+58m6AI=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69BIvgqSQi6LGgB48V7Qe0oWy2k3bpZhN2J0Ip/QlePCji1V/kzX/jts1BWx8MPN6bYWZemEphyPO+ncLa+sbmVnG7tLO7t39QPjxqmiTTHBs8kYluh8ygFAobJEhiO9XI4lBiKxzdzPzWE2ojEvVI4xSDmA2UiARnZKUH6mGvXPGq3hzuKvFzUoEc9V75q9tPeBajIi6ZMR3fSymYME2CS5yWupnBlPERG2DHUsViNMFkfurUPbNK340SbUuRO1d/T0xYbMw4Dm1nzGholr2Z+J/XySi6DiZCpRmh4otFUSZdStzZ325faOQkx5YwroW91eVDphknm07JhuAvv7xKmhdV36v695eV2m0eRxFO4BTOwYcrqMEd1KEBHAbwDK/w5kjnxXl3PhatBSefOYY/cD5/AFUCjdI=</latexit>

rs<latexit sha1_base64="5XXL4scSVxiYLyZIpe7rTsiTl4U=">AAAB6nicbVBNS8NAEJ3Ur1q/oh69LBbBU0lE0GNBDx4r2g9oQ9lsN+3SzSbsToQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8MJXCoOd9O6W19Y3NrfJ2ZWd3b//APTxqmSTTjDdZIhPdCanhUijeRIGSd1LNaRxK3g7HNzO//cS1EYl6xEnKg5gOlYgEo2ilB903fbfq1bw5yCrxC1KFAo2++9UbJCyLuUImqTFd30sxyKlGwSSfVnqZ4SllYzrkXUsVjbkJ8vmpU3JmlQGJEm1LIZmrvydyGhsziUPbGVMcmWVvJv7ndTOMroNcqDRDrthiUZRJggmZ/U0GQnOGcmIJZVrYWwkbUU0Z2nQqNgR/+eVV0rqo+V7Nv7+s1m+LOMpwAqdwDj5cQR3uoAFNYDCEZ3iFN0c6L86787FoLTnFzDH8gfP5A2cujd4=</latexit><latexit sha1_base64="5XXL4scSVxiYLyZIpe7rTsiTl4U=">AAAB6nicbVBNS8NAEJ3Ur1q/oh69LBbBU0lE0GNBDx4r2g9oQ9lsN+3SzSbsToQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8MJXCoOd9O6W19Y3NrfJ2ZWd3b//APTxqmSTTjDdZIhPdCanhUijeRIGSd1LNaRxK3g7HNzO//cS1EYl6xEnKg5gOlYgEo2ilB903fbfq1bw5yCrxC1KFAo2++9UbJCyLuUImqTFd30sxyKlGwSSfVnqZ4SllYzrkXUsVjbkJ8vmpU3JmlQGJEm1LIZmrvydyGhsziUPbGVMcmWVvJv7ndTOMroNcqDRDrthiUZRJggmZ/U0GQnOGcmIJZVrYWwkbUU0Z2nQqNgR/+eVV0rqo+V7Nv7+s1m+LOMpwAqdwDj5cQR3uoAFNYDCEZ3iFN0c6L86787FoLTnFzDH8gfP5A2cujd4=</latexit><latexit sha1_base64="5XXL4scSVxiYLyZIpe7rTsiTl4U=">AAAB6nicbVBNS8NAEJ3Ur1q/oh69LBbBU0lE0GNBDx4r2g9oQ9lsN+3SzSbsToQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8MJXCoOd9O6W19Y3NrfJ2ZWd3b//APTxqmSTTjDdZIhPdCanhUijeRIGSd1LNaRxK3g7HNzO//cS1EYl6xEnKg5gOlYgEo2ilB903fbfq1bw5yCrxC1KFAo2++9UbJCyLuUImqTFd30sxyKlGwSSfVnqZ4SllYzrkXUsVjbkJ8vmpU3JmlQGJEm1LIZmrvydyGhsziUPbGVMcmWVvJv7ndTOMroNcqDRDrthiUZRJggmZ/U0GQnOGcmIJZVrYWwkbUU0Z2nQqNgR/+eVV0rqo+V7Nv7+s1m+LOMpwAqdwDj5cQR3uoAFNYDCEZ3iFN0c6L86787FoLTnFzDH8gfP5A2cujd4=</latexit><latexit sha1_base64="5XXL4scSVxiYLyZIpe7rTsiTl4U=">AAAB6nicbVBNS8NAEJ3Ur1q/oh69LBbBU0lE0GNBDx4r2g9oQ9lsN+3SzSbsToQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8MJXCoOd9O6W19Y3NrfJ2ZWd3b//APTxqmSTTjDdZIhPdCanhUijeRIGSd1LNaRxK3g7HNzO//cS1EYl6xEnKg5gOlYgEo2ilB903fbfq1bw5yCrxC1KFAo2++9UbJCyLuUImqTFd30sxyKlGwSSfVnqZ4SllYzrkXUsVjbkJ8vmpU3JmlQGJEm1LIZmrvydyGhsziUPbGVMcmWVvJv7ndTOMroNcqDRDrthiUZRJggmZ/U0GQnOGcmIJZVrYWwkbUU0Z2nQqNgR/+eVV0rqo+V7Nv7+s1m+LOMpwAqdwDj5cQR3uoAFNYDCEZ3iFN0c6L86787FoLTnFzDH8gfP5A2cujd4=</latexit>
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Fig. 5.1 An example of overlapping of two time intervals.

A threshold ηth between 0 and 1 could be set so that the arc is tagged as 1 (correct) if
η ≥ ηth and 0 otherwise.
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5.2 Training Procedure

5.2.1 Training Criterion

As in many other classification tasks using neural networks, binary cross entropy is adopted as
the loss function for LATTICERNN

L =
∑
e∈E

−y∗e log ye − (1− y∗e) log(1− ye) (5.6)

where y∗e is obtained from arc tagging in § 5.1.4. The error signals are only accumulated on the
one-best path for partial tagging, but can also be on all arcs for full tagging.

5.2.2 Parallelism

Generally, the neural network is trained using SGD algorithms and the entire dataset is seen
by the network over and over again until the loss converges. However, there are different
granularities about how much data is provided to the network before parameters being updated.
One end of the spectrum is called online learning, where the data samples are observed
sequentially and the gradients based on the single observation are computed to update the
parameters. The other extreme is called batch training where the gradient based on the entire
dataset is computed before each update. The former method provides a poor estimate of the
true gradient and results in noisy updates. In contrast, the latter approach is relatively expensive
computationally. As a compromise, mini-batch updates are generally used. The bonus of using
mini-batches is to exploit the parallel computing power of GPUs. Hundreds of samples are
passed to the network and the gradients can be computed concurrently in matrix form.

However, in the case of LATTICERNN , each sample has its unique structure in terms of the
forward/backward pass and the backpropagation process. Unlike the fully connected networks
or the convolutional neural networks whose input features share the same dimensionality,
lattices or confusion networks do not.

For neural network-based sequence models such as LSTM, input sequences of variable
lengths could be allowed by padding the all sequences in one mini-batch as the same length
as the longest one. It is true that the same idea could be applied to LATTICERNN such that
the lattices or confusion networks in a mini-batch share an identical structure. However, the
computational cost will rise dramatically. For lattices, the padding algorithm must ensure that
all samples have the same depth (length of the longest sequence) and the same breath with
identical connections at each level of depth. In the worst case, the padding could introduce
|Nmax|2 number of new arcs where Nmax is the maximum number of nodes in a lattice within
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the mini-batch. Although the computational cost for padded mini-batches is upper bounded by
the computational cost of the longest sequence for RNNs, the overall computational cost may
far exceed the individual cost of processing the most complex lattice.

To avoid complexity of padding, the online training procedure is followed. However, online
training takes too long for the model to be used practically when the dataset is large. The
speed-up offered by GPU concurrency is not significant because the data is not batched and
the model itself is recursive. Parallelising SGD on multiple CPU cores in a lock-free manner
would greatly enhance the throughput approximately by the number of cores available. This
is called the Hogwild! approach [22]. As far as the modern high-performance computing
infrastructure is concerned, occupying a few dozen CPU cores at a time is much less expensive
than taking up a handful of GPU cores.

Hogwild! training circumvents the issue of memory locking and synchronisation across
different cores that would diminish the proposition of parallelism. However, by assuming
that the optimisation problem is relatively sparse, i.e. most gradient updates only affect a
small portion of the parameters, it can be shown that asynchronous SGD without locking
could also achieve near-optimal performance. Although this allows processors to access the
shared memory with the possibility of overwriting each other’s work, the final convergence is
guaranteed. [22]



Chapter 6

Experiments

In this chapter, experiments are designed and carried out to verify the deep learning approaches
for confidence scores by comparing with the vanilla baseline by confusion network arc posteri-
ors. Although the effectiveness of confidence scores depend on its downstream applications,
two evaluation metrics are defined to compare the performance of different models. Experi-
ments on one-best sequences, confusion networks, and lattices are conducted sequentially. This
bottom-up approach in terms of system complexity and the amount of information incorporated
into the system allows us to evaluate the model progressively. Note that all numbers presented
are evaluated on the test set, unless stated otherwise.

6.1 Experimental Setup

6.1.1 Data

The practicality of confidence score lies around the applications where the recognition accu-
racies are moderate. Therefore, for the initial investigation of applying neural networks on
confidence scores, the ASR word error rate (WER) is not supposed to be too high or too low,
where the distribution of confidence scores will be skewed towards either extreme. WER, the
metric of the performance of the recogniser, is defined as follows.

WER =
substitution + deletion + insertion
substitution + deletion + correct

= 1− word accuracy (6.1)

One major downstream application of confidence scores is on low-resource languages,
where the training data is limited for the system to reach accuracies achieved for major
languages like English and Mandarin. Taking the above factors into consideration, Georgian
speech corpus from the BABEL project [6] is selected as the dataset for experimentation. The



6.1 Experimental Setup 33

recogniser operates at around 30% WER. Its reasonable size allows fast iteration for training
and debugging. Table 6.1 gives an overview of the size of the dataset and Table 6.2 shows the
corresponding ASR system performance.

training set test set

length of speech data (hours) 17.5 7.5
number of utterances (thousand) 20.6 8.7
number of words (thousand) 103.6 45.3

Table 6.1 Georgian dataset statistics.

training set test set

correct (%) 69.1 72.5
substitution (%) 24.2 21.8
deletion (%) 6.7 5.7
insertion (%) 5.4 5.3

word accuracy (%) 63.7 67.2

Table 6.2 Georgian ASR system performance.

6.1.2 Evaluation Metrics

In this project, the word confidence is estimated and the following two isolated metrics are
employed as general guidelines indicating how well the models perform.

• Normalised cross entropy (NCE) score. As the name suggested, this metric is based
on principles of information theory that measures the amount of information gained by
comparing the confidence scores obtained and a baseline where all scores equal to the
probability of a word being correct in the dataset.

NCE =
H(Y ∗)−H(Y |M)

H(Y ∗)
(6.2)

whereH(Y ∗) is the entropy of the Levenshtein distance-based labels described in § 5.1.4
andH(Y |M) is the conditional entropy of estimated confidence scores by the modelM.
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The entropy of the tagged sequence is equivalent to

H(Y ∗) = −p̄ log(p̄)− (1− p̄) log(1− p̄) (6.3)

where p̄ is the percentage of correctly recognised word. And the conditional entropy of
confidence score sequence is defined as

H(Y |M) = − 1

L

L∑
i=1

(
y∗i log(yi) + (1− y∗i ) log(1− yi)

)
(6.4)

where L is the total number of words in the dataset evaluated, y∗ are the target labels,
and y are predicted confidence scores.

If NCE is positive, then the confidence scores estimated provide some extra information
than simply using the chance of a word being correct. An increase of NCE score indicates
some improvement of performance.

• Area under curve (AUC) score. One of the curves for binary classification is the receiver
operating characteristic (ROC) curve. ROC curve is a plot of true positive rate (TPR)
against the false positive rate (FPR) at various threshold values, which illustrates the
discriminative ability of the system. TPR is also known as the probability of detection,
i.e. the proportion of words with confidence scores above the threshold that are also
tagged as correct against the reference. FPR is the same as the probability of false alarm,
i.e. the proportion of words with confidence scores below the threshold but is tagged
as correct against the reference. ROC curve visualises the trade-off between rejecting
the correct hypotheses and accepting the incorrect hypotheses. On such plots, curves
that are above the diagonal show improvement than the baseline with the probability for
all words. The goal is to push the ROC curve toward the the top-left corner, where a
threshold exists such that all classification results are the same as the reference.

6.1.3 Decision Tree Baseline

In order to compare the performance of the methods proposed to estimate the confidence scores,
a simple yet frequently used baseline is adopted – mapped word posterior probabilities [4].
Confusion network arc posterior probabilities normally overestimate the true confidence. Hence,
a piece-wise linear and monotonically increasing function, i.e. a decision tree as shown in
Fig. 6.1, is trained to map the word posteriors to appropriate confidence scores.

The NCE score increases noticeably whereas the AUC remains identical. This is as expected
since the decision tree should map the overestimated arc posteriors closer to the true confidence
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Fig. 6.1 Mapping function between arc posteriors and confidence scores.

word posteriors NCE AUC

before mapping -0.1380 0.8488
after mapping 0.2877 0.8488

Table 6.3 Decision tree mapping of posterior probabilities.

while the total order is maintained due to the monotonicity. After mapping, the ROC curve
would look exactly the same as before, but the hidden thresholds are mapped according to the
decision tree. In the remaining of this chapter, the mapped confusion network arc posterior
probabilities by a decision tree are regarded as the baseline.

6.2 Experiments

6.2.1 One-best Sequences

With the decision tree mapped confusion network posterior probabilities being the baseline for
confidence scores on Babel Georgian dataset, a BLSTM model is trained using the one-best
sequence to investigate the effect of multiple input features to such sequence model. During
training, the standard SGD with momentum is used. For a word i in the one-best sequence, the
most accessible features for include

• word identity, represented by a 50-dimensional word embedding wi using fastText model
described in § 5.1.2;

• time duration of the word ∆ti, which is a scalar;
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• mapped confusion network arc posterior probability p̃i, which is a scalar.

Therefore, the input [wi,∆ti, p̃i] has 52 dimensions. The BLSTM model has 128 hidden
units and the hidden states from both directions are concatenated. The output layer reduces
the output dimension to 1, which is followed by a sigmoid function to produce the confidence
score. The network is trained using Hogwild! SGD with momentum. The dataset is shuffled
before the start of every epoch. The initial learning rate is set to 0.15 and the momentum is 0.5.
The learning rate is reduced by half when the validation cross entropy stopped decreasing for
consecutive two epochs. To prevent over-fitting, a weight decay factor of 0.001 is applied to
the output layer. Parameter updates are clipped when the absolute values are greater than 1 to
avoid exploding gradient, which may be observed in RNNs with long sequences.

Fig. 6.2 plots the training and validation loss during training where the fluctuations are
caused by the shuffling of the dataset. In the ROC curve in Fig. 6.3, the BLSTM model
is consistently closer to the top-left corner of the plot, indicating an improved performance.
Table 6.4 compares the BLSTM with the baseline and shows improvement on both NCE score
(7.86%) and AUC score (1.19%).
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Fig. 6.2 Training plot of the BLSTM model.

NCE AUC

baseline 0.2877 0.8488
BLSTM 0.3103 0.8588

Table 6.4 BLSTM model improves confidence score estimation on one-best sequences.
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Fig. 6.3 ROC curve of confidence scores by the BLSTM model.

The improvement from the baseline to the BLSTM model is as expected. Because BLSTM
not only uses the baseline confidence score as one of its features, but also incorporates the word
representation and duration information to make predictions. To demonstrate the contribution
of each feature, an ablation study is conducted.

model feature vector NCE AUC

baseline – 0.2877 0.8488

BLSTM

[wi] 0.0608 0.6664
[∆ti] 0.0241 0.5833
[p̃i] 0.2969 0.8530

[wi,∆ti] 0.0772 0.6804
[∆ti, p̃i] 0.3012 0.8546
[wi, p̃i] 0.3068 0.8578

[wi,∆ti, p̃i] 0.3103 0.8588

Table 6.5 An ablation study of BLSTM input features.

From Table 6.5, word embedding or duration alone does not offer much information on
the word confidence. Slight gain is observed when just passing the baseline confidence scores
into the bidirectional model. This is an indication that there is some sequential information
between the word confidence in the one-best sequences, which is captured by the BLSTM
model. Table 6.5 also shows that word embedding, duration and mapped arc posteriors are
more or less complementary to each other when estimating the confidence scores. The BLSTM
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model could extract useful information from not only individual features, but a combined
representation of features. The ablation experiments could well demonstrate the powerful
modelling capability of BLSTM model without assuming independence between multiple
features. Furthermore, the model could find certain corresponding hidden representation to
extract the complementary information from multiple features.

6.2.2 From One-best Sequences to Confusion Networks

Since the BLSTM model performs well with one-best sequences that are generated from
confusion networks, it is of great interest to incorporate other information in the confusion
network under the framework of LATTICERNN . However, there are a number of differences
between one-best sequences and confusion networks. Any degradation in performance is noted
and analysed carefully.

• Data:

– The one-best sequence can be in its raw form as it is generated from the confusion
network, i.e. the sequence may include words such as <s>, </s>, <hes>,

!NULL. These words are stripped to give the final transcription.

– As described in § 6.1.3, the word posterior probabilities are originally unmapped.
They are mapped by a decision tree to compensate the overestimation as the baseline.

• Source: MLF is an HTK file format [38] containing the word transcriptions and their
corresponding time frames. CN is the originally stored confusion network format. The
main difference between the two is the timestamp information where the one in CN is
considered to be less accurate due to clustering stages upon generation.

• Label: as described in § 5.1.4, the arcs can either be labelled in the same way the distance
between two sentences is computed or be aligned using timestamp information. The
threshold for time overlapping is set to ηth = 0.1, as it minimises the difference between
labels following the Levenshtein distance and labels from the time alignment. The
discrepancies between them are detailed in Table 6.6.

Lev. = 1 Lev. = 0

time = 1 68.21% 0.25%
time = 0 0.80% 30.74%

Table 6.6 Arc tagging confusion matrix.
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data
source label

posterior LATTICERNN
sequence posterior NCE AUC NCE AUC

O1 stripped mapped MLF Lev. 0.2877 0.8488 0.3103 0.8588

O2
stripped unmapped

MLF Lev. −0.1380 0.8488 0.3020 0.8529
O3 CN Lev. −0.1407 0.8488 0.3001 0.8524
O4 CN time −0.1407 0.8488 0.2879 0.8481

O5 unstripped unmapped CN time −0.1407 0.8488 0.2922 0.8492

Table 6.7 Experimental results on one-best sequences.

Table 6.7 tabulates the experimental results on different settings of one-best sequences. All
NCE and AUC scores are calculated against the Levenshtein distance-based labels. Experiment
O1 is identical to the one described in § 6.2.1. To directly use the information from the one-best
sequences, a LATTICERNN model is trained (O2) to show that the model itself can reasonably
achieve the piece-wise linear mapping by its non-linear transform of features. When moving
from one-best sequences to confusion networks, the information contained in the confusion
network should be used instead of the one from MLF files. Experiment O3 illustrates that
the model is able to adjust the more noisy duration feature and is able to predict confidence
scores with similar accuracies. From O1 to O3, the marginal degradation in performance is
mainly caused by the unmapped arc posteriors. The degradation is not surprising considering
that the network in O2 needs to accomplish the work done by a decision tree and the feature
extraction achieved by O1. However, with fine-tuning of hyper-parameters, smarter learning rate
scheduling and more iterations, LATTICERNN in O3 is expected to be level the performance
of O1 despite discrepancies in input features.

The major restriction of Levenshtein label is that it is only available for one-best sequences.
Moving towards confusion network, it is ideal to have a tagging scheme to effectively label
all arcs in the confusion network. Experiment O4 is designed to examine the influence of
timestamp-based tagging. Although the tagging accuracy w.r.t. Levenshtein distance-based
labels is as high as 98.95%, the performance drops to the baseline level. It is arguably true
that training criterion and testing criterion are mismatched in this case, but the damage caused
by the 1% of inconsistent labels is unexpectedly large. O5 is a sanity check on the skipped
operation implementation when the LATTICERNN sees special words such as <s>, </s>,

<hes>, !NULL. Theoretically, the performance of O4 and O5 should be very close. The
little discrepancies here could be explained by the stochastic nature of the training procedure.
However, the conclusion would be more concrete if the results are the average of multiple runs
with same settings but different random seeds.
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6.2.3 Confusion Networks

Building upon the one-best sequences, LATTICERNN is able to incorporate more information
from the confusion network and try to extract rich features from both the inputs and the
special data structure. The model is expected to reach a higher level of performance when the
competing hypotheses are available as a part of the data. Following experiments have been
conducted to illustrate the impact of training labels and merging functions.

data merge label loss
posterior LATTICERNN

NCE AUC NCE AUC

O1 baseline
–

Lev.
one-best arcs

0.2877 0.8488 0.3103 0.8588
O3 one-best Lev. −0.1407 0.8488 0.3001 0.8524
O5 one-best time −0.1407 0.8488 0.2922 0.8492

C1
confnet max

Lev. one-best arcs
−0.1407 0.8488

0.3021 0.8532
C2 time one-best arcs 0.2893 0.8479
C3 time all arcs 0.2900 0.8470

C4
confnet mean

Lev. one-best arcs
−0.1407 0.8488

0.3018 0.8528
C5 time one-best arcs 0.2933 0.8498
C6 time all arcs 0.2927 0.8483

C7
confnet posterior

Lev. one-best arcs
−0.1407 0.8488

0.3034 0.8536
C8 time one-best arcs 0.2939 0.8500
C9 time all arcs 0.2914 0.8476

C10
confnet attention

Lev. one-best arcs
−0.1407 0.8488

0.3008 0.8527
C11 time one-best arcs 0.2955 0.8499
C12 time all arcs 0.2957 0.8496

Table 6.8 Experimental results on confusion networks.

This set of experiments agrees with previous findings. When transitioning from one-best
sequences to confusion networks, training on timestamp-based labels results in a serious
decrease in both NCE and AUC scores. For confusion networks trained on labels from the time
alignment, the performance of LATTICERNN is marginally better than the baseline figures,
but is still far behind the LATTICERNN model trained on the one-best sequence (O1). The
training loss of Experiment C9 against the number of epochs is plotted in Fig. 6.4. A large
gap between the average loss across all arcs and the average loss of all arcs on the one-best
path is prominent. This is another indication of the mismatch between training and evaluation
criteria. The arcs along the one-best path do not seem to be representative of all the arcs, but
they are a special set of great difficulty and a major contributor to the average loss. The same
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conclusion could also be reached by comparing training results of between C2 and C3, C5
and C6, etc. , where the final performance is virtually independent of whether the losses are
accumulated only on the one-best path or on all arcs. Therefore, the following two qualities is
strongly desired for an appropriate arc tagging scheme:

• labels should be nearly identical with Levenshtein distance-based labels on the one-best
path;

• as far as the LATTICERNN model is concerned, the one-best path should be a representa-
tive sample from all paths in the confusion network, i.e. the gap of cross entropy between
one-best arcs and all arcs should not be large.
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Fig. 6.4 Training plot of the LATTICERNN model on confusion networks.

Regarding different merging functions, the initial results demonstrate that posterior weighted
summation is the best approach. Max function and mean function are two extreme ways of
weighting, which either ignoring all other competing arcs when merging or paying too much
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attention to them. Therefore, it is expected that the posterior weighted merging outperforms
max function and mean function. The attention mechanism used in the experiment employs a
one-layer fully connected neural network with 256 hidden units to dynamically allocate weights
to different input streams. As discussed in § 4.2.2, attention mechanism is the most flexible
approach for merging. Although small gain is observed by attention mechanism from C9 to
C12, the design and training of the attention mechanism should be more carefully studied
before reaching the conclusion that the attention mechanism is a better approach.

6.3 Discussion

All the above experiments are run under the same set of framework built using PyTorch
library. It demonstrates the flexibility of the framework, which can be applied to one-best
sequences (LATTICERNN reduces to BLSTM in this case), confusion networks and even
general lattices produced by ASR systems. The experiments are conducted in a systematic
manner where each individual step moving from one-best sequences to confusion networks is
shown. Applying LATTICERNN model to sequences can improve the estimation of confidence
scores significantly. Although only three basic features are used, the model is able to extract
useful complementary information from all features. By incorporating more related features
into the input feature vector, the LATTICERNN model is expected to have a greater gain on
both NCE and AUC scores.

When the LATTICERNN model is trained on confusion networks whose arcs are labelled
according to timestamp information, some degradation in performance is observed. By recon-
structing the process of generating one-best sequences from confusion networks, intermediate
stages are analysed. Results indicate that the arc tagging approach using time alignment is
not ideal, which causes a significant drop in performance. To take full advantage of the LAT-
TICERNN model, a better arc tagging scheme should be proposed. Nevertheless, the system
and arc merging functions are shown to be working properly, with more care should be taken to
design and train the attention mechanism.



Chapter 7

Conclusions and Future Work

The problem of estimating confidence scores is investigated in this project. Previous work on
confidence measure is reviewed. Based on the working principles of the speech recogniser and
basics of deep learning, a more general and flexible framework LATTICERNN is proposed.
Implementation details are described and initial experimental results are analysed to evaluate
the performance of LATTICERNN . The project serves as a proof of concept of applying the
novel deep learning model in the context of confidence scores. More detailed investigations
and experimentations are demanded for future work. The conclusions of this work are drawn
as follows.

• Confidence score estimation is a challenging but significant task for many practical
applications. Models that could incorporate the most amount of information from the
speech recogniser without expert knowledge and hand-crafted features are desirable.

• The lattice-based approach is strongly favoured since the lattices contain the complete
information in the speech recogniser. It could offer an in-system solution for many
systems that require confidence scores if estimations could be made at the lattice level,
e.g. unsupervised acoustic model adaptation and lattice rescoring.

• The key to confidence estimation is information extraction from all available features
on structured data. Deep learning approaches are particularly useful due to the powerful
non-linear modelling capability of neural networks.

• Interpretation and analysis of deep neural networks are not straightforward. Unlike
forward-backward algorithm where the forward and backward messages are interpretable
as probability distributions, the hidden states passing through the LATTICERNN are
much less so.
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• Notices should be taken on the trade-off between complexity and efficiency. Although
modern computing facilitates the training of more complex models, the gain in perfor-
mance may not be justified given the increased complexity under certain applications.

Based on the progress of the project, possible future work is suggested as follows.

• Detailed investigation of the arc tagging approach, as the current timestamp-based tagging
may not be optimal.

• Experimentations on lattices to evaluate the performance. The lattice could be beam-
pruned or UAPS-pruned, where appropriate comparisons could be made to evaluate the
sensitivity of LATTICERNN on different inputs.

• Implementations to accelerate the training of LATTICERNN , especially on large lattices.
Parallelism on a smaller granularity is possible. BPTS could be restricted to a certain
depth as the back-propagation to root may not be worthwhile on large structures.

• Experimentations on different datasets to verify that LATTICERNN can be applied more
generally.

• Incorporation of more features that could be obtained from the decoding process. Also,
sub-word features may also be used, e.g. phone embeddings.

• Integration of LATTICERNN system to other applications, e.g. system combination,
keyword spotting and dialogue systems.
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